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Abstract

We calculate the CP-averaged branching ratios and CP-violating asymmetries of a number of two-body
charmless hadronic decays B_g — PP,PV,VV in the perturbative QCD (pQCD) approach to leading
order in ay (here P and V' denote light pseudo-scalar and vector mesons, respectively). The mixing-
induced C'P violation parameters are also calculated for these decays. We also predict the polarization
fractions of By — V'V decays and find that the transverse polarizations are enhanced in some penguin
dominated decays such as B_g — K*K*, K*p. Some of the predictions worked out here can already be
confronted with the recently available data from the CDF collaboration on the branching ratios for the
decays B_g — Ktn—, B_g — KTK~ and the CP-asymmetry in the decay B_g — K7, and are found
to be in agreement within the current errors. A large number of predictions for the branching ratios,
CP-asymmetries and vector-meson polarizations in B_g decays, presented in this paper and compared
with the already existing results in other theoretical frameworks, will be put to stringent experimental

tests in forthcoming experiments at Fermilab, LHC and Super B-factories.
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I. INTRODUCTION

There has been remarkable progress in the study of exclusive charmless ?2 — hihy and
B* — hyhy decays, where hy, hy are light pseudo-scalar and/or vector mesons. Historically, these
decays were calculated in the so-called naive factorization approach [1], which was improved by in-
cluding some perturbative QCD contributions |2, B] Currently, there are three popular theoretical
approaches to study the dynamics of these decays, which go under the name QCD factorization
(QCDF) 4], perturbative QCD (pQCD) [5], and soft-collinear effective theory (SCET) [6]. All
three are based on power expansion in 1/m;, where m, is the b-quark mass. Factorization of the
hadronic matrix elements (hih2|O;|B), where O; is typically a four-quark or a magnetic moment
type operator, is shown to exist in the leading power in 1/my, in a class of decays. In addition,
these approaches take into account some contributions in the decays B — hiho not included in
the earlier attempts B, B, B], in particular the so-called hard spectator graphs.

Despite being embedded in the A/my approach, justified by both the large mass, m, = O(5
GeV), and a large energy release in the decay, with Ej,, = mp/2, these methods differ significantly
from each other in a number of important aspects. For example, these differences pertain to
whether one takes into account the collinear degrees of freedom only as in QCDF and SCET, or
includes also the transverse momenta implemented using the Sudakov formalism, as followed in
the pQCD method. Also, in pQCD, the power counting is different from the one in QCDF, which
makes some amplitudes differ significantly in the two approaches. The other differing feature of
pQCD and QCDF is the scale at which strong interaction effects, including the Wilson coefficients,
are calculated. In pQCD, this scale is low, typically of order 1 — 2 GeV. In QCDF, typical scales
for the Wilson coefficients are taken as O(my,), following arguments based on factorization. There
also exist detailed differences between QCDF and SCET, despite the fact that dedicated studies
in the context of SCET have allowed to gain a better understanding of the QCDF framework.
These differences, though not inherent, lie in how practically the calculations are done in the two
approaches and involve issues such as the treatment of the so-called charming penguin contribu-
tions [7] to the decays B — hjhy. These are argued to be power-suppressed in QCDF, and left
as phenomenological parameters to be determined by data in SCET. Likewise, the treatment of
the hard spectator contribution in these two approaches is also different. We recall that a generic

factorization formula [§]

(h1hs| 0| BY = @p, (u) * (T (w) FP"(0) + CM (7, u) x 2P (7,0)) (1)



involves the QCD form factor F'2"(0) and an unknown, non-local form factor =8 (7 0). In
QCDF, this non-local form factor factorizes into light-cone distribution amplitudes and a jet
function J(7,w,v), when the hard-collinear scale v/myA is integrated out. This interpretation
of the hard spectator contribution was not at hand in the BBNS papers [4], but was gained
subsequently in the SCET-analysis of the form factors [9]. Amusingly, this SCET-result is not
used in the SCET-based phenomenology in B — hyhy decays, for example in the works of Bauer et
al. ﬂﬂ], where the use of perturbation theory at the scale v/m,A is avoided. Detailed comparisons
of their predictions with the data for the decays of the ?2 (and its charge conjugate) and B*-
mesons have been made in the literature. We also refer to a recent critique [§] of the underlying
theoretical assumptions in the three methods. Data from the B-factory experiments, BABAR and
BELLE, as well as the CDF collaboration at the Tevatron, do provide some discrimination among
them. With the advent of the LHC physics program, and the steadily improving experimental
precision at the existing facilities, it should be possible to disentangle the underlying dynamics in
hadronic B-decays.

The experimental program to study non-leptonic decays B% — hyhy has also started H with
first measurements for the branching ratios BY — K7~ and BY — K* K~ made available recently
by the CDF collaboration , ] at the proton-antiproton collider Tevatron. Remarkably, the
first direct CP asymmetry involving the decay B9 — K*7~ and its CP conjugate mode has also
been reported by CDF ], which is found to be large, with Acp(B? — K*n~) = (39+15+8)%.
This is in agreement with the predictions of the pQCD approach, as we also quantify in this
paper. With the ongoing B-Physics program at the Tevatron, but, in particular, with the onset
of the LHC experiments, as well as the Super B-factories being contemplated for the future,
we expect a wealth of data involving the decays of the hitherto less studied B? meson. The
charmless ?2 — hy1hy decays are important for the CP asymmetry studies and the determination
of the inner angles of the unitarity triangle, in particular v (or ¢3), which has not yet been
precisely measured. In addition, a number of charmless decays B — hihy can be related to the
?3 — hihy decays using SU(3) (or U-spin) symmetry, and hence data on these decays can be
combined to test the underlying standard model and search for physics beyond the SM under
less (dynamical) model-dependent conditions. Anticipating the experimental developments, many
studies have been devoted to the interesting charmless B9 — hihy decays. Among others, they

include detailed estimates undertaken in the naive factorization framework ! the so-called

generalized factorization approach B |, QCDF B H E |, pPQCD B and SCET B} There are



also many studies ] undertaken, parameterizing the various parts of the decay amplitudes using
distinct topologies and the flavor symmetries to relate the B9 — hihy and B_S — hyhsy decays.
Possible New Physics effects in these decays have also been explored [22].

In the applications of the pQCD approach to BY — hyhy decays, the currently available works
concentrate on specific decays. However, a comprehensive study of the decays B_s0 — hyihs, which
have been undertaken in QCDF and SCET, to the best of our knowledge, is still lacking in pQCD.
Our aim is to fill in this gap and provide a ready reference to the existing and forthcoming
experiments to compare their data with the predictions in the pQCD approach. In doing this, we
have included the current information on the CKM matrix elements, updated some input hadronic
parameters and have calculated the decay form factors in the pQCD approach. Since these form
factors have to be provided from outside in QCDF and SCET (such as by resorting to QCD
sum rules), there is already a potential source of disagreement among these approaches on this
count. However, we remark that the estimates presented here for the cases B, — PP, PV,VV
are rather similar to the corresponding ones in the existing literature on the light cone QCD sum
rules. Thus, theoretical predictions presented in this work reflect the detailed assumptions about
the dynamics endemic to pQCD, such as the effective scales which are generated by the strong
interaction aspects of the weak non-leptonic two-body decays, setting the relative strengths of
the various competing amplitudes in magnitudes and phases. As we work in the leading order
(LO) in ay, there is considerable uncertainty related to the scale-dependence, which we quantify
in the estimates of the branching ratios, CP-asymmetries and polarization fractions for the decays
considered in this paper. Likewise, parametric uncertainties in the numerical estimates of these
quantities resulting from other input parameters are worked out. Together, they quantify the
theoretical imprecision in B9 — hyhy decays at the current stage in the pQCD approach. We have
made detailed comparison of our predictions with the existing literature on the decays B_g — hyho
and in some benchmark decay widths and rate asymmetries in the corresponding B_S — hiho
decays. Whenever available, we have also compared our predictions with the data and found that
they are generally compatible with each other.

We also present numerical results for some selected ratios of the branching ratios involving
the decays B0 — KTK~, B — K*n~, B} — 7t7~ and B} — K7+, which are related by
SU(3) and U-spin symmetries. For comparison with other approaches, we also give in Table IV
the contributions of the various topologies for these decays. The ratios worked out numerically

M, Ry = M, and two more, called R3 and A, defined in Eq. (72)

are: ) = — —
! BR(B)—mtn—) BR(B)—K~—7t)



and (73), respectively, which involve the decays B_S — K~7t and BY — K*7~ and their charge
conjugates. All these ratios have been measured experimentally and the pQCD-based estimates
presented here are in agreement with the data, except possibly the ratio R; which turns out too
small. Whether this reflects an intrinsic limitation of the pQCD approach or the inadequacy of
the LO framework remains to be seen, as complete next-to-leading order (NLO) calculations of all
the relevant pieces of the B — hihy decay matrix elements are still not in place. However, there
are sound theoretical arguments why the ratios Ry, R3 and A are protected against higher order
QCD corrections, such as the charge conjugation invariance of the strong interactions (for R3 and
A), and the dominance of the decay amplitudes in the numerator and denominator in the ratio
Ry by a single decay topology. The agreement between the pQCD approach and data in these
quantities is, therefore, both non-trivial and encouraging.

This paper is organized as follows: In section II, we briefly review the pQCD approach and give
the essential input quantities that enter the pQCD approach, including the operator basis used
subsequently and the numerical values of the Wilson coefficients together with their scale depen-
dence. The wave function of the B_Q—meson, the distribution amplitudes for the light pseudo-scalar
and vector mesons and the input values of the various mesonic decay constants are also given here.
Section III contains the calculation of the BY — PP mesons, making explicit the contributions
from the so-called emission and annihilation diagrams. Numerical results for the charge-conjugated
averages of the decay branching ratios, direct CP-asymmetries, the time-dependent CP asymme-
tries Sy and the observables Hy in the time-dependent decay rates are tabulated in Tables III,
V and VI, respectively. These tables also contain detailed comparisons of our work with the cor-
responding numerical results obtained in the QCDF and SCET approaches, as well as with the
available data. Section IV contains the numerical results for the decays B9 — PV. They are
presented in Tables VII, VIII and IX for the charge-conjugated averages of the decay branching
ratios, time-integrated CP-asymmetries, the time-dependent CP asymmetries Sy and the observ-
ables Hy in the time-dependent decay rates, respectively. We also show the corresponding results
from the QCDF approach in Tables VII and VIII. Section V is devoted to a study of the decays
BY — V'V, making explicit the amplitudes for the longitudinal (L), normal (N) and transverse (T)
polarization components of the vector mesons. Numerical results for the CP-averaged branching
ratios are presented in Table X, and compared with the corresponding results from the QCDF
approach, updated recently in Ref. [18], and available data. Results for the three polarization

fractions fo, fy , fi, the relative strong phases ¢j(rad), ¢, (rad) and the CP-asymmetries are



displayed in Table XI. Appendix A contains the various functions that enter the factorization for-
mulae in the pQCD approach. Appendix B gives the analytic formulae for the B9 — PP decays
used in the numerical calculations, while the details of the formulae for the decays B9 — PV and

BY — VV are relegated to Appendix C and D, respectively.

II. THE EFFECTIVE HAMILTONIAN AND THE INPUT QUANTITIES
A. Notations and Conventions

We specify the weak effective Hamiltonian B]

Hesy = %{vv Cr)QE () + Cal Q3 ()| = VinViy [ S Cilm)Qulw) } tHe, ()

where ¢ = d, s. The functions @Q; (i =1, ...,10) are the local four-quark operators:

e current—current (tree) operators
Q1 = (Uabp)v-a(dstia)v-a, Q5 = (Uaba)v-a(qsus)v-a, (3)

e QCD penguin operators

Q3 = (Gaba)v-a Z(%%)V—A, Q4 = (qaba)v-a Z(%%)V—A, (4)
Q5 = (Gaba)v-a Z(Cflgqlg)VJrA, Q6 = (qpba)v-a Z(q;zq,ﬁ)V+Aa (5)

e clectro-weak penguin operators

3, ) 5 )
Q? = i(qaba>V—A Z] €y’ (q/ﬁq/ﬁ>V+A7 QS = §(qﬁba)V—A Z] ey (q(/:vq,/B)V-i-Au (6)
a q
3 3

QQ = 5(@(1[70()\/—14 Z eq’(q_/ﬁq/ﬁ)V—Av QIO = i(nga)v_A Z eq’(q_;q/ﬁ)\/—m (7)
q ’

q

where v and ( are the color indices and ¢’ are the active quarks at the scale my, ie. ¢ =

(u,d,s,c,b). The left handed current is defined as (¢,q3)v—a = @,7(1 — 75)q; and the right
handed current E&q’ﬁ)wf‘ = V(1 + 75)q5. The combinations a; of Wilson coefficients are

IE

aq :CQ+01/3, a3:C'3+C'4/3, a5:C'5+C'6/3, a7:C7+Cg/3, CLQICQ+010/3,

defined as usual

as =C1+Cy/3, ay =Cy+ C5/3, ag = Cs + C5/3, ag = Cs + C7/3, arp = Cio+ Cy/3.  (8)
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TABLE I: Numerical values of the combinations of Wilson coefficients defined in the text at different

scales ().

p(GeV) | 25 | 20 | 1.5 | 1.0

ay 11| 11| 1.1 | 11
az(x1072) | 1.1 | —2.8 | —8.7 |-19.4
az(x1073) | 6.2 | 7.5 | 9.7 | 144
as(x1073) |-32.0|—35.8|—41.4|—51.3
as(x1073) | =5.6 | —7.4 |—10.5|—17.6
ag(x1073) | —46.8| —54.9|—68.2| —95.6
a7(x107%) | 12.6 | 12.7 | 13.2 | 14.0
ag(x107%) | 9.6 | 10.6 | 12.2 | 15.7
ag(x107%) | —84.3|—85.4|—87.2|—91.0

ap(x1074)|-0.87| 2.3 | 7.0 | 15.5

Since we work in the leading order of perturbative QCD (O(«y)), it is consistent to use the leading
order Wilson coefficients. The scale i characterizes the typical scale for the hard scattering, and
for four different values of this scale the results of the Wilson coefficients are listed in Table [Il
It is seen that the coefficient as and the penguin operator Wilson coefficients as, as have a large
dependence on the scale which will give large uncertainties to those channels highly dependent on
them, such as the color-suppressed QCD penguin dominant processes. This situation is typical of
leading order estimates; the reduction in the scale-dependence requires the calculation of next-to-
leading order results which are beyond the theoretical accuracy to which we are working.

We consider the BY — M, M; decay. In the emission type diagrams with the spectator quark
5 from the initial state B, recombining to form the meson Mj;, we denote the emitted meson as
M, while the recoiling meson is Mj. The factorization formula is then denoted as Fp_ .. It is
convenient to define two light-like vectors: n and v. These two vectors satisfy n? = v? = 0 and
n-v = 1. The meson M> is moving along the direction of n = (1,0, 07) and Mz is on v = (0,1, 07),

we use x; to denote the momentum fraction of the anti-quark in each meson, k;; to denote the



}P2 = 22(1,0,07)

ky = (1“2%7 0, ko)

N g Py =25(0,1,0p
Pp = %(1717(%) g 8= V3 (0.1.00)
—_—

kl = ($1%,0,k1l) ]{3 = (07 ’Lg%kg,l)

FIG. 1: The notation in our calculation

transverse momentum of the anti-quark:

Mp Mp Mp
Py = 2B51.1,00), Py= 22:(1,0,07), Ps—= —2:(0,1,01),
B 7 ( r), P 7 ( r), P NG ( )
M M Mpg.
ko= (11—=,0,kp1), ko= (ta—2,0,koy ), ks = (0, 25—2=, ks, ), 9)

V2

which are shown in Figure [I

V2 V2

B. Wave Functions of the B, Meson

In order to calculate the analytic formulas of the decay amplitude, we use the light cone wave
functions @y .3 decomposed in terms of the spin structure. In general, ®,;,3 with Dirac indices
a, 3 can be decomposed into 16 independent components, 1,4, 756’ agg, (V") as, Vsap- 1f the
considered meson M is the By meson, a heavy pseudo-scalar meson, the By meson light-cone

matrix element can be decomposed as [24, [25]

/ 261 (0[5,(0)55(2)| Bs(Ps.))

= % {(PBS + Mp,)7s {¢Bs(k¢1) - ﬁ\;;]%s(kl)] }ﬁa- (10)

From the above equation, one can see that there are two Lorentz structures in the B, meson

distribution amplitudes. They obey the following normalization conditions

d*ky  fB Ak - _
[ Gamgion =30 [ Gmponte =0 .

In general, one should consider these two Lorentz structures in the calculations of By meson

decays. However, it is found that the contribution of ¢z, is numerically small @], thus its

8



contribution can be neglected. With this approximation, we only retain the first term in the

square bracket from the full Lorentz structure in Eq. (I0)

1
5_%

In the next section, we will see that the hard part is always independent of one of the k;" and/or

dp (P, + Mg, ) V508, (k1) (12)

ki, if we make the approximations shown in the next section. The B, meson wave function is
then a function of the variables k; (or k) and k7 only,

_ dk{

Then, the B, meson’s wave function in the b-space can be expressed by

7

where b is the conjugate space coordinate of the transverse momentum k= .

(I)Bs (SL’, b) = [PBSWE) + MBSV5] (st (LL’, b)v (14)

In this study, we use the model function similar to that of the B meson which is

M2 22 1
2l - ], (15)

¢, (x,b) = Ng,2*(1 — z)% exp {—

with Np, the normalization factor. In recent years, a lot of studies have been performed for the
BY and B* decays in the pQCD approach [5]. The parameter w, = 0.40 GeV has been fixed there
using the rich experimental data on the BY and B* mesons. In the SU(3) limit, this parameter
should be the same in B, decays. Considering a small SU(3) breaking, the s quark momentum
fraction here should be a little larger than that of the u or d quark in the lighter B mesons, since
the s quark is heavier than the u or d quark. The shape of the distribution amplitude is shown
in Figll for wg = 0.45 GeV, 0.5 GeV, and 0.55 GeV. It is easy to see that the larger w;, gives a
larger momentum fraction to the s quark. We will use w;, = 0.50 & 0.05 GeV in this paper for the
B, decays.

C. Distribution Amplitudes of Light Pseudo-scalar Mesons

The decay constant fp of the pseudo-scalar meson is defined by the matrix element of the axial

current:

(0lq17.7592 P(P)) = ifp D, (16)



FIG. 2: B, meson distribution amplitudes. The solid-, dashed-, and tiny-dashed- lines correspond to
wp = 0.45 GeV, 0.5 GeV, and 0.55 GeV.

TABLE II: Input values of the decay constants of the pseudo-scalar and vector mesons (in MeV) B, @]

f= Tk fp fy Jo 15 free fie fo 3
131 160 209+ 2 165+ 9 195 + 3 145 + 10 217 + 5 185 + 10 231 + 4 200 + 10

The pseudo-scalar decay constants are shown in table [ taken from the Particle Data
Group [28]. The vector meson longitudinal decay constants are extracted from the data on
T = (p, K" v, @] and the transverse decay constants are taken from QCD sum rules , @]
The input values given in table [[Il are very similar to the ones used in [16].

The light-cone distribution amplitudes are defined by the matrix elements of the non-local light-
ray operators at the light-like separation z,, with 22 = 0, and sandwiched between the vacuum and
the meson state. The two-particle light-cone distribution amplitudes of an outgoing pseudo-scalar

meson P, up to twist-3 accuracy, are defined by [31]:

(PP @) s (O)0) = —ifrP, / d26*P o), (17)
(P(P)|da(=)5a1(0)[0) = —ifpmo / dre PG (z) (18)
(PP B()0wrsn(0)0) = & fomo(Pz, — Puz) / drei*P g3 (z) (19)

where we have omitted the Wilson line connecting the two space-time points. ¢q(x), ¢L'(z) and

¢ (x) have unit normalization. Mp is the mass of the pseudo-scalar meson, mg is the chiral

2

Do . M
scale parameter which is defined using the meson mass and the quark masses as mg = —£t—:
q1 q2

10



m? = 1.4 GeV and m{ = 1.9 GeV, z is the momentum fraction associated with the quark gs.
It is easy to observe that the contribution from ¢,(z), independent of the mass, is twist-2. The
contributions from ¢f’(z) and ¢g(z), proportional to r = my/Mp_, are twist-3.

The above definitions can be collected as

T "
(P(P)|32p(2)q14(0)[0) = _% ; dze™ " [75 P (x) + moyso” (z) — moUW%szuL éx) ,
S de™* [y P (x) + vsmod” (x) + movys (s ¥ — 1)¢T(g;)}aﬁ ,

(20)
with the redefinitions of the distribution amplitudes:

fP P fP fP
6 (w) = 5 Jala), 0" (w) = 5 o 5%

and we have performed the integration by parts for the third terms and ¢”(z) = $-L¢7(z).

g (), ¢7(z) = =5 (w), (21)

In the pQCD approach, the only non-perturbative inputs are the meson decay constants and
meson light cone distribution amplitudes, and they are both channel independent. The meson
decay constants are either measured through the leptonic decays of the mesons and the semilep-
tonic decays of the 7-lepton or calculated from the measured ones using broken SU(3) symmetry.
Therefore there is not much uncertainty in them. The wave functions depend on the factorization
scale and also the factorization scheme. In principle, they should be determined by experiment.
Although there is no direct experimental measurement for the moments yet, the non-leptonic B°
and BT decays already give much information on them B, Q] Since the pQCD approach gives

very good results for these decays, especially the direct CP asymmetries in B — 77~ and

BY — K7~ decays [34], we will use the well constrained light cone distribution amplitudes of
the mesons in these papers [31] (see [32] for a summary and update of the LCDAs):
3fx
04(a) = Malt = o)1 + 044G (), (22)
P Jr 1/2
= + 0.43C, , 23
() = 2 \/6[ (®)] (23)
o1(e) = =50l + 0550 (o). 24
() = %x(l —2)[1+0.17CY2 (1) + 0.265 (1)), (25)
P fK 1/2
= +0.24C, 26
k(@) =5 \/6[ ()], (26)
ey = — 5010 + 03503 (1) (27)

2V6
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with Gegenbauer polynomials defined as:

12 (t) =t CPP(t) = 3t
(1) =132 = 1), CP(t) = (562 — 1), (28)
C32(t) = Le(5% - 3)

and t = 2z—1. In the LCDAs for ¢2(z), ¢£' () and ¢% (2), we have dropped the terms proportional
to Ci/ 23/ 2, and take into account only the first two terms in their expansion, consistently with
the rest of the LCDAs. These distribution amplitudes are very close to the previous QCD sum
rule results . In recent years, there have been continuing updates of the light cone distribution
amplitudes [35]. However, the changes in the coefficients of the Gegenbauer polynomials do not
affect our results significantly, as shown in the next section. We also point out that the default
value of the scale at which the Gegenbauer coefficients are given above is 1 GeV. However, the
scale of the perturbative calculation in the pQCD approach where these LCDAs enter is typically
2 GeV. The LCDAs can be scaled up, as the required anomalous dimensions are known. We
have done this and find that the resulting numerical differences are small. Strictly speaking, these
differences are part of the NLO corrections. With the current theoretical accuracy, they can be
absorbed in the uncertainties on the input Gegenbauer coefficients in the numerical calculations.

As for the mixing of n and 71/, we use the quark flavor basis proposed by Feldmann, Kroll and

Stech [36], i.e. these two mesons are made of nn = (au + dd)/+/2 and 3s:
n) [7n)
) - v , (29)
') 7s)

with the matrix,
cos¢ —sin¢
U@) =1 . , (30)
sin ¢ cos ¢
where the mixing angle ¢ = 39.3° & 1.0°. In principle, this mixing mechanism is equivalent to the
singlet and octet formalism, as discussed in [36], and the advantage here is that explicitly only

two decay constants are needed:

l

(Ol ysn|n.(P)) = 7
(0159 v55|ns(P)) = ifs P*. (31)

fn P

We assume that the distribution amplitudes of nn and ss are the same as the distribution

amplitudes of 7, except for the different decay constants and the chiral scale parameters. We
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use @]

fo=(1.07£0.02)f, = 139.1 £2.6 MeV, f, = (1.34£0.06)f, = 1742 £ 7.8 MeV,  (32)
as the averaged results from the experimental data. The chiral enhancement factors are chosen as

mg" =g [m? cos® ¢ +m, sin® ¢ — \/]:nfs

[m?2, cos® ¢ + m?sin® ¢ — Jn

1
2mg - " ! V2f;

There are gluonic contributions which have been investigated in B], with the result that these

(m,, 2 —m%)cosgbsingb], (33)

mg = (m2, —mp) cos ¢ sin . (34)

n

parts do not change the numerical results significantly. So, we will not consider this kind of

contribution in this work.

D. Distribution Amplitudes of Light Vector Mesons

We choose the vector meson momentum P with P? = M, which is mainly in the plus direction.
The polarization vectors ¢, satisfying P - € = 0, include one longitudinal polarization vector ey,
and two transverse polarization vectors er. Following a similar procedure as for the pseudo-scalar

mesons, we can derive the vector meson distribution amplitudes up to twist-3 [3§]:

(V(P,€e1)|d25(2)q1(0)]0) = %/0 dze™* [My ¢y ¢v(x)+ ¢, Pol () + Mvgbi}(x)}aﬁ(%)

1
(V(P,e7)]328(2)q10(0)|0) = % /0 dre™"* [My fr(v)+ ¢ Pov(z)
+Mvi€uup0757u€;ynpvo¢%/(x)]aﬁ ) (36)

for longitudinal polarization and transverse polarization, respectively. Here x is the momentum
fraction associated with the ¢, quark. We adopt the convention €"'?* = 1 for the Levi-Civita
tensor e*d,

The twist-2 distribution amplitudes for a longitudinally polarized vector meson can be param-

eterized as:

b(x) = 3—%:5(1 o) |1+ dl,0d0)] | (37)
bula) = %x(l o) [1+alc32)] | (38)
@) = a1 =) 1+ ali O + ol 30 | (30)
dolz) = B—%x(l—x) (14 al,0270)] . (40)

13



Here fi is the decay constant of the vector meson with longitudinal polarization, whose values

are shown in table [l The Gegenbauer moments have been studied extensiv@r in the literatures

|:

dlg. =0.03£0.02, a), =ah, =0.15+£0.07, ajy. =0.11£0.09, ap, = 0.18£0.08, (41)

,139], here we adopt the following values from the recent updates [29, 130,

and we use the asymptotic form ﬂﬂ]

367, 347
2/6 26

The twist-2 transversely polarized distribution amplitudes ngQhave a similar form as the lon-

|:

ajg. = 0.04£0.03, ay, = ay, = 0.1440.06, ayx. = 0.10+0.08, ay, =0.14+£0.07.  (43)

v () oy () (=) . (42)

gitudinally polarized ones in eq.(B7HAQ), with the moments

The asymptotic form of the twist-3 distribution amplitudes ¢y, and ¢{, are

v _ﬁ 2 ax:ﬁ

The above choices of vector meson distribution amplitudes can essentially explain the measured

B — K*¢, B— K*p and B — pp polarization fractions , , , ], together with the right

(). (44)

branching ratios.

E. A Brief Review of the pQCD Approach

The basic idea of the pQCD approach is that it takes into account the transverse momentum
of the valence quarks in the hadrons which results in the Sudakov factor in the decay amplitude.
As an example, taking the first diagram in Fig. [3 the emitted particle M; in the decay can be
factored out (in terms of the appropriate vacuum to M, transition matrix element) and the rest
of the amplitude can be expressed as the convolution of the wave functions ¢p,, ¢, and the hard
scattering kernel Ty, integrated over the longitudinal and the transverse momenta. Thus,

M /1 d$1dl’3/dzﬂapﬂ@?(l’l,ElT,pht)TH(Il,l’s,gw,E3T,t)¢v($3,g3%p3,t) . (45)
0 (2m)? (2m)?
It is convenient to calculate the decay amplitude in coordinate space. Through the Fourier trans-

formation, the above equation can be expressed as:
1
M OC/ dI1de’3/d251d2b3¢3($1,blap1,t)TH(IhSCg,51753,15)(?\/(%37637173775) : (46)
0
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Loop effects can, in principle, be taken into account in the above expression. In general, individual
higher order diagrams suffer from two types of infrared divergences: soft and collinear. Soft
divergence arise from the region of a loop momentum where all it’s components in the light-cone

coordinate vanish:
"= (l+> l_> fT) = (Aa Aa K) (47)

Collinear divergence originates from the gluon momentum region which is parallel to the massless

quark momentum,
= (17,07, Ip) ~ (mp, A /mp, ), (48)

In both cases, the loop integration corresponds to [ d*l/I* ~ log A, so logarithmic divergences are
generated. It has been shown order by order in perturbation theory that these divergences can be
separated from the hard perturbative kernel and absorbed into the meson wave functions using
the eikonal approximation ] . One also encounters double logarithm divergences when soft and
collinear momenta overlap. These large double logarithm can be re-summed into the Sudakov
factor and the explicit form is given in Appendix [Al

Loop corrections to the weak decay vertex also give rise to double logarithms. For example, the
first diagram in Fig. Bl gives an amplitude proportional to 1/(z2z1). In the threshold region with
r3 — 0, additional collinear divergences are associated with the internal quark. The QCD loop
corrections to the weak vertex can produce the double logarithm o In? 23 and the re-summation
of this type of double logarithms leads to the Sudakov factor S;(x3). Similarly, the re-summation
of asIn?z; due to loop corrections in the other diagram lead to the Sudakov factor S;(z1). These
double logarithm can also be factored out from the hard part and grouped into the quark jet
function E} This type of factor decreases faster than any power of z as x — 0, so it removes
the endpoint singularity. For simplicity, this factor has been parameterized in a form which is
independent of the decay channels, twist and flavors ]

Combining all the elements together, the typical factorization formula in the pQCD approach

reads as:
1
M x / dxldxg/d251d253¢3(if1,bl,pl,t)
0
XTh(xy, x3, 51> g3>t)¢M3 (3, bs, Ps, t)Si(ws) exp[—=Sp(t) — S5(1)] . (49)

The threshold Sudakov function Si(x3) and the Sudakov exponents Sg(t), So(t) and S3(t) are

given in Appendix A. Again, strictly speaking, the Sudakov improvements result from higher

15



\/\;12/ \A:Z/ M2 M2

b b, & b\%\Q / b\ g/é
% M3 g M3 E M3 % M3
(a) (b) (c) (d)

FIG. 3: The Feynman diagrams for emission contribution, with possible four-quark operator insertions

order contributions. However, they are included traditionally in the pQCD approach, though in
most applications, the perturbative function Ty (1, 3, 51, 53, t) s (T3, 53, ps,t) is calculated only

in the leading order in ay .

III. CALCULATION OF THE B, — PP DECAY AMPLITUDES IN THE PQCD AP-
PROACH

In the following we will give the general factorization formulae for B, — PP decays, and the
pQCD functions can be found in Appendix [Al We will use LL to denote the contribution from
(V—A)(V—A) operators, LR to denote the contribution from (V' —A)(V + A) operators and SP to
denote the contribution from (S — P)(S+ P) operators which result from the Fierz transformation

of the (V — A)(V + A) operators.

A. Emission Diagram

The emission diagrams are depicted in Figure[3 The first two diagrams are called factorizable.
They will give the B — M3 decay form factor, if we factor out the corresponding Wilson coefficients

Q;.
o (V—A)(V — A) operators:
1 e’}
fM2FB%SL_>M3(CLi) = 87TCFMéSfM2/ dl’ldl’g/ bldblbgdbgqbgs (l’l,bl){&i(ta)Ee(ta)
0 0

x [(1 +a3) A (s) + 1a(1 — 223) (67 (23) + ¢§(x3>>} he(z1, 3, by, bs)

+2T3¢?I,D(x3)ai(t;)Ee(t;)he(x& Ty, b3a bl)}> (50)
o (V—A)(V+ A) operators:
Fplon(a) = —Fg (i), (51)
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e (S — P)(S+ P) operators:

1 e )
szFgSI:MS(CLi) = 167TT2CFM§ESJCM2/ d$1d$3/ bldblb3db3¢Bs($1,51){ai(ta)Ee(ta)
0 0

x| @5 (x3) + 73(2 + 23) P (w3) — 7’336’3¢g(353)} he(xq, x3,b1,b3)

250 (w5)ai(t]) Bty (w3, w1, b b) }. (52)

with Cr = 4/3 and a; the corresponding Wilson coefficients for specific channels. In the above
functions, r; = mg;/mp,, where my; is the chiral scale parameter. The functions E;, the definitions
of the factorization scales t; and the hard functions h; are given in Appendix [Al

The last two diagrams in Fig[3] (¢)(d) are the non-factorizable diagrams, whose contributions

are

o (V—A)(V — A) operators:

1 0o
Méf_)%(ai) = 327TCFMéé/\/6/O‘ dlﬁldl’gdl’g/ bldblbgdbgqbgs(l'l,bl)¢§4(1’2)

0
) {1 = w2)0 (5) = rawg (6 (5) = 05 (23)) | as() EL(1)
X hn(l’l, 1— To, T3, bl, b2) + hn(l’l, To, X3, bl, bg)

x| = (2 + 2)03) (w5) + razs(0F (w5) + 05 (2)) | () EL(E) |, (5)
o (V—A)(V+ A) operators:

1 o)
MgE (@) = 327CpMp ra/V/6 /0 dzidrada; /0 bidbibadbyp, (w1, by)

o { B2, 1 = 0,0, b1, ba) | (1 = 22)03 (23) (05 (22) + 6 ()
trazs (05 (22) — 65 (22)) (95 (3) + 65 (23))
+(1 = z)rs (04 (w2) + 5 (22)) (05 (w3) — 05 (23)) ]ai(tb)Eé(tb)
~ (w1, 32,3, b1, bo) [ 2203 (2) (05 (2) — 05 (22))
+r32(¢5 (22) — 03 (22)) (05 (23) — @5 (23))
s (05 (22) + 05 (22)) (68 (2) + 0F (ws)) | ) ELE) | (54)

17



M2 M2 M2 M2
b oo b &
® &
o /T
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FIG. 4: The Feynman diagrams for annihilation contribution, with possible four-quark operator inser-

tions

e (S — P)(S + P) operators:

1 0o
M (a;) = 327TCFM§S/\/6/ d$1d932d$3/ b1dbibydbyd, (1, b1) 5 (w2)
0 0

x{ (@2 = 25 = 1)08(2s) + raws (0 (23) + 65 (25)|
Xa;(ty) EL(ty)hn (1, 1 — T2, 23, b1, bo) + a;(t,) EL(t})

x |23 (ea) + raws (6 (2a) = 05 (20)) | P (1, 22,0, br b) p. - (55)

From these formulas we can see that there are cancellations between the two diagrams of Fig[3l (c)
and (d). If the Wilson coefficients are the same, the non-factorizable contributions (proportional

to the small x;) are power suppressed compared to the factorizable emission diagram contributions

in eq.(BOHE2).

B. Annihilation type Diagrams

We group all the W annihilation and W-exchange, space-like penguin and time-like penguin
annihilation diagrams together and refer to them as the annihilation type diagrams. In FigHl the

first two diagrams are the factorizable annihilation diagrams, whose contributions are
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o (V—A)(V — A) operators:

1 [e'e)
fo.FEL (a;) = 87CrM}g_fp, /0 drodrs /0 b2db2b3db3{ai(tC)Ea(tC)

X :(LL’3 — 1)¢5 (2) 95 (3) — drarsdl (12) 0% (23)
+2rorawsdy (12) (05 (v3) — ¢3T(363))] ha(22,1 — x3,b2,b3)
o+ |2202 (22)93 () + 2r2ra(0F (22) — 0 (22))05 ()

F2rara(6F (w2) + 6] (22))6 () | (1) (1) ho(1 = 23,2,y by) }.(56)

There is a big cancellation between the two factorizable diagrams FigHla) and (b), such
that they are highly power suppressed, which agrees with the long time argument that
the annihilation contributions are negligible. Especially, if the two final state mesons are

identical, the formula of eq.(Bl) gives exactly zero.
o (V—A)(V + A) operators:

Fn(a:) = Fy(ai), (57)

e (S — P)(S+ P) operators:

1 0o
5. 50 (a;) = 16xCpMp_fs, / ddes / b2db2b3dbg{[2r2¢§(x2)¢§(x3)
0 0
+(1 — w3)rapy (2) (85 (w3) + ¢§($3))} a;(te) Ea(te)ha(w2, 1 — 23, b2,b3)
+ 2503 (22)65 (2) + om0 (22) — 0 (22))05 (as)
2t (t) By () ha(1 — 3, 9, by, bg)}. (58)

It is interesting to see that the two diagrams Figll (a) and (b) give constructive contributions
here. Furthermore, they are not power suppressed as the (V' — A)(V — A) operator contribution
in eq.(B6) (proportional to the small z;), but proportional to 2ry or 2r3. This gives the chirally
enhanced contributions in the annihilation type diagrams. The operator Og-induced space-like
penguin contributions produce a large strong phase, which is essential to explain the large direct
CP asymmetry in the B — 777~ and B® — K7~ decays [34].

The last two diagrams in Figll are the non-factorizable annihilation diagrams, whose contri-

butions are
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o (V—A)(V — A) operators:

1 0o
MEE (a;) = 32rnCp M} /V6 / dzydrydas / bydbybadbydp (1, by)
0

X {hna(xlv T2, T3, by, b) [ — 9y (22) 5 () — drarsdy (22) Py (3)
+rars(1 — 22)(By (2) + 05 (22)) (95 (23) — @5 (23))
+rorsas (5 (42) — @5 (22))(05 (x3) + ¢3T(933))} ai(ta) Ey(ta)
(1,22, 2, b1, ba) | (1= )05 ()05 ()
(1 — 3)rars(¢y (w2) + 5 (2)) (05 (x3) — @5 (23))
aarars(0F (22) — 6 (22))(6F (w5) + 0f (za) | ) EL (1) . (59)

o (V—A)(V+ A) operators:

ann

MER (M, M3, a;) = 32nCrM} /V/6 /0 1 dzydrydrs / h bydbibydbyd (1, by)
o { s, 2, 23, by, o) [ra(2 = 22) (0 (w2) + 6] (22)) 65 (22)
—rs(1+ 23)03 (22) (6% (23) — 6 (w5)) | aulta) B (1)
Ry (1, T, w3, b1, be) [raws (05 (22) + @5 (22)) ¢ (w3)
P
;

ra(s — )68 (22)(0F (w5) — oF (@) |aslt) EL(ED |, (60)

e (S — P)(S + P) operators:

1 o0
MSP (a,) = 327TCFM4 /\/6/ dIleBQdZBg/ bldblbgdeQSBs(ZL’l,bl)
0

{0 (ta) Bl () a1, 22 0,0y o) | (5 — 1) (225 ()
—Aryray (22)93 (23) + rarsws(dy (22) + 05 (22)) (¢35 (23) — @5 (x3))
rars(1 = 22)(0F (2) — 65 (22)) (65 (3) + 6} (25))]
F0a(H) By () (1, 2, 5, b, B2) [0 (1) 05 (3)
+aarar3(95 (22) + 03 (22))(05 (23) — @5 (w3)))
Frars(1 = 23) (05 (2) — 65 (22)) (85 () + 65 (23)) | }. (61)

They are all power suppressed compared to the factorizable emission diagrams.
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C. Results for B, — PP decays

First we give the numerical results in the pQCD approach for the form factors at maximal

recoil. For the form factors, we obtain:

B—m __ +0.05+0.00 B—K __ +0.06+-0.00
FO - 0'23—0.04—0.00’ FO - 0'28—0.05—0.007 (62)

Fy» =" = 02450517540, (63)

where fp = 0.1940.02 GeV, wp = 0.40 GeV (for the B* and BY mesons) and fp, = 0.23 4+ 0.02
GeV, wg, = 0.50 £+ 0.05 GeV (for the B? meson) have been used. They quantify the SU(3)-
symmetry breaking effects in the form factors in the pQCD approach. The input values for fp
and fp_ are in agreement with the unquenched lattice results m] fe =0.216 + 0.022 GeV and
fe. = 0.2594+ 0.032 GeV, and with the results from the QCD sum rules @, @] We also mention
in passing that a recent calculation of the distribution amplitudes for the pion and kaon with the
QCD sum rules [51], which includes a new logarithmic divergent term in the twist-3 distribution
amplitudes, leads to very large SU(3)-breaking effects in the form factors, calculating the form
factors in the standard pQCD approach [52]. This has also been observed in [27]. Whether this
feature also emerges in the light-cone sum rule approach is not clear to us.

For the CKM matrix elements, we adopt the updated results from B] and drop the (small)

errors on Vg4, Vs, Vis and Vj:

Vel = 0.974, [Vius] = 0.226, [Vio| = (3.687008) x 1073,
[Via| = (8.201952) x 1073, |Vi,| = 40.96 x 1073, |Vjy| = 1.0, (64)
a=(99%5,)", v = (59.0157)°, arg[—V, V] = 1.0°.

The CKM factors mostly give an overall factor to the branching ratios. However, the CKM angles
do give large uncertainties to the branching ratios of some decays and to all the non-zero CP
asymmetries. We will discuss their effects separately.

The formulas of the decay amplitudes for the various channels in terms of above topologies
are given in Appendix [Bl The CP-averaged branching ratios of By, — PP decays are listed in
Table [Tl The dominant topologies contributing to these decays are also indicated through the
symbols T' (tree), P (penguin), Prw (electroweak penguins), C' (color-suppressed tree), and ann
(annihilation). The first error in these entries arises from the input hadronic parameters, which is
dominated by the Bs-meson decay constant (taken as fp, = 0.23 £ 0.02 GeV) and the Bs; meson

wave function shape parameter ( taken as w, = 0.50 £ 0.05 GeV). The second error is from the
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TABLE III: The CP-averaged branching ratios (x107%) of B, — PP decays obtained in the pQCD

approach (This work); the errors for these entries correspond to the uncertainties in the input hadronic

quantities, from the scale-dependence, and the CKM matrix elements, respectively. We have also listed

the current experimental measurements and upper limits (90% C.L.) wherever available

|. For com-

ﬁ;ison, we also cite the theoretical estimates of the branching ratios in the QCD factorization framework

|, and in SCET

|, quoting two estimates in the latter case for some decays.

Modes Class QCDF SCET This work Exp.
B,—~K*n~ | T 10.2F 59435195107 49412413403 767357002 [5.0+0.75+£1.0
B,—K% | C | 049703010130 19108 0.76 +0.26 +0.27 £ 0.17  |0.1675:0370- 2002

0 - . 742.04+-24. 4.247.540.
B,— KtK~| P 2.7 S T o e 182+6.7+1.14£0.5 13.6755705707 244 £1.44£46
-0 0 2.5413.742.6425.6 5.04-8.340.0
B, - KK | P 24,715 oIS 2020 17.746.6+0.5+0.6 156759753100
B. — 1% | Ppw |0.075+001310-08040.00840.010 | () ()14 4 0.004 £ 0.005 & 0.004 |0.05992+0-0140.001 1000
0.016 =+ 0.0007 4 0.005 4 0.006
B, — 1% | Pgw| 0117002H00440.0100.01 | ) 096 1 0.003 4 0.002+0:95% |0.11+0:05+0.02+0.00
0.038 +0.013 + 0.01675-2%0
B, — K% | C | 0.347019+0.61+0.2140.16 0.80 +0.48 +:0.29 +0.18  |0.11+9:95+0.06+0.01
0.59 + 0.34 + 0.24 + 0.15
Bl K% | C 20005 1 TS0 S 45415404405  [0.721020+0.28+0.11
3.9+ 1.3405+0.4
B.—m | P 156115 g st ete? 71+64402+0.8 8.013 5137400 < 1500
6.4+6.340.1+0.7
B.—m | P 54.072 55248 24.0+13.6£1.442.7 21,0750 1050100
23.8+13.2+ 1.6+ 2.9
B,—nn | P 41,775 2T30-5+10.2+486.0 44.3419.7+234+17.1 14.015 2102400
49.4420.6 + 8.4+ 16.2
-0
Bl wta | ann 0,024 bR EE A - 05T < 130
B, - 7 | amn 0012 GRS G000 0 - 028 GER <210
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hard scale t, defined in Eqs. (Al) — (A8) in Appendix A, which we vary from 0.75¢ to 1.25t¢,
and from AS)C p = 0.25 £ 0.05 GeV. The scale-dependent uncertainty can be reduced only if the
next-to-leading order contributions in the pQCD approach are known. A part of this perturbative
improvement coming from the Wilson coefficients in the NLO approximation can be implemented
already. However, the complete NLO corrections to the hard spectator kernels are still missing.
The third error is the combined uncertainty in the C'K'M matrix elements and the angles of the
unitarity triangle.

For comparison, we also reproduce verbatim the corresponding numerical results evaluated in
the framework of the QCD factorization (QCDF) |16], and the ones obtained using the Soft-
Collinear-Effective-Theory (SCET) |20]. For the decays BY — PP involving an 7- and/or an n'-
meson, Ref. [20] quotes two sets of values, which differ in the input values of the SCET parameters
specific to the iso-singlet modes, describing gluonic contributions to the B — n) form factors
and the gluonic parts of the charming penguins. They are not too different from each other
except for the electroweak-penguin-dominated decay B9 — 7%’. The errors quoted in the QCDF
case correspond, respectively, to the assumed variation of the CKM parameters, variation of the
renormalization scales, quark masses, decay constants, form factors and (whenever applicable)
the 1 - 7' mixing angle (collectively called “hadronic 17), uncertainties in the expansion of the
light-cone distribution amplitudes (called “hadronic 2”), and estimates of the power corrections.
The errors shown in the case of the SCET-based results are due to the estimates of the SU(3)-
breaking, 1/my, corrections and the errors on the SCET-parameters. The last column gives the
current experimental data from the CDF collaboration ‘j, ], and the upper limits correspond
to 90% C.L.

A number of remarks on the entries in Table III is in order. We note that there is general
agreement among these methods in the tree and penguin-dominated B? — PP decays, with the
variations reflecting essentially the differences in the input quantities. This agreement is less
marked for the color-suppressed and electroweak-penguin dominated decays. For the annihilation
dominated decays, SCET has no predictions and QCDEF has essentially no predictive power as

979 which vary over more than

indicated by the estimates for the decays BY — 7*7~ and BY — 7
an order of magnitude once the parametric uncertainties are taken into account. First measure-
ments of the tree-dominated decay ?2 — K7~ and the penguin-dominated decay ?2 — KTK~
have been reported by the CDF collaboration, and are in the right ball-park of the predictions

shown in Table III. A good number of the decays shown in this Table will be measured at the LHC
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and Super B-factories, which would discriminate among the predictions of the three frameworks.

The decays B — 7, B — Kn, By — K7 and By — KK have received a lot of theoretical
interest, as they can be related by SU(3)-symmetry, a question of considerable interest is the
amount of SU(3)-breaking in various topologies (diagrams) contributing to these decays. To that
end, we present in Table IV the magnitude of the decay amplitudes (squared, in units of GeV?)
involving the distinct topologies: 7, P, £, P4 and Pgyy for the four decays modes of the BY and
B? mesons. The two decays in the upper half of this table are related by U-spin symmetry (d — s)
(likewise the two decays in the lower half). We note that the assumption of U-spin symmetry
for the (dominant) tree (7°) and penguin (P) amplitudes in the emission diagrams is quite good,
it is less so in the other topologies, including the contributions from the W-exchange diagrams,
denoted by & for which there are non-zero contributions for the flavor-diagonal states 777~ and
K™K~ only. The U-spin breaking is large in the electroweak penguin induced amplitudes Pgyy,
and in the penguin annihilation amplitudes P4 relating the decays B; — K7~ and B, — KTK~.

In the SM, however, the amplitudes Pg)y are negligibly small.

TABLE IV: Contributions from the various topologies to the decay amplitudes (squared) for the four
indicated decays B — 7tn~; KTn~ and B? — 7" K~; KTK~. Here, T is the contribution from
the color favored emission diagrams; P is the penguin contribution from the emission diagrams; & is
the contribution from the W-exchange diagrams; P4 is the contribution from the penguin annihilation
amplitudes; and Pgyy is the contribution from the electro-weak penguin induced amplitude. See text for

their definitions.

mode (GeV?)| |71 P2 £ [Pl [Pewl?

By —ntr | 08 4.8x1073 55x 1073 1.6 x 1072 0.6 x 1076
Bs—>ntK—| 10 54x1073 0 3.3x 1073 0.8 x 106

B;— Ktr=| 12 102x1073 0 2.3 %1072 2.9 x 1076
B, - KTK=| 15 113x107235x10727.3x1073 0.5x 107

The direct CP asymmetry of By — f is defined as
wr _ BRB = )~ BRBY = ) _|A(B, — P = |A(B, — ] .
P BR(BY — f)+ BR(B) — ) |A(B, — [)* +|A(B, — [)]*

The numerical results for the direct C'P asymmetries in B — PP decays are shown in Table [Vl

The first error is from the B, meson wave function parameter w, = 0.50739: GeV. As fz, is an
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overall factor, it drops out in the ratio and hence does not give any uncertainty in the estimates
of the direct CP asymmetries. The second error is from the hard scale ¢ varying from 0.75¢ to
1.25¢ (not changing 1/b;, i = 1,2,3) and A(Q5)0D = 0.25 £ 0.05 GeV. The third error is again from
the combined uncertainty in the C K'M matrix elements and the angles of the unitarity triangle.
The observed CP asymmetry A% (B9 — K*77) by the CDF collaboration is also shown in this
table, and is found to be in agreement with the pQCD predictions.

Within (large) theoretical errors, the observed CP asymmetry is also in agreement with the
SCET estimate but in stark disagreement with the QCDF prediction. This deserves a comment.
As is well-known, the decay rates and CP-asymmetries in the decays B_g — rtr~and B9 — K+~
are related by SU(3) symmetry. The predicted CP asymmetry ASL (B9 — K*77) in the QCDF
approach shown in Table V is very similar to the SU(3)-related CP asymmetry AL (B9 — 7+77).
These CP-asymmetries are small in the QCDF approach and both are consistently in disagreement
with the data, in magnitude and sign. Using SU(3)-symmetry, the CP-asymmetry A&L(BO —
K*7n~) in SCET, given in Table V| is identical to the values quoted in Ref. [20] for the CP-
asymmetry ASL(BY — 7wt77). As the dynamical hadronic quantities in the SCET framework
are fitted using the B-factory data on B — 7w and B — K [20], it is not surprising that this
phenomenological fit can account for the SU(3)-related observed CP-asymmetry in the BY decays,
such as AJL (BY — K*r~). The fitted quantities, namely the SCET-specific functions ¢, ¢;, differ
from their corresponding QCDEF analogs. But, crucially, also the contributions of the charming
penguin [7], denoted as | A..| and arg A.. in [20], which are power-suppressed in QCDF, are found
to be large using data and SCET. These differences lead to a different phenomenological profile of
the B — hyihy decays in SCET and QCDF. However, one has to stress that the charming penguin
contribution, which is not yet shown to factorize in SCET, obviously is not on the same theoretical
footing as the rest of the decay amplitudes, for which factorization is proven in the heavy quark
limit. Thus, the predictions in SCET [20] essentially reflect the parameterization of the charming
penguins from the available data.

In general, one has also to take into account the uncertainties caused by the Gegenbauer
moments. In recent years, the light cone distribution amplitudes have been continually updated

]. In order to check the sensitivity to the values on the Gegenbauer moments, we calculate the

branching ratio for B, — K7~ with the following values for the twist-2 LCDAs:

af =0.0640.03, of =0.25+0.15, (66)

25



instead of aff = 0.17 and aff = 0.2 from eq. (25) and a = 0.44 from eq. (22). Using the above

values and the asymptotic forms for the twist-3 LCDAs, we obtain
BR(B) — K*r~) = (71.2555%55%05) x 107°, (67)

where the errors are to be interpreted as before. The agreement between this result with the
corresponding number listed in Table [[II] confirms our expectation that this branching ratio is not
changed significantly. In our calculation, the parameters in the LCDAs are chosen at =1 GeV
but as they are scale-dependent quantities, their value at = 2 GeV, the typical scale which enters
the perturbative calculation in pQCD, is required. At p = 2 GeV, the values for the Gegenbauer

moments scaled from eq. (G6]) are:
al* =0.05 4 0.02, al™ =0.17 £ 0.10. (68)
Using these values, we obtain:

BR(B) — K*r7) = (6.953110:7703) x 107° . (69)

We remark that the uncertainties caused by the scale dependence of the Gegenbauer moments are

not large, compared with other uncertainties.

D. The Observables S; and H; in time-dependent decays BY(t) — f

Restricting the final state f to have definite CP-parity, the time-dependent decay width for the
Bs — f decay is [54]:

D(BYt) — f)=e "' T(Bs, — f) [cosh <%> + Hysinh (%)

—A%E cos(Amt) — S¢ sin(Amt)] : (70)

where Am = my —myg > 0, I is the average decay width, and AI' = I'y — I';, is the difference of
decay widths for the heavier and lighter BY mass eigenstates. The time dependent decay width
['(B%(t) — f) is obtained from the above expression by flipping the signs of the cos(Amt) and
sin(Amt) terms. In the B, system, we expect a much larger decay width difference (AL'/T")5,. This
is estimated within the standard model to have a value (AI'/T")p, = —0.12 £ 0.05 E], updated
recently in @] to (AI'/T) 5, = —0.147 4 0.060, while experimentally (AT'/T")p, = —0.33709) |51,
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TABLE V: The direct C'P asymmetries (in %) in the Bs — PP decays, obtained in the pQCD approach
(This work); the errors for these entries correspond to the uncertainties in the input hadronic quantities,
from the scale-dependence, and the CKM matrix elements, respectively. The only measured CP asym-
metry is also given ] For comparison, we also cite the theoretical estimates of the CP asymmetries in

the QCD factorization framework [16], and in SCET }

Modes Class QCDF SCET This work EXP
BloK+r= | T | —6.7t21t314024155 20+17+19+5 241130435423 139 4 154 8
B—Kr | ¢ |[a6HSEHsstIs0s | To+26 127417 | 59.47]5T 14132

By — K*K—| P | 400730025104 ~6E£5+6+£2 | -23.3700 00T

B, - K'K'| P | 0954350350170 <10 0

Bt \Pow) - 041383218

BY =l |Ppw| 27.87801004204217 - 206109759113

By — K% | C |468T[35TBON2N08 | sk 4621446 | 5641357051
61 4+59+12+£8

By — K% | C | -3667R575035008 | 14k TE1622 | -1000 4250
37+£8+14+4

Bl—mm | P | —1605H06+04422 1 794494927415 |—0.6102H06100

—1.14+50+3.9+1.0
Bl oy | P | 043310301404 10,04 £ 0.14 £ 0.39 £ 0.43] —1.370+0-1+0.1

27+£09+£08£76

Bl ooy | P | 21705+04402411 0.94+04+06+1.9 | 1.9T53+0-302

—3.7£1.0£12£56

—0

4 - o 4 o+0.1+1.240.1
B, —» 7w ann — - 1.27 04575 01
=0 0.0 40.14+1.240.1
B, — 7w ann — — 127,95 01

so that both S; and Hy, can be extracted from the time dependent decays of By mesons. The

definition of the various quantities in the above equation are as follows:

 2Im[A 2Re]
Sy = 1+ A2 Hy = 1+ A2 (71)

27



with )
A(Bs — f)
A(Bs — f)’
where 7y is +1(—1) for a CP-even (CP-odd) final state f and e = arg[—V,VisViV,i]. With the

A= npe* (72)

convention arg[V| = arg[V.s] = 0, the parameter can be reduced to € = arg|—V;;V};]. The results
of our calculations for the decays BY — PP are listed in Table [VI] and compared with the ones

obtained in SCET @]

E. Specific Tests of the pQCD predictions in B_g — PP and B_g] — PP Decays

In this subsection, we confront the predictions of the pQCD approach to available data in
the decay modes BY — PP and B_S — PP, in terms of the ratios of the branching ratios and
CP-asymmetries. Restricted by the currently available data, we shall confine ourselves to the
decay modes B — K*K~, BY — K*n~, BY — ntn~ and B} — K~w*. The ratio of the
BR(BO—K+ K~

— — ) has been studied at some length in the literature.
BR(BY—ntn—)

In Ry, the numerator is dominated by the penguin amplitude, but the denominator is a mixture

branching ratios defined as Ry =

of tree and penguin amplitudes, and both the numerator and denominator have been measured
experimentally. It has been argued that the ratio R; and the two C'P asymmetries Scp(BY —
ntr7) and Cop(BY — nhn™) = =A% (BY — 7nt7m7) of the BY — 777~ channel depend, in the
SU(3) limit, on only two quantities Ej] which can be determined from data and compared with
the various dynamical models to get a clear picture of two-body non-leptonic decays. However,
not invoking the SU(3) limit, this system of observables has too many unknowns and a clean test
of the dynamical models is bogged down in the details of the hadronic input. To enable getting
cleaner theoretical handles on the underlying dynamics, we calculate the ratio Ry = %,
the ratio R3 and the quantity called A, defined later in this subsection. The last two (i.e. R3 and
A) have been advocated by Lipkin [60] invoking earlier work by Gronau [59] as precision tests of
the SM.
The CDF collaboration has measured the branching ratio of B9 — K+ K~ in the form ]:

f,- BR(BY - K*K°)

— = 0.324 £ 0.019 £ 0.041. (73)
fa- BR(Bj — mtK~)
Using the results [57]
fo=(104+1.0%, fi=(39.8%1.0)%, (74)
BR(BY — 7tn7) = (5.240.2) x 107°, (75)
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TABLE VI: The mixing-induced CP asymmetries Sy (the first row of each decay channel) and the
observables H; (the second row) in the By — PP decays calculated in the pQCD approach (This work).
The errors for these entries correspond to the uncertainties in the input hadronic quantities, from the

scale-dependence, and the CKM matrix elements, respectively. Estimates of these quantities in SCET ]

are also given, quoting two of these for the decays involving an n and/or an n’-meson.

Modes

SCET Theory I

SCET Theory II

This work

—0.16£0.41+0.33 £0.17

0.80£0.27+£0.25£0.11

+0.08+0.23+0.01
_0'6170.0670.1970.03

+0.04+0.22+0.03
_0'52—0.06—0.16—0.02

0.194+0.04 £0.04 £0.01

0.979 £ 0.008 £ 0.007 £ 0.002

+0.03+0.04+0.02
0'28—0.03—0.04—0.01

+0.01+0.02+0.00
0'93—0.01—0.02—0.01

0.04

1.00

0.45£0.14 £ 0.42 £ 0.30

—0.89+0.07£0.21 £0.15

0.38+£0.20 £ 0.42 £ 0.37

—0.92£0.08+0.17£0.15

+0.04+4-0.10+0.01
O'1770.0470.1270.01

+0.00+0.01+0.00
O'9970.0170.0270.00

0.45£0.14 £ 0.42 £ 0.30

—0.89£0.07+£0.21 £0.15

0.38+£0.20 £ 0.42 £ 0.37

—0.92+£0.08+£0.17£0.15

+0.00+0.07+0.03
—0. 1770.0170.0870.05

+0.00+0.01+0.01
0'96—0.00—0.01—0.01

0.824+0.32+0.11£0.04

0.07£0.56 £ 0.17 £ 0.05

0.63 £0.61 £0.16 £ 0.08

0.49 £ 0.68 £0.21 £0.03

+0.03+0.22+0.02
_0'43—0.04—0.21—0.03

+0.04+0.13+0.01
_0'70—0.05—0.21—0.01

0.38 £ 0.08 £ 0.10 £ 0.04

—0.92£0.04 £ 0.04 £0.02

0.24 £0.09 £0.15£0.05

—0.90 £ 0.05 £ 0.05 £ 0.03

+0.01+0.06+-0.00
_0'68—0.02—0.05—0.00

+0.02+0.06+-0.00
_0'7070.0270.0770.00

—0.026 = 0.040 = 0.030 £ 0.014

0.9965 £ 0.0041 = 0.0019 £ 0.0015

—0.077 £ 0.061 £ 0.022 £ 0.026

0.9970 £ 0.0048 + 0.0017 £ 0.0021

+0.00+0.01+0.00
0'0370.0070.0170.00

+0.00+0.00+0.00
1 '0070.0070.0070.00

0.041 £ 0.004 £ 0.002 £ 0.051

0.9992 + 0.0002 £ 0.0001 £ 0.0021

0.015 £ 0.010 £ 0.008 £ 0.069

0.9996 + 0.0003 £ 0.0003 &= 0.0007

+0.00+0.00+0.00
O'0470.0070.0070.00

+0.00+0.00+0.00
1 '00—0.00—0.00—0.00

0.049 £ 0.005 £ 0.005 £ 0.031

0.9988 £ 0.0003 £ 0.0002 £+ 0.0017

0.051 £ 0.009 £ 0.017 £ 0.039

0.9980 £ 0.0007 £ 0.0009 £ 0.0041

+0.00+0.01+0.00
O'04—0.00—0.01 —0.00

+0.00+0.00+0.00
1 '00—0.00—0.00—0.00

+0.02+-0.08+0.09
0'14—0.00—0.02—0.05

+0.00+0.00+0.00
0'9970.0070.0170.01

+0.02+0.08+-0.09
0‘1470.0070.0270.05

+0.00+0.00+0.00
O'9970.0070.0170.01
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one obtains R; and Rs:
R, = 4.69+0.94, Ry =1.244+0.24. (76)

We have calculated the branching ratios for the related B_S — wtr, 7T K~ decays in the pQCD

approach, getting:

BR(By — m77) = (5.8551700705) x 107°, BR(Bj — n"K~) = (1L.6135135103) x 107°. (77)
Taking into account the correlated errors in the numerator and the denominator, we get:
Ry = 2.35%0 56 050 005, Fe = 1182011 o5 000 (78)

Adding the theoretical errors in quadrature, we get R, = 2.3573+] and Ry, = 1.18%01}. Hence, in

the pQCD approach, the ratio R; is smaller compared to the current data. This originates from
the fact that BR(Eg — 7r77) is somewhat larger in the pQCD approach compared to the data,
and BR(BY — K*K~) is smaller than the currently measured branching ratio (see Table III).
Furthermore, the value of Ry also depends on the s quark mass through the chiral scale parameter

m& = m2 /(mg+myq). If we use m& = (1.940.2) GeV, where the errors reflects the uncertainty

in the quark masses, we find that R; has an additional uncertainty R, = 2.3570%. Adding this

error with the one quoted above in quadrature yields Ry = 2.35%2%. It would be interesting to
investigate how the NLO contributions modify the ratio R; as the tree and penguin amplitudes
are expected to be renormalized differently including the O(a?) corrections, as shown in [52] in
the context of the B} — PP decays.

The ratio Ry, on the other hand, comes out just about right in pQCD, as in this ratio both
the numerator and denominator are dominated by QCD penguin amplitudes. One also expects
that this ratio is stable under O(a?) corrections, as the denominator in Ry is itself stable against
such corrections (see Table III in @]) and very similar arguments apply to the decay rate for the
numerator. The stability of the color-allowed QCD penguin amplitudes against one-loop correc-
tions to the hard spectator scattering is also borne out in the QCD factorization framework |[g].
The SU(3)-breaking effects in Ry are of the same size as the corresponding effects in the form
factors, typically £+ 30%, and this likely is the dominant theoretical uncertainty in this ratio. In
Fig. Bl we plot the ratio Ry vs. A%L(K*7~) for the LO pQCD-based calculations worked out

by us and compare them with the current data on these observables. The experimental value of

Ry has already been given earlier, and we use A%%(BY — K*t7r~) = —0.093 £ 0.015 B} We
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FIG. 5: Ry vs A%%(7K). The region inside the solid (red) box is the pQCD calculation in the LO. The

experimental results are shown as bands within their 1o errors.

recall that the direct CP asymmetry AZr (K *m~), calculated by us in the LO pQCD approach,
A% (BY — 7t K~) = —0.17700240.084001 is numerically significantly different than the earlier
estimates of the same in this approach (for example, the central value of this CP asymmetry in
LO is quoted as —0.12 in [52]). This mismatch reflects the dependence of AZ%(K*7~) on the
input quantities, in particular V,;, which have evolved in the meanwhile. Thus, with our input
values, we find good agreement with data on Ry but not so for A% (K*7~), as shown in Fig. Bl
However, taking into account the O(a?) contributions, this CP-asymmetry is renormalized while
R, remains practically the same. Taking the central values from Table IV of Ref. [52], one gets a
K-factor of 0.75 for A%%(K*7~) (the central value in NLO is —0.09 with the input values used
there). Using this K-factor, and our LO calculations, we estimate AZ%(KT7~) = —0.13 £+ 0.04 in
NLO, making it compatible with the current data. This is shown in Fig. [@ It should, however,
be pointed out for the sake of clarity that the NLO corrections in [52] are not complete, as the
hard spectator contributions in O(a?) are not all calculated. Hence a residual contribution to
A (KTn~) (and other observables) can not be logically excluded. However, our discussion here
underscores the dominant source of the uncertainty in A%%,(K*7~), which is of parametric origin.
In B_S — K~7% and BY — K*r~, the branching ratios are very different from each other due

to the differing strong and weak phases entering in the tree and penguin amplitudes. However,
E], the two relevant products of the CKM matrix elements entering in the

as shown by Gronau
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FIG. 6: R vs A% (7K). The region inside the solid (green) box is obtained by estimating A%%,(7K) in
NLO, as discussed in the text. Ry (pQCD) and the experimental results are the same as in the previous

figure.

expressions for the direct CP asymmetries in these decays are equal, and, as stressed by Lipkin @]
subsequently, the final states in these decays are charge conjugates, and the strong interactions
being charge-conjugation invariant, the direct CP asymmetry in B9 — K~ can be related to
the well-measured CP asgmetry in the decay 53 — K*7~ using U-spin symmetry. In this

led

symmetry limit, we have
|A(Bs — 7" K7)[* = |A(Bs — 7~ K*)[* = [A(By — 7" K7)[* = |A(Ba — n~ KT)%, (79)
BR(Bs — " K~) 7(Ba)

dir / +10—\ — _ Adir (D -1+ . _ .
ACp(Bs — T K™) = =Agp(Bs — 1 K7) BR(B; — ntK~) 7(B,)’ (80)

Following the suggestions in the literature, we can test these equations and search for possible
new physics effects which would likely violate these relations. To that end, one can define the

following two parameters (using Eq. (63]) for the definition of CP asymmetry):

° T JA(By — m K2 — [A(By — T K)|*

A — Adr(By — mTK™) N BR(B; — 7" K™) 7(By) (82)
- AY(B, - 71 K*t) BR(By— ntK-) 7(B)

The standard model predicts Ry = —1 and A = 0 if we assume U-spin symmetry. Since we have

a detailed dynamical theory to study the SU(3) (and U-spin) symmetry violation, we can check
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FIG. 7: R3 vs A: The red (smaller) rectangle is the pQCD estimates worked out in this paper. The

experimental results with their +10 errors are shown as the larger rectangle.
how good quantitatively this symmetry is in the ratios Rz and A. We find:
R = —LOOBREEGIR, A = —000 G000 )

The differing values of wg and wp_, which enter in the B} and B%-meson wave functions, contribute
dominantly to the first errors, whereas the current uncertainties on the C KM angle v and V;, are

reflected in the third errors given above. The scale-dependent uncertainties leading to the second

error are relatively small. Adding all the theoretical errors in quadrature, we get Rz = —1.007010

and A = —0.0015:52. Thus, we find that these quantities are quite reliably calculable, as anticipated

on theoretical grounds. On the experimental side, the results for R3 and A are ]:
R3;=—-0.84+042+0.15, A=0.044+0.11£0.08. (84)

We conclude that the SM is in good agreement with the data, as can also be seen in Fig. [7] where
we plot theoretical predictions for R3 vs. A and compare them with the current measurements of
the same. The measurements of these quantities are rather imprecise at present, a situation which

we hope will greatly improve at the LHC (and Super-B factories).
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IV. CALCULATION OF B; TO A VECTOR AND A PSEUDO-SCALAR MESON IN
THE PQCD APPROACH

A. Decay amplitudes

In the decays of By to a vector and a pseudo-scalar meson, only the longitudinal polarization
of the vector meson can contribute, thus the decay formulas are very similar to those of the
By, — PP decays. Since the Lorentz structure of the vector meson wave functions is different from
the pseudo-scalar case, there are two kinds of emission diagrams in principle. If the emitted meson
is a vector meson, the decay amplitudes are the same as that of the B, — PP case, since they
are both characterized by the B, — P transition form factors. For the non-factorizable diagrams
and also those diagrams in which a pseudo-scalar meson is emitted, the distribution amplitudes

of the pseudo-scalar meson will be replaced by that of the vector meson as follows:

¢y () = ¢a(x), 05 (x) — d5(2), @5 (x) — ¢y(w), Moz — Mo, (85)

where M, is the mass of the vector meson. The factorizable emission topology F3- , does not
contribute as the vector meson cannot be generated by the scalar or the pseudo-scalar density.
Furthermore, we must add a minus sign to ¢5(z) and ¢4(x) in the annihilation diagram formulas

Fonn and M, if the vector meson is on the light s quark side.

B. Numerical results for B, — PV decays

The branching ratios of B, — PV decays are listed in Table [VIIl The direct C'P asymmetries
of the By — PV decays are given in Table [VITII They are compared with the corresponding
calculations in the QCDF approach B}, where the sources of the errors in the numerical estimates
have the same origin as in the discussion of the B — PP decays. Comparison of the entries in
Table [VIIshows that the two approaches give similar results for the tree-dominated decays and the
QCD penguin- and electroweak-penguin dominated decays (except for those involving an 7 or 7’
in the final states), and they are radically different for the annihilation-dominated decays (the last
four entries in this table). The branching ratios for B, — pn and B, — pn’ are of the same order as
the QCDF results, but there are large differences in B, — w(¢)n and B, — p(¢)n’. In QCDF, the
branching ratios for B, — ¢n, By — ¢n' and B, — ¢7° (electro-weak penguin dominated process)

are of the same magnitude, which implies that the color-suppressed QCD-penguins have a reduced

34



value similar to the electroweak penguins. However, in the pQCD approach, the factorization scale
is low and this dynamically enhances the color-suppressed QCD penguins sizably.

Predictions for the CP-asymmetries in the two approaches given in Table [VIIT are, however, all
quite different. The zeros shown in some cases for the pQCD approach will be lifted on including
the neglected small subdominant contributions. Also, as opposed to the QCDF approach, we
are able to calculate the CP asymmetries in the annihilation-dominated topologies. The mixing-
induced C'P asymmetries (Sf)p, and the observable (Hy)p,, defined in the previous section, are
shown in Table[[Xl Currently, there is no data to confront the estimates given in Tables [VII], [VIITI
and [[X] and again we hope that this will be remedied at the LHC (and Super-B factories).

V. B; —VV DECAYS IN PQCD APPROACH

A. Decay amplitudes

There are three kinds of polarizations of a vector meson, namely longitudinal (L), normal
(N) and transverse (T). The amplitudes for a B; meson decay to two vector mesons are also
characterized by the polarization states of these vector mesons. The amplitudes A for the decay

By(Pg) — Va(Py, €3,) + V3(P, €3,) can be decomposed as follows:

. C
ngg + 11— EMVOCBPZQP?)B )

AD = 6,(0)63,(0) |a g + T

Mj M

2
B,

where My and M3 are the masses of the vector mesons V5 and V3, respectively. The definitions of

A
= Ap+ An60 =T) €50 = T) + iz, (0)ei5(0) Py Py (86)

the amplitudes A* (i = L, N, T) in terms of the Lorentz-invariant amplitudes a, b and ¢ are

* * b * *
Ap = a (L) - e3(L) + M2M3€2(L) Py ey(L)- Py,
AN = a, (87)
Ap =
Trars3

The longitudinal polarization amplitudes for the B, — V'V decays can be obtained from those

in the By — PP decays with the following replacement in the distribution amplitudes:

D) () = By (), Dhay (1) — D) (), Paa) (@) — Phs (), (88)

for the emission diagrams, while
¢124(3) (z) = da) (), ¢§(3) (z) — (—)¢§(3)(95)> Qg(g)(l") - (—)Cbg(g) (z), (89)
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TABLE VII: The CP-averaged branching ratios (x107%) of By — PV decays obtained in the pQCD
approach (This work); the errors for these entries correspond to the uncertainties in the input hadronic
quantities, from the scale-dependence, and the CKM matrix elements, respectively. For comparison, we

also cite the theoretical estimates of the branching ratios in the QCD factorization framework [16].

Modes Class QCDF This work
§2—>7T_K*+ T 8.7t§:$t§:gf?:gt8:§ 7-6t%:gi8:§t8:g
B—p Kt | T 94 5T1LILO241E4LE 1787 EF 806
By—rOK™ | ¢ | 0250 R0 | 0.07 )80 0!
By—p"K® | € | 061E0RIORN0 | 008505000008
By — Ky | C | 0265015058 00T | 070 a st
By — K | C | 028501000 | 0.0010 63005001
By — K% | C | 05150850808 | 05 0ot s
By — K*K*| P 415 500 6.071 5515705
By~ K**K~| P 5.5 56 0L 56 N Y
B - KK°| P 3.91g 4o+ LaHI0 730
B KR P x| st
Bl ao | Pow| 01z QBIORIORIOR | 010000
By — ' |Pew| OATHGEEETRBI06 | 00658801000
By — % |Pew| 02550080000 002 | 035000031000
By —wn | P.C|0.0122 000 000 08002 | 0.04 850054000
B, —wr | P,C|0.024 5000 0000012 04481501000
By—on | P | 012500000000 3.6210506-00
By—on | P | 00500008 | 019200000
B, — K% | P | 02m0@R0E0R0T | 016700000
B~ % |am ~ 0.0005 0.00475:001 70001 0:000
B. — ptr~ | amn ~ 0.003 0.2275 02008000
ES — 1tp~ | ann ~ 0.003 0. 24+8 8?8 (0](53+8 (0]?
B — 7% | ann ~ 0.003 0.23+3-95+0-95-+0.00
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TABLE VIII: The direct C' P asymmetries (in %) in the Bs — PV decays, obtained in the pQCD approach

(This work); the errors for these entries correspond to the uncertainties in the input hadronic quantities,

from the scale-dependence, and the CKM matrix elements, respectively. For comparison, we also cite the

theoretical estimates of the CP asymmetries in the QCD factorization framework [16].

Modes Class QCDF This work
By—r K | T | 0653 | —19.0732 3T
B—p K+ | T | —150iH3083 | 14273332
By—mOK | €| A THERO 00 | a7 1A 20
By—pK® | C | 2a7tTIRIA0RRsls g argirig e
B, — K | C | 40277053080 T5H00S | 512703451720
By — KO | € | —58.6H 000N |1t it
By — Ko | C | -39S0 | o2 53 R T2

By — KK P | 2200850000 36.673535
B, — K*K-| P | 3171035 | snatiitiill
B, - KK"| P LT s 05 00 0 0
B, - K'K"| P 0.225940301 07 0
B, — 1% |Pgw| 27258H8RTH20 | 133t)ite
By — % |Pow| 278TEHIIRIRG | 9.0t 0raa0d
By — % |Pew| 28.9701T103H1028 | o5 gl dearid
B, —wy |PC - —16.7735% 151107
B, —wy |PC - 7Tt
By—on | P | —SATPYEIEISEE | 1 g4p0e0040]
By—anf | P |—622 00 RIN0EIRE 78t it
B, — K% | P | —10.3t39+4703700 0
B, 7% |am — 6.07997 9503
BS —pTT ann — 4 Gi—gﬁgt%:gtg:g
BS — mTp~ | ann — ~ 135050
B, - %" | amn — LTS
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in By — PV decays obtained in

TABLE IX: The mixing-induced C'P asymmetries (Sf)p, and (Hy)p

E] E]

the pQCD approach (This work); the errors for these entries correspond to the uncertainties in the input

hadronic quantities, from the scale-dependence, and the CKM matrix elements, respectively.

Modes |Class (S¢)B, (Hf)B,
S e R T e
By — Ksw| € |=063500 03005 |-0.57 13 030 53
B — w00 | P |07 00w
Bl — o' | Pew | 0155006 6100 | 0-987 8610057660
B, — o' | Paw [-0.16508* 0195685 | 0.95885 10,0663
B, —wn | P,C|=0.02- 88002660 0.99 8610067660
By —wn | P,C|=0.1155 8001083 | 0.09750656.60000
B | P |0osEER 100t
By—on | P | 0.005G 80001060 | 100250010 605508
B — Ksp| P —0.72 —0.69
B o [ 00T 02
B, — 7" | ann |-0.1970067 60500 | 099750670 607606

FSP,Z

The factorizable emission topology contribution Fp . (i =

for the annihilation diagrams.
L, N,T) vanish due to the conservation of charge parity.

The normal and transverse polarization amplitudes for B, — V'V decays are displayed as
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follows. For the factorizable emission diagrams shown in FiglBla) and (b), the formulas are

1 [e%)
fVQFésL;A\[/S(ai) = 87TCFMést27’2/ d$1d$3/ bldblb?&db?;(st(xlubl){h’e(xlaxiivblub?))
0 0
X B (ta)ai(ta)[¢3 (x3) + 2rsef(xs) + rsws(dh(vs) — o5 (23))]

+r3[@5(3) + 85 (23)] Ee(ty,)ai(ty, ) he (s, 71, b, bl)}> (90)

1 o0
fuFsll (a;) = 167TCFMéva2T2/ difldl"?,/ bldblbgdb3¢Bs(9§1,bl){he(i)fl,if?,,bl,bs)
0 0

x [0% (w3) + 2r3h(w3) — r3ws(@y(xs) — ¢5(x3))] Eelta)ailta)

+r3[85(s) + 05 (x0)] Eu(t)ai(t)he(a. 21, b, by) | (1)
FER (ai) = FE (a0), (92)
Fplly(a) =0, (93)

with i = L, N, T.
The non-factorizable emission diagrams are shown in Figl3(c) and (d). Their contributions are

expressed in the formulas given below:

1 o)
MEEN, (a;) = 32rCpMp 12/ V6 / dxydzadas / bidbybydbyds, (1, by)
0 0

X{ [22(D5(22) + ¢5(22)) 05 (23) — 2r3(22 + 23)(P5(22) D5 (23) + ¢ (22)P5(x3))]
b (1, 2, 3, b1, bo) EL(t)a; (t,)

+(1 = 22)(d5 (22) + ¢5(22))d5 (23) EL(ty)ai(ty) h (1,1 — @, 3, by, bz)}a (94)

1 o)
My, (@) = 64nCpMy ra/ V6 / daydzadas / budbrbadbacs, (21, b1){ BL (1) (1)
0 0
x [22(@3(w2) + 05 (22)) P35 (w53) — 2r3(w2 + 3) (95 (72) 05 (w3)
+ 05 (22) 95 (3)) | hn (1, T2, 3, b1, by)

+(1 = 29) [ (22) + 05 (22)] 05 (w3) EL(te)ai(te) by (21, 1 — 29, 23, by, b2)}> (95)

Mgt (a;) = 2Mg"%, (a;)
1 [e'e)
= 647Cp M}, /V6 / dyduodus / bydbybadbsds, (1, br)
0 0

XT3130 (22) (05 (x3) — ¢5(x3))
{Eg(tg)ai(tg)hn(xl, T, T3, br, ba) + B (t0)as(ty)hn (21,1 — 29, 3, b1, bg)}, (96)
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1 e )
M, (a;) = 327CrMg V6 / drydzydas / bydbybadbyd i, (21, by )1
0 0
X {xz(ébg(fcz) — 05 (2)) 93 (w3) EL(t)ai(ty) o (01, 2, 3, by, o)
Fha(1, 1= 2,23, b1, b2) [(1 — 22) (65 (22) — d5(22)) 5 (3)

—2r3(1 — @2 + 3) (95 (22) P3(73) — ¢§($2)¢§($3))]Eé(tb)@i(tb)}a (97)

1 o)
Mgffv3(&i) = 647TCFM§S/\/6/ d!L’ldlL'le’g/ bldblbgdbgqbgs(l’l,bl)’l“g
0 0

X {xz(ébg(fcz) — 03 (2)) @3 (w3) By (t)as(t)) b (21, 22, 23, by, by)
+hn (21,1 — @, 23,01, b2)[(1 — @2) (95 (w2) — @5 (22)) b5 (3)
—2r3(1 — 12 + 23) (95 (22) P53 (w3) — ¢§(932)¢§(933))]E2(tb)@z‘(tb)}- (98)

The factorizable annihilation diagrams are shown in Figldl (a) and (b), and the normal polar-

ization contributions are:

fo.Fm™ (@) = fp.Fpn™ (ai)
= —87TCFMés fB.Tor3 /01 dxodxs /OOO b2db2b3db3{Ea(tc)ai(tc)ha(l'g, 1 — x3,b9,03))
[(2 = 3) (93 (x2) 5 (w3) + @5 (w2)d5(23)) + w3(dy(22)d5(23) + 95 (72)P5(3))]
—ha(1 = 3, 22, b3, b2)[(1 + 22) (95 (22) 95 (w3) + D5 (22)P5(x3))

—(1 = w2)(¢5(2)d5(3) + ¢§($2)¢§($3))]Ea(té)ai(t'c)}- (99)

Note, that large cancellations between the two diagrams Figll (a) and (b) take place, as a result
of which contributions from these diagrams are suppressed.

For the transverse polarization, we have

foFam (@) = —fp.Fgn” (ai)
= —167CrMp_fp,rars /0 1 draday /O N bgdbgbgdbg{[x3(¢§(x2)¢§($3) + ¢4 (2) 95 (23))
(2 — 23)(95(22) 95 (w3) + 93 (22)@5(23))] Ealte)ai(te) ha(w2, 1 — 23, b, bs)
Fha(l — 3,22, b3,b2)[(1 — 22)(95(22) P53 (x5) + P53 (x2)5(3))

— (1 + x2)(d5(22) 05 (3) + ¢§”($2)¢§($3))]Ea(t'c)ai(t’c)}- (100)

We remark that, although the cancellations in this case are not as severe as for the normal

polarization case, the dominant contributions are still power suppressed by ryrs, where ry3) =
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My 3)/Mp,. For the (S — P)(S + P) operators, we have

o Fomn (@) = 2fp,Foi™ (a;)

ann ann

1 00
= —327TCFMéSfBS / dl’gdl’g/ bgdbgbgdbg{’l“g(qbg(l'g) + QSg(l’g))QSg(l'g)
0 0

XEa(tc>ai(tc)ha(x27 1 — I3, b27 b3)

130y (12) (05 (23) — 05(23)) Ea(t)ai(t.)ha(1 — 3, 22, b, bz)}~ (101)
Again, for this case, like the B, — PP decays, no cancellations among the contributing diagrams
or power suppressions are involved. The chiral enhancement here for the transverse and normal
polarizations are essential for the explanation of the large transverse polarization fraction in the

penguin dominant B decays, such as B — K*¢ and B — K*p decays ﬂﬂ, ] For the non-

factorizable annihilation diagrams shown in Figldl (¢) and (d), we have

MLL’N(CLZ') — MSP’N(CLZ-)

ann ann

1 e )
= —647TCFM§ST27’3/\/6/ dl’ldl’gdl’g / bldbgbgdb2¢38 (Il, bl) [¢;($2)¢§($3)
0 0

+¢5(22) 5 (23)| EL (ta) ai (ta) hna (@1, T2, T3, b1, ba), (102)

MLL’T(CLZ-) _ —MSP’T(CLZ')

ann ann

1 [e'e)
= —1287TCFM§S7“27’3/\/6/ dﬂ?ld!ﬁzdiﬂg/ bidbabydbydp, (71, b1) [0 (12)P3(23)
0

0
+05(22) 35 (23)] E (ta) ai(ta) hima (21, 22, 3, by, b)) (103)

M (a;) = 2M 0N (ay)
= —647TCFMéS/\/6/ dl’ldl’gdlﬁg / bldblbgdbg¢Bs (ZL’l, bl) {h;w(l'l, T2, T3, bl, bg)
[roa (95 (w2) + 05 (22)) @3 (w3) — 73(1 — w3) 3 (w2) (D (23) — 05 (w3))] Eo(ty)ai(ty)
+ [r2(2 = 22) (95 (22) + 05 (2)) @5 (3) — 75(1 + m3) ] (w2) (D5 (23) — 95 (x3))]
X B, (ta)ai(ta)hna (21, 22, 23, b1, bz)}- (104)

These contributions are all power-suppressed as expected.

B. Numerical results for B, — V'V decays

The decay width for B, — V5V3 is given as

P
_ c T
U=car > A A (105)




where P, is the momentum of either of the two vector mesons in the final states. The sum is over

the three transversity amplitudes of the two vector mesons, defined as follows:

AO = _AL7
Aj = V2a,
AJ_ = T2I3y/ 2(/'{2 — 1)AT y (106)

with the ratio k = P - P3/(MyM;). Note that the definitions of A;(i = 0, ||, L) are consistent
with those in @], except for an additional minus sign in Ag, so that our definitions of the relative
strong phases ¢;(i =||, L) (see text below) also differ from the ones in [18] by 7. The polarization

fractions f;(i =0, ||, L) are defined as follows:

_ |Aq?
F e AETTAR AT 1o
We first give the numerical results of the form factors at maximal recoil:

VISR S 0250, AR = 030G, AP = 0107808000
VIS 02U AL <025, AT = 0T
VPSS 0ng O, A 02, AP om0y
VPR 02U, AP = 025, AP = 0160
T e e

where the first error in the above entries is due to the input hadronic parameters fp(g,), wy and
the second one is from the hard scale and Agep. The entries in the first three lines involve the
decays of the B* and BY mesons to two vector mesons, and as such are not required for the
BY — V'V decays being worked out in this paper. We list them here to see the SU(3)-breaking
effects in the form factors. Within errors, these form factors are in agreement with the ones in
the light cone QCD sum rules ﬂ&h and with the slightly different estimates of the same in ﬂﬂ]
The branching ratios of B, — V'V decays are listed in Table [Xl They are compared with the
corresponding results in the QCDF approach [18]. A comparison shows that the tree-, penguin-
and electroweak dominated decays are comparable in the two approaches, with the numerical
differences reflecting the input parameters. The color-suppressed decays, but more markedly the
annihilation-dominated decays, differ in these approaches, a feature which is well appreciated in
the literature. The experimental upper bounds on some of the decays are also listed. Except for
the decay B, — ¢¢, where an experimental measurement may be just around the corner, all other

decay modes remain essentially unexplored.
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TABLE X: The CP-averaged branching ratios in B, — V'V decays (x107%) obtained in the pQCD
approach (This work); the errors for these entries correspond to the uncertainties in the input hadronic
quantities, from the scale-dependence, and the CKM matrix elements, respectively. For comparison, we
also cite the updated theoretical estimates in the QCD factorization framework E]

. The experimental

upper limits (at 90% C.L.) are from the Particle Data Group [28§].

Channel  |Class| QCDF [18] This work Exp [28]

: 0 7¢-+0 +1.043.1 +0.09+0.1440.00
By — p°K ¢ | LoIgshis | 0335007 009 001 | <767

By —wK* | C | L2 | 03150t 06e 00
By —p K*t | T | 252013057 | 20976550
By — K K*F| P | 91433702 | 6.7 301003
By — KK | P | 91105+118 | 7 gtLo+88+00 | - 168)
By — oK™ | P | 04701505 | 06575093705 000 | < 1013
By —¢¢ | P 20870100 | 353750 0000 | 14£8
By — ptp~ | ann 03470001 10XG3T03E00

: 0,0 +0.0140.30 +0.12+40.17+0.01
Bs — p7p” | ann 1017705, 779 | 0517011 010 0.1 | < 320

3 0 +0.002-0.001+0.000
Bs — p'w ann < 0.01 0.007 ") 001--0.001—-0.000
= 40.01+0.20 +0.09+0.13+0.01

By — ww ann |0.117501 55721 0-39Z0708 007000

> 0 +0.124-0.25 +0.09+0.03+0.00
Bs — ¢p Pew 0.40Z51520704| 0-23Z0°0720'01—0.01 <617

R +0.05+-0.48 +0.09+-0.10+-0.01
B — (bw P O'10—0.03—0.12 0'16—0.05—0.04—0.00

The results for the longitudinal polarization fraction fy, parallel polarization fraction f; and per-
pendicular polarization fraction f, their relative phases ¢ = Arg(A)/Ao) and ¢, = Arg(A,/Ay)
(both in radians), and the direct CP-asymmetry in the B9 — V'V decays are displayed in Ta-
ble X1l In calculating the CP-asymmetries, we have used the definition given earlier in Eq. 63l
Again, there are no data available to confront the entries in Table [XII

Two remarks on the By, — ¢¢ decays presented above are in order.

First, By — ¢¢ is a b — s penguin dominated process. The CDF collaboration @] has
reported the decay branching fraction of this channel as (14 4 8) x 107%, but a thorough angular
analysis is still lacking. This channel is very similar to the decay B — ¢K*, which is well

measured in the experiment. In the B — ¢K* decays, the data show that the fraction of the
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left-handed polarization reaches about 50%. This result is quite different from the expectation
in the factorization assumption that the longitudinal polarization should dominate due to the
quark helicity analysis. There exist lots of theoretical attempts to solve this contradiction. To
distinguish, which one is the most appropriate scheme, we must investigate the decay By — ¢¢
and other similar channels.

In the pQCD approach, the weak annihilation diagram induced by the operator Og can enhance
the transverse polarization sizably. In Ref. @], the longitudinal fraction of B — ¢K* is about 75
%, which is much smaller than that obtained based on the factorization assumption, but still larger
than the data. Moreover, the branching fraction is overestimated. Li [64] has suggested a strategy
to solve these two problems together, by invoking a smaller value for the form factor Ag. A smaller
Ag is also consistent with the predictions in other approaches, such as the covariant light front
quark model [65]. In the pQCD approach, a smaller Ay requires smaller Gegenbauer moments of
the longitudinal polarized distribution amplitudes of the recoiling vector meson. Following this
lead, and performing a calculation using the asymptotic distribution amplitude for K*, one indeed
finds that the longitudinal polarization fraction can be reduced; Ref. ‘j] finds that this fraction
can be reduced to 59%.

Based on the above discussion, we also analyzed the B, — V'V decays adopting the asymptotic
forms of the twist-3 distribution amplitudes in the pQCD approach, while keeping the leading-
twist distribution amplitudes up to the second Gegenbauer moments, as done for the pseudo-scalar
meson case discussed earlier. In addition, we also test the sensitivity of the branching ratio of
the By — ¢¢ decay on the Gengenbauer moments of the twist-2 distribution amplitudes. The
result of the branching ratio for this channel with asymptotic twist-2 distribution amplitudes is
22.2 x 107°, which is much smaller than that for the case with higher Gegenbauer moments and
is closer to the experiment. However, we find that the polarization fractions do not change too
much using the asymptotic forms of distribution amplitudes. The reason is that the contributions
from the annihilation topology, which enhance the transverse polarization fraction, also decrease
with a decreased value of the form factor Ay. This is different from the B — ¢K* decay.

Second, it is to be noted that the longitudinal polarization of B — ¢K* and B, — ¢¢ can
be related to each other in the SU(3) limit. The discrepancy between them represents SU(3)
symmetry breaking effects, which can be reflected in the following aspects in the pQCD approach
specifically: In the first place, the shape parameter of B and B, wavefunction in the initial

state can give rise to differences in these two U-spin related process. Then, the longitudinal and
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TABLE XI: The CP-averaged polarization fractions, relative phases and direct CP asymmetries in the
By — V'V decays obtained in the pQCD approach; the errors for these entries correspond to the un-
certainties in the input hadronic quantities, from the scale-dependence, and the CKM matrix elements,

respectively.

Channel fol%) £1(%) FL(%) oj(rad) . (rad) CP (%)

>, 0 77 *0 +0.4+6. + +0.1+42. 1+ +0.24-2.340.4 +0.2+0.24+0.3 +0.3+0.34+0.4 +3.2417.14+4.4
BS —-p K 45.5 —0.3—4.3 27 6 —0.2—-3.4— 26 9—0.3—3.5—0.3 2'7—0.3—0.3—0.1 2'8—0.2—0.2—0.1 61'8—4.7—22.8—2.3

By — wK™0 {153.255575 3*?‘3’, 23-6i8:?fi:?f3’:% 231555 17 el 140110500 1451 0500 —621 5535015610
By — pm Kt 93750505505 34500507 00 29701 01 00 3:0500 00 00 315005000 —8-2505 07
By — K~ K*+43.8530 753105 301557500105 2615500007 1750500 00 L7Ees T o 93507558701
B, — K*K™ | 49.75 31558700 268736785700 235533150006 1470300100 14701708700 0
By — oK |TL2555 57100 156117105100 183515103700 14761750 00 1455176070 0
By — 66 ||61.9T35T5500 2075565 3000 174508001 0 13561 0000 13561005000 0
By — ptp” ~ 100 ~0 ~0 43Ty TonTen 470005 e —2 150 TG
Bs — p°p" ~ 100 ~0 ~0 43Ty Ton e 4750005 oo —2 1500
By — p'w ~ 100 ~0 ~0 45TgRTo e 32500000y 6.0 5580
Be — ww ~ 100 ~ 0 ~ 0 43TgRTonTen 4750005 oo —2.0500 i
Bs — ¢p° ||8T.0505505 07 68T01 050 625010 5T0n 3550070 0 35500 0 00 1015051850
By — dw 44355580107 285508155705 272105756703 3.0501 165760 30556505 00 36706153105

transverse decay constants as well as the Gegenbauer moments in the two vector mesons in the
final state can also contribute to the SU(3) symmetry breaking effects significantly. In addition,

these two decay processes also differ due to the absence of the time-like penguin annihilation in

the B — ¢K* decay.

VI. SUMMARY

With the LHC era almost upon us, where apart from the decisive searches for the Higgs boson(s)
and supersymmetry (or, alternatives thereof), also dedicated studies of the B%-meson physics (as

well as that of the heavier b-hadrons) will be carried out. First results on the decay characteristics
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of the B%-mesons are already available from the Tevatron, in particular the B? - B%-mixing induced
mass difference AM,, the branching ratios for the decays BY — K+7~, B0 — Kt K~ BY — ¢¢,
and the first direct CP asymmetry AJL(BY — K*7~). These measurements owe themselves to
the two experiments CDF and DO; they are impressive and prove that cutting-edge B physics can
also be carried out by general purpose hadron collider experiments. At the LHC, we will have a
dedicated b-physics experiment, LHCb, but also the two main general purpose detectors ATLAS
and CMS will be able to contribute handsomely to the ongoing research in b-physics. Conceivably,
also at a Super-B factory with dedicated running at the Y (5S5)-resonance, the current experimental
databank on the Bs,-meson will be greatly enlarged.

Anticipating these developments, we have presented in this work the results of a comprehensive
study of the decays B_g — hihs, where hy and hy are light (i.e., charmless) pseudo-scalar and
vector mesons. This study has been carried out in the context of the pQCD approach, taking
into account the most recent information on the CKM matrix elements and weak phases and
updating the input hadronic parameters. The decay amplitudes contain the relevant emission and
annihilation diagrams of the tree and penguin nature. Explicit formulae for all these amplitudes,
including the various pQCD-related functions, are provided in the Appendices. Numerical results
for the charge-conjugation averaged branching ratios, the direct CP asymmetries and the mixing-
induced CP-asymmetries S for the CP-eigenstates f, and the time-dependent observable H; are
presented in the form of tables. In addition, for the B® — V'V decays, we also calculate the charge-
conjugation-averaged transversity amplitudes, their relative strong phases and magnitudes. The
results for the altogether 49 BY — hjhy decays include also theoretical errors coming from the
input hadronic parameters, variation of the hard scattering scale together with the uncertainty on
Aqep, and the combined uncertainty in the CKM matrix elements and the angles of the unitarity
triangle. For the last mentioned error, we use the recently updated results from the CKMfitter [53].

Our results are compared with the available data on the decays B_Q — hyhy from the Tevatron,
and some selected B_g — hyhy decays from the B-factory experiments, updating the theoretical
calculations in the pQCD approach with our input parameters. In particular, we revisited the
well-measured direct CP asymmetry A% (B) — K*r~), working out the parametric sensitivity of
this observable, and argued that data can be accommodated in the pQCD approach by invoking
O(a?) contributions, which we estimated from the existing literature. The successful predictions
of this direct CP-asymmetry in the pQCD approach is set forth with the first observed CP-

asymmetry in the decay B9 — K*+7~. This CP-asymmetry is experimentally large and is in good
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agreement with our numerical results, within the stated errors. We have also analyzed a number
of ratios of branching ratio involving the BY — PP and B% — PP decays. They include the ratios
R, = %, Ry = %, and two more, called R3 and A, defined in Eq. (72)
and (73), respectively, which involve the decays BY — K7t and BY — K7~ and their charge
conjugates. Except for the ratio R;, for which the pQCD calculations presented here are on the
lower side of the data (within large errors), the others are well accounted for. We also compare
our results with the corresponding ones in the QCDF and SCET approaches. What concerns the
branching ratios, we find reasonable agreement for some topological amplitudes, but also major
disagreement, in particular for those decays which are dominated by the color-suppressed tree and
annihilation amplitudes. There are striking differences in the CP asymmetries, in particular with
the QCDF-based estimates, which will be precisely tested in the future.

Experimental precision on By decays will improve enormously in the coming years, thanks to
dedicated experiments at the Tevatron and LHC. Many of the decay rates and CP asymmetries
worked out here will be put to experimental scrutiny. They can be combined with the B-factory
data on the corresponding B — PP, PV, VV decays, eliminating some of the large parametric
uncertainties in theoretically well-motivated ratios to test the SM precisely in exclusive hadronic
decays. In principle, theoretical predictions presented here can be systematically improved by

including higher order perturbative corrections (in ;) and sub-leading power corrections in 1/my,.
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APPENDIX A: PQCD FUNCTIONS

In this section, we group the functions which appear in the factorization formulae.

The hard scales are chosen as

to = max{\/r3Mp,, 1/b1,1/bs}, (A1)
¢ = max{ /T M., 1/b1,1/by) (A2)
ty = max{y/@z3Mp,, /[l — 21 — xo|wsMp,, 1/b1,1/bo}, (A3)
t) = max{y/z1z3Mp., /|o1 — wa|wsMp,, 1/b1,1/bs}, (Ad)
(A5)
(AG)
(A7)
(A8)

t. = max{\/1 — x3Mp,,1/by, 1/b3},

! = max{\/TaMp,,1/by, 1/b3},

tg = max{\/mj\/fgs, \/1 — (1 =2y — z9)z3Mp,,1/b1,1/bs},
ty = max{y/zao(1 — 23)Mp,, /|11 — 22|(1 — 23) Mp,, 1/b1, 1/bs}.

The functions h in the decay amplitudes consist of two parts: one is the jet function S(x;)
derived by the threshold re-summation ], the other is the propagator of virtual quark and gluon.
They are defined by

he(z1,@3,b1,b3) = [0(by — bs)Io(v/23Mp,bs) Ko(v/x3Mp,by) (A9)
+0(bs — b1) Io(Vx3Mp,b1) Ko (V23 Mp,bs)| Ko(y/a1wsMp,bi)Sy(xs),
ho (21, X9, x3,b1,02) = [0(ba — b1) Ko(\/T123Mp,b2) Io(\/T123Mp b1)
+0(by — b2) Ko(y/x123Mp,b1) Io(\/T123Mp,bs)]

%HO(I)( (ZL’Q — Il)l’gMBsbg), T — Ty < 0

Ko(\/ (Il — l’g)IgMBsbg), Tr1 — Loy > 0 ’

(A10)
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i

ha(ws, 23,b2,b3) = (5 )2y (23) [9(52 — b3) H" (v/T3Mp,bo) Jo (/T3 Mp, bs)
+6(bs — by) H} <WMBéb3>Jo<WMBsz>] O (\/Fa5Mp, ba) A1)
Pra(1, 2, 3,01, b2) = 2 [9 (b — bo) H (Vs (1 — a3) Mp,by) Jo(v/T2 (1 — 23) Mg, by)
+0(b2 — b1) Ho (V@2 (1 — 3) Mp,bo) Jo (/22 (1 — 3) Mp,b1) ]
><K0 (V1= (1 — a1 — 29)x3Mp,by), (A12)
P (%1, 2, 3,01, b) = 2 [9 (b — bo) H (/22(1 — w3) M, by) Jo (/22 (1 — 3) M, o)
+0(by — b1)H mMBsbz ) Jo(v/ 22 (1 — 23) Mp by) }

o %Hél)(\/(l’g — l’l)(l — l’g)MBsbl), T — X9 <0 (A13)
Ko(v/(z1 = 22)(1 — 23)Mp,b1), a1 —22>0

where H{" (2) = Jo(2) + i Yo(2).
The S, re-sums the threshold logarithms In® z appearing in the hard kernels to all orders and
it has been parameterized as

) = 2TTB/240)

1—2x)]° Al4
i o) (A14)
with ¢ = 0.4. In the nonfactorizable contributions, S;(x) gives a very small numerical effect to the
amplitude ] Therefore, we drop St( ) in A, and hy,.

The evolution factors E and E. entering in the expressions for the matrix elements (see

section 3) are given by

Ee(t) = au(t)exp[=Sp(t) = S3(t)],  Ei(t) = au(t) exp[=Sp(t) — S2(t) = S5()][b=ts, (A15)
Eq(t) = as(t) exp[=Sa(t) — S3(t)],  Eq(t) = as(t) exp[—=Sp(t) — S2(t) — S5(8)]lpp=s,, (A16)

in which the Sudakov exponents are defined as

sult) = s (0220 ) + A o), (A17)

/b M

S(t) = s (:L«zj‘j% b ) +s ((1 :@%,bz) +2/1;62 %%(%(u)), (A18)

with the quark anomalous dimension vy, = —a, /7. Replacing the kinematic variables of M to Ms

in Sy, we can get the expression for S3. The explicit form for the function s(Q, b) is:

AW g A N A® /g 4@ AW o2ve—1 P
= — (G-b)+ (1) - - In (4
@ 2ﬂlql (b) RUAST (b 1) Lﬁ% 13 1“( 2 )}n(z)

Mg, lln(zq) +1 (@b +1]  ADB,

~

2 ~ 2707,
A TR : 57 [m (24) — In (zb)}, (A19)
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where the variables are defined by
§=W[Q/(V2N)], b=1n[1/(bA)], (A20)

and the coefficients A® and f; are

33— 2ny 153 — 19n;
61 192 62 - 24 )
4 67 w2 10 8 1
AD =2 AD =20 D 4 2B n(=e" A21

ny is the number of the quark flavors and g is the Euler constant. We will use the one-loop

running coupling constant, i.e. we pick up the four terms in the first line of the expression for the

function s(Q, b).

APPENDIX B: ANALYTIC FORMULAE FOR THE B; — PP DECAY AMPLITUDES

Before we give the analytic formulae for B, — PP decays, we analyze the amplitudes in some

special cases which can simplify the formulae.

e In the non-factorizable emission diagrams, the formulae can be simplified if the emission
meson My is 7w, n or . Their distribution amplitudes ¢(x) and ¢ (z) are symmetric and
¢ () is antisymmetric under the change r — 1 — z. From Eq. (54) we can see that the
amplitude is identically zero for the (V — A)(V + A) operators; From Eq. (G3) and Eq.
(BE) we can see that the (V — A)(V — A) contribution is the same as the (S — P)(S + P)

contribution which can be simplified as

1 0o
Méf_)MJ(CL,) = 327’(’6’}7]\43()/\/6/0v dl’ldl'gdl'gfo bldblbgdeQSB([L’l,b1)¢§4(1’2)

X hy (21, 22, 23,01, b2) [ — w303 (23) + 2r3w308 (13) | ai(ty) EL (L)

e In the annihilation factorizable diagrams, the (V —A)(V — A) and (V — A)(V + A) operators
give the same contribution, both from the vector current. If the final state mesons are
charge conjugate with each other, the (V — A)(V — A) and (V — A)(V + A) operators
give identically zero contributions due to the conservation of the vector current. Such
operators do not contribute to the By — K decay either, in the SU(3) limit. The SU(3)

symmetry breaking, i.e. the difference in the distribution amplitudes of 7 and K meson, can
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induce small deviations from zero. We expect this kind of operators can not give important

contributions to the branching ratios.

e In the nonfactorizable annihilation amplitudes of B, — 7w, B, — n(an)n(in) and
Bs — n(ss)n(ss), the (V — A)(V — A) operators and (S — P)(S + P) operators give equal

contributions as can be seen from the factorization formulae M,,, by making x5 < 1 — x3.

1. The case without 77(’)

Tree operator dominant decays:

_ - aQ )
A(BY — K%)= TV ai{ FFEE i o] + MEE [C1]}
Gr . LL Sp

=V Vg [rF5 i las + aio] + fxFp._ k las + as]

V2

1 1
+M58L*K [Cs + Co] + stFaLnLn [a4 - —CL10} + fBSFCiLI:L laﬁ - —CL8:|

2 2
1 1
vttt e - 6] + st o= e (B2)
— G
VBA(BY = 7°K") = ZEVaVi R ) + ML (o]
Gr

. 3 3 1

—%Vib td{waBiL_)K [—04 — g + 5% + 5%0]

+ 1 F5F o |—a +l MLE | -C §C 1C §C
g K 6+ 508 + Mgk 3+2 8+2 9+2 10

1 1
+-stFaSnI; [_QG + _a8:| + stFaLnLn |:_a4 -+ —Cl10:|

2 2
LL 1 LR 1
Pure annihilation type decays:
ABY — nt17) = V2A(B° — 7°7°)
Gp LL Gr LL [ 1 1 }
= =V Vi M |Co] — —=VuVieM 2 |2C, +2Cs + =Cs + =Cyp| . (B4
\/ib [2]\/§tbt 4 628210()
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QCD penguin operator dominant decays:

G
A(BY — KK = ZEVaVa{ SR ] + MEL (O + ML)}
Gr

ﬁWb‘éz{fKFéf_)K las + aio] + fxFR7 i [as + as)

ann 2

1
+MEE  [Cs+ Co) + MER  [C5 + Co) + o, Fok |:CLG — —as]
LL 1 1 LR 1 sp 1
+M0«Tm C3 - 509 + C'4 - 5010 + Mann C'5 - 50’7 + M Cﬁ — 508

ann

ann

+ (M [Ca+ Crol + M7 [Co + Cs]) o e }7

(B5)
A(BO — KOKO) = —%ngv* fKFLL ay — 1Cllo + fKFSP g — lag
s \/i ts Bs—K 2 Bs—K 2
1 1 1
—FMéSL_)K |:03 — §C9:| + Méf—J{ |i05 — 507:| + fBSFf;LI; {ag — §a8:|
1 1 1
+MEL |Co = 5ot 1= 50| + MER |Co - 50 (B6)

1 1 _
waath |Ci- 00| k(|- g v 0o k)
KO0 KO

2. The case with ()

As discussed in the last section, we use the quark flavor basis for the mixing of n and n/. So

we divide the amplitudes into the 7, = (@u + dd)/+/2 and 3s component.

VBA(B® = k) = OF

V. u*{ WFEl i lag] + MBE (O }

\/§ bVaud f Bs K[ 2] Bs K[ 2]

Gr 1 1

o V *{ nFSP - FLL -
—\/5 wViay fnF B K {@6 2a8:| + fB, ay a1

ann 2

1 1 1
+anEL§L—>K 2@3 + ay — 26L5 — =a7 + =9 — =a1g
S 2 2 2
LL 1 1 1
+MBS—>K C3 + 26’4 + 206 + 508 — 509 + §C10

1 1 1
+ /B, Fpr [aG — iag} + M), {Cg - 509] + My {05 — 507} } (B7)
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_ G . 11 1
A(Bg — Kons) — —TZWb‘/;d{fSFéSL_}K |fL3 — a5 + 5@7 — §a9} + fKFé/f;ns |:CL4 — §a10}

1 1 1
+fKFSP |:a,6 — —0,8:| + Mé/SL_J( [C4 + Cﬁ — 508 — 5010:|

s—1MNs 2

1 1 1
+MEE {03 — 509] + MLf_ms [05 - 507] + fB.Fo, [% - —alo]

Bs—mns 2
SP 1 LL 1 LR 1
+stFann ag — §a8 + Mann 03 - 509 + Mann 05 - 507 : (B8)

The decay amplitudes for the physical states are then

A(B, — nK?) = A(B® — 1K) cos — A(B’ — K%n,)sin 6, (89)
A(B, — ' K°) = A(B? — 1,K°) sin¢ + A(B? — K°n,) cos ¢. (B10)

For B, — n"'7° the decay amplitudes are defined similarly,

A(By — 7r017) = A(BS — Wonn) cos g — A(BS — 7T0778) sin ¢, (B11)
A(B, — 7)) = A(B? — 7°%,) sin ¢ + A(B? — 7%n,) cos ¢, (B12)
where
H0 0 Gr * LL LL
A(Bs — T Un) = ﬁvﬂbvus stFann [a2] + Mann[c2]
G . 3 3 3 3
~Srvave{ sn ik o+ Sar] + a3t S+ aatt S| baers
and
_ G
V2A(B] — 7°n,) = fgvubv;s{fﬁéf% [az] + M5, [Co] }
G . 3 3 3 3
_7;‘/“"/“{ faFEE {ﬁag — §a7] + Mg- [508 - icm} } (B14)
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For B, — n"'n®) we have

_ G G 1 1
A(BY = nm,) = TZVuijstnﬁl [Cy] — TZWth?MaLnLn {204 + 205 + 508 + 5010] ., (B15)
_ G .
\/EA(BS - 77n778) = TZVUquS{anéf;m [a2] + MLsL—ﬂ?s [02] }
G N 1 1
1 1
+M§SL—>ns |:2C4 -+ 206 + 508 + §CIO:| }, (B16)
0 * LL 1 1 1
A(B{ — nsns) = _ﬁGFWb‘/;s{stBsqns a3 + 0y — a5 + Sa7 — Sy — Sdip

Bs_’ns 2

1 1 1 1
+fSFSP |fL6 — —a8:| + MésL—ms [03 + 04 + Cﬁ - 508 - 509 — §Clo:|

1 1 1 1
+fB ok [GG - §a8] + MM [CS +Cy+Cs — 508 — 509 — 5010] %17)

The decay amplitudes for the physical states are then

V2A(Bs = mn) = A(B? — nun) cos® ¢ + A(B? — nyn,) sin’ ¢ — sin(2¢) A(BY — 1,n,)(B18)
A(Bs - 7777/) = [A(Bg — Npln) — A(Bg - 7]3773)] cos ¢ sin ¢ + A(Bg — N7s) cos(2¢{B19)
V2A(B, — ') = A(B? — n,m,) sin® ¢ + A(B? — ;) cos® ¢ + sin(2¢) A(B? — n,n,)(B20)

APPENDIX C: ANALYTIC FORMULAE FOR THE B, — PV DECAY AMPLITUDES

1. The tree dominant decays

_ Gr

A(Bg — W_K*—l—) — Evub Jd{fﬂFé;L—)K* [al] _'_ MééL_)K* [Cl]}

G
_TZWb‘/;Z{waBiZK* [as + aro) — frFR - las + as]
1 1
+ME e [Cs + Col + [, Fun [M - 5“10} — [ oL |fLG - §a8}
1 1
-O—MaLnLn {Cs - 509} — MaLn}fL [05 — 507} }, (C1)
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_ Gr
AB® = poK+) = £
(By —p K7) 7

Gr
V2

vm;{n%ﬁmewgﬁﬂa@

—=ViV, {prELESL—J( [as + axo] + ME" 1 [Cs + Co]

1 1
+ Mg [Cs + Col + fo, Fo, {04 - §a10} + [, Fann {06 - §a8]
1 1
m@¢4m@¢ﬂ &
_ . G
\/EA(BS — 'K 0) = \/gvub {fn Bs —>K [as] ‘I‘Méf_)K* [Cz]}
G 3 1 3
\/IiV%b { WFé/SL—)K* {—04 5w + 500 + —09]

2
3 1 3

1

1 1
+stF¢er€z |: ay + §a10} — fBSFaSnI; |i ag -+ 5&8:|

ann

LML [ C3+%CQ:| MER [ C5+%C7} }, (C3)

Gr
V2

Gr 3 1 3 1
_%th {prB%SLaK l ag + 57 + 500 + §a9} + MER i [ Cs + 507}

1 3 3 1
+Mp" [—03 + 509 + 5010} - M5T k {508] + fB.F [ as + 5%0}

VIA(B) — ) =

s

VubV:d{prB i las] + MB —>K[C2]}

1 1 1
+stan€1{ a6+§a8] +M§na{ og+§cg] Mjnﬁ{ 05+§c7] }(04)
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Gr
V2

\/§A(BO—>(UKO) = —Vub ;d{waELESLAK [CLQ]_'_MéSL_)K[CQ]}

G 1 1 1
_—FWb tz{waésLeK [2% + a4 + 2a5 + zay + sag — —a10:|

V2 9T T % g
1 1 1
+M§sL—>K [03 +2C; - §C9 + 5010] + Méfqz( [05 — 507}
1 1 1
—MgF {206 + §CS:| + fB.Fo, {% — 5&10} + e Eol {aa — 5%}

+MEE |G- 36| + 2128 [ - 5] } (C5)

2. The pure annihilation type decays

A(B] — m*p7)

A(B] — pn7)

2A(BY — 1)

2A(BY — 1w)

Gr LL LL Gr LL
Vu V’:S sFann az] + Mann C. - Vi Vi; sFann as +a
75w {fB [as] [Cy] 750V IB las + a]

—fB. il [as + a7) + ML [Cy+ Cro) = MAE [Co + Cs) + [ < P_]}> (C6)

Gr LL LL Gr LL
Vu V’:S sFann az| + Mann C. - Vi Vi; sFann as +a
75w {fB [as] [Cy] 750V IB lag + ag]

—fB il [as + a7 + ML [Cy+ Cro) — MAE [Co + Cs) + [p+ < 7T_]}> (C7)
AB! = ntp )+ AB] — pTr7), (C8)

GF * LL GF * LL 3 SP 3 0
== M - == MEE |2 — M3 12 o
\/5 VUqus { ann [02] } \/5 V;bv;fs { ann 2 010 ann 2 08 _I— [ﬂ- )
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3. The QCD penguin dominant decays

D — * G *
ABY = KK) = BV S e ] + MEL - (O] S B Loa] + MEEICol
Gr, o
—TZWbWS{fKFéfﬁK* [as + ar] = fx Fpl - las + as]
1 1 1 ]

_'_MéSL_’K* [03 + Cg] + fBFaLnLn {aii + a4 —as+ 5@7 — 5&9 — 5@10

1
_MLR [05 _ 507] + stFaLnLn [a3 —as — a7 + CLQ]K*HK

1
—MESR—J(* [05 + 07] — fBSF[;S;LZ |:CL6 — §CL8:|

ann

1 1 1
+MLL |:C3 — §C9 + C4 — §Clo:| — an]; |:06 — §Cg:|

ann

+MLL [04 + ClO]K*HK - Mfﬁ [CG + C8]K*<—>K }a (ClO)

_ G
A(B = K*"K") = 7; ubVJs{fK*Féqu [a1] + ME" 1. [Ch] + [, Foy las] + anﬂ[cz]}
G
_TZWb‘/;:{fK*FéSI;K [as + axo] + ME" 5 [Cs + Co] + MET 1 [C5 + CF]
1 1

1 1
+ 5 [a?’ +as—as + 507~ 5%~ 5@10] + [, Fpn [%‘ - 5&8:|

ann

1
+fp. M as — a5 — a7 + aglpee e + MER {05 — 507}

ann

1 1 1
+MLL {Cg — 509 + C4 — 5010:| — Mf,f; |i06 — 508:|

ann

_'_MLL [C4+010]K*<—>K_M51’5L [CG_'_CS]K*(—)K}’ (Cll)
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_ _ G 1 1
A(Bg — KOK*O) — \/i‘/f/b‘/l;:{fKFBs—’K [a4 - §a10:| - fKFgSP_)K* |:a6 — §CL8:|

1 1 1 1
s—>K Cg 5 + fBé ann | 43 + a4 — Ay + 5&7 — 5&9 — 50,10
LR 1 SP 1
_MB —K* CYS 507 - stFarm ag — §a8

1
+ M [03 —-Cy+Cy — —010} + M {04 - _010:|

ann

K*~K

-2 o= 3] - (M3 o - 50u) + 17 - 1)

1 1
+fe E {@3 — a5+ 507 — 5%} }, (C12)
K*~K
_ . G . 1
A(Bg — K OKO) — _TZWb‘/;s{fK FBS—>K [a4 — 5&10:| +MBS—>K [Cg — —CQ:|

1 1 1 1
+ME" s— K {05 - _07} + -stFaL;LLn [03 + a4 —as + 5@7 - 509 - 5&10}

1 1 1
©fy 5P {aﬁ _ Eag] ML {cg Loyt - _cm]

2 2
#MES |Co = 5| - (M3 o 56 + 17 - K1) ©13)

1 1 1
+fp FL [@3 —as+ a7 — —ag] + MEE {04 - —010] .
2 2 Yok 2 Kr oK

_ G 1 1 1
A(BS - KO(Z)) \/Ii%b%Z{fqﬁFBS_)K |:Cl3 + ay — 5&7 — 5@9} + fKF S {a4 — §CL10:|

_fKng:eb laﬁ - iaS} + Mgl g [04 - 5010} + Mg-, {Cs - 509}
_MgSP_J( |:CG - §CS:| - Méf—nj) |:05 - _C7:| + stFaLn[r/L |:a4 — §alo:|

1 1
. FEE oo = os] + 0t o - pca] - aath e pes] (o
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4. The Electroweak penguin dominant decays

_ G
VIA(BY — %) = TZVMVJS{ML%@[@] + Méfﬁqj[@]}

—— Vi Vi foF —ayg — = M —Csg+ =C . (C15
) tb ts{f Bo—g |59 — 507 + Mp .4 58 + 5410 (C15)

5. The decays involving n and 7/

D, * G *
\/ﬁA(Bg - nnK 0) = TJSVub ud{anésLaK* [a2] + MB%SL—J(* [02]}
Gr. . 111
—7;‘/217 td{anBiILK* [203 +ay — 2a5 — 501 + 50~ 5@10}

1 1 1
_angéP_)K* {aﬁ — §a8] + MéSL_)K* |iC3 + 2C4 — 509 + 5010:|

1 1 1
+MBET g [206 + 508] + fo. Eh {% - —010:| + fo.Fon {aﬁ - —as}

2 2
1 1
+M {Cs - 509} + M7 {05 - 507} }, (C16)
_ G 1 1 1
A(BS - K*Ons) = _7};‘/1%) tZ{stELgSL_)K* {a:s — a5+ 5&7 — 5@9} + fK*FB%SL—mS |:CL4 — §a10]

1 1
CMEE [04 - 5010] ME [cg - 509}

1 1 1
_'_MSS'P_)K* |:CG - _CS:| _'_ MLf—W]s [05 — §C7j| + stijLLn |fL4 - §a1(]:|

2
T FEE [aﬁ - %ag} + MEE [03 - %og} + MER [05 - 307} } (C17)
The decay amplitudes for the physical states are then

A(By — nK*) = A(B? — 1, K*) cos¢ — A(B? — n,K*°)sin ¢, (C18)
A(B, — nK*) = A(B? — 1, K*)sin¢ + A(B? — n,K*°) cos ¢. (C19)

For B, — n"p° the decay amplitudes are defined similarly,
A(B; — p"n) = A(B{ — p’nn) cos ¢ — A(B] — p’n,) sin ¢, (C20)
A(B; — pnf) = A(B{ — p"n,)sin¢ + A(B{ — p"n;) cos ¢, (C21)

59



where

_ Gr 3 3 3 3
2A(B] — p"n.) = \thbV}Z{f& anm [2619 - 5“?] + Mg, {5010} — Mg, {508] }
GF * LL LL 0
+\/§ ViV, {stFann [a2]+Mann[C2]} [0 = ), (C22)
and
_ G )
VEA(BS = f'n) = TEVaVL, { FoFEE L lag) + MEF [02]} (C23)

Gr * 3 3 LL 3 M SP 3
\/—V;b‘/ts{fp Bs—ns |i§a7+ §a9:| +MBS_’77$ ClO - Bs—ms 508 :

For decays By — nw, we have

2A(B! — nuw) = i;/g Vb Vs {stnyfé [az] + anﬁ[cz]}

G . 1 1
\/fjwbms{Mjn@ {204 + 5010] M3P {206 + 508]

1 1
+ 18, Fan, [2% —2a5 — jar + 5"9] } + [ < w], (C24)

_ G
\/§A(Bg — wns) = \/g Vb Vi {waB%L—m [az] + MB%SL—WS [Cs] }

G . 1 1
\/g%b‘/ﬁs{waéan |:2CL3 + 2@5 + 5@7 + §a9:|
1 1
+MEE {204 + 5010} Mg"., [206 + 508} } (C25)

And the decay amplitudes for physical states are

A(By, — nw) = A(B? — n,w)cos¢ — A(BY — wn,)sin ¢, (C26)
A(B, — nw) = A(B? — nw)sing + A(B? — wn,) cos ¢. (C27)
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For decays B, — n¢, we have

_ G .
VA = 100) = Vi ol b+
Gr X 1 1
_ﬁWb‘/ts{anést—@ [2&3 — 2a5 — 5&7 + 5&9:|
LL 1 SP 1
+Mpg s |20 + 5010 + Mg, ., |2C6 + 508 ; (C28)
] Gr. 111
A(B) = ns) = _TZWbWS{fSFB%_"f’ |fl3 + a4 — a5 + 507 = 509 = §a10}
Sp 1 LL 1 1
—[sFB._y |a6 — 508 + Mg |Cs+Cs— 509 - 5010

1 1 1 1
+Mp, [Cﬁ - 508} + [, Fo, [a:a +as — a5 + ar — 5ag — 5@10}

1 1 1
"—len[h |:Cg + C4 - 509 — 5010:| — stFaiZ |:a6 — §CL8:|
-t o= 36| - w3t o= 36 } + I = dl. (€29)

And the decay amplitudes for physical states are

A(By = n¢) = A(B{ — nu0) cos ¢ — A(B) — 1,¢) sin ¢, (C30)
A(By, — n'¢) = A(B? — n,¢)sin¢ + A(B? — ny¢) cos ¢. (C31)

APPENDIX D: ANALYTIC FORMULAE FOR THE B, — VV DECAY AMPLITUDES

There are three kinds of polarizations in the B; meson decays to two vector final states, namely:
Longitudinal (L), parallel (N) and transverse (T). The decay amplitudes are classified accordingly,
with i =L, N, T.
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1. Tree dominant decays

L (T — * G * ) 7
A = g K) = EVaVi{ P e ] + M [
GF * LL,i
——=VaVia§ foF5. 2 ke [aa + ano]

V2
+M§S,Lf>z<* [Cs + Cy] — MESR_’Z;K* [Cs + C7]

4 1 . 1
+stFaLnLn’Z [CM - 5010] - stFf;LI;[Z {QG - 508]

#MEE! | Ca- 50o] -t |- 5] . (D1)

ann

o G i i
VRABY = P K7) = eV Vil foFE e loa] + M5Ol
GF * LL,i 3 3 1 LR,i 1
+ﬁvﬂ, td{fPFBS;K* —ay + 5@7 -+ 5@9 -+ §a10 — MBS—7>K* —05 + 507

MR {_cg vl 5010} Y {508}

‘ 1 . 1
"—fBSFaLn[;L’Z |:—a4 + 5@10:| — fBSanI:L’Z [-CLG + 5@8:|

| 1 | 1
ML l—cg + 509} — MLR l—cs - 5@} } (D2)

ann

Gr
V2
GF LL.i 1 1 1

— SV ViR fLFER |2 Qa5+ —ay + —ag — -
\/§ th td{f B.—K as + ayq + 2a5 + 2a7+ 2&9 2CL10

T 1 1
+MER | Cy + 20, — 5Co+ 5010}

V2A(BY = wi™) = 2LV Ve fuFE e (] + M (O]

i 1 i 1
— M | Cs — 507] — M7 [206 + 508]

) 1 . 1
+ [, Fhlt lay — §a10} o {aﬁ - §a8]

ann

ML {03 - %Cg} _ MLR {05 - %07} } (D3)

62



2.

Pure annihilation type decays
i/ PO + - Gr * LL,i LL,i
ABY = p7) = EVaVa{ S Fil el + ME(C
G , 1 . 1
—%%b%:{fBSFaLnLn’Z {2a3 -+ 5@9] -+ fBSFaLJEL’Z {2a5 -+ 5@7]
4 1 . 1
- MEL l204 + 5010} + MSP [206 + 508} } (D4)
i R0 0.0 Gr * LL,i LL,i
VRANB) = ') = EVaVi{ S Eil lea] + MG}
Gr * LL, 1 LR,i 1
_ﬁ‘/tbv;s fBSFaTm’ 2&3 + 5@9 + fBSme’ 2&5 -+ 5@7
4 1 . 1
- MEL [204 + 5010} + MSP [206 + 508} } (D5)
V2AY(B° Gr * LLyi LLii
2A (Bs - C&JQJ) = ﬁvﬂbvus stF’ann7 [aQ] + ‘]\4ann7 [02]
G . i 1 ; 1
_TSWb‘/;S{fBSFf;ﬁ; {2&3 + §&gj| + stFcﬁffL’ [2a5 + 5&7:|
, 1 . 1
+MEL {204 + 5010} + M5Pi {206 + 56@} } (D6)
i/ R0 0 Gr * LL,i LL,i Gr * LL,i 3
2A (Bs - p w) = ﬁ‘fﬂb‘/us{.]chﬁlwm7 [a2] + Mann’ [02]} - Emb‘/}s{stFann’ §a9

13 13 13
i F S| e B 40t S Yo [0 ] )

63



3.

QCD penguin dominant decays

AYBY — K* K*T)

G X i i i

s VaVad S Fl e lan) + MEE . (O] + i ELE (oo
LLi Gr * LLi

_'_Mann [02] - \/5‘/25‘45 fK*FBS—J(* [a4 + alO]

+M§SL£K* [C5 + Cy] — Méf_’fx [Cs + C7]

; 1 1 : 1
ijBsFaLnLn’Z [ai’» +ay — 509 - 5@10] + stFaLnIEJZ [as - 5@7]

. 1 , 1 1
—fBSF’SP’Z {CLG — iag} + ]\4aLnLn’Z {Cg — 509 + 04 - 5010]

ann

. 1 , 1
~ME 0 - 50|+ M3 - 564
+ ([ El [as + ao] + [, Fylt las + az]

+ M [Ca 4 Cro] + Mg [Co + Cs]) e s },

ann
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ANBY - ROK) =

A(B] — K"¢) =

V2AY(BY — we¢) =

V2A'(B] — ¢¢) =

—GF * LL; 1 LLi 1
_beWS{fK*FBﬁK* as = 51| + Mg |Cs = 5Co
LRy 1 LLji 1 1

My e Cs = 507 + [ F o | a3+ as — 5&9 - 5&10

1
—fB.Fot { ag — 5“8] + ML {03 - —09 +Cy — —Clo]

_MLRZ |i05 o _07:| MSPZ |i06 o 108:|

ann ann 2

1 1
N (fBSF;zZ [ _ _ag} ©fp FL [% _ _Q7D
2 2 K*OHK *0

(an% [04 — —Cm} + MO [ — —Cg] } (D9)
K*OHK *0

V2 9
1

i 1 i
+MJ§5,LL>K* [04 - 5010} + Méf;(b [ 3 — =Cy

G ; 1 : 1
FWb {f¢ B%L—J{ [GS +as — —a7 - —&9} + [K B%L—xﬁ [CM - 5%0}
565 -

MgP_Z)K { 6 _08}
LR,i 1 LL,i SPi 1
—Mp ™, |Cs5 — —07 + o Loy |as — §a10 — [ F o a6 — 508

ML {Cg — —Cg} MERA {05 — 107} } (D10)

ann ann 2

G 7 %
\/g bv* {fw éL_)(b [a2] + Méf;mz; [02] }

G . i 11
\/Ii‘/tb‘/;s{fw B%L_@ {2a3 + 2a5 + 0 + 2a9}
+hEE 20+ 50| - M3, |2+ 36 } (1)

2G . 111
- F‘/;fb‘/tZ{fd)FéL—)(ﬁ |f% + a4 + as — —a7 — —Ag9 — —a10:|

V2 2 2 2
LL,i 1 1 LR,i 1
_'_MBs;qb Cg + C4 — 509 — 5010 — MBS_’)(b 05 — 507
MEPE Gy — 2 Fhl Lo —
—Mp, g |Co — 508 + fB.Fony | a3+ aq — 5% ~ 5%0
1 1
+stFaLnIle |:CL5 — 5&7:| — stan]:LZ |fL6 — §a8:| MaLn}ELZ [05 — —07:|

ozt oo Lo dew] s fen- Lo } (12)
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4.

Electroweak penguin dominant decays

o G i i
V2A(BY — p%0) = ViV, {fp Fptl, las) + MG, [Cz]}

[4]

[5]

V2
GF * LLz 3 LLi 3 SPi 3
\/ﬁ‘éb‘/}s{fp Byo [§(a9+a7)} + Mgy |5C0| —Mp 2y |50s| (-

(D13)
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