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ABSTRACT

Existing embedding methods for attributed networks aim at learn-
ing low-dimensional vector representations for nodes only but not
for both nodes and attributes, resulting in the fact that they cannot
capture the a�nities between nodes and attributes. However, cap-
turing such a�nities is of great importance to the success of many
real-world attributed network applications, such as attribute infer-
ence and user pro�ling. Accordingly, in this paper, we introduce a
Co-embedding model for Attributed Networks (CAN), which learns
low-dimensional representations of both attributes and nodes in
the same semantic space such that the a�nities between them
can be e�ectively captured and measured. To obtain high-quality
embeddings, we propose a variational auto-encoder that embeds
each node and attribute with means and variances of Gaussian
distributions. Experimental results on real-world networks demon-
strate that our model yields excellent performance in a number of
applications compared with state-of-the-art techniques.
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1 INTRODUCTION

Network embedding techniques that learn low-dimensional vector
representations of nodes in a network have been attracting increas-
ing attention in recent years. Performance of various network-based
applications, such as node classi�cation [29, 33], node clustering [3],
community detection [10, 38], and link prediction [23], has been
shown to be signi�cantly improved via utilizing embeddings of
nodes inferred by network embedding techniques.

Attributed networks as one category of the most important net-
works are ubiquitous in a myriad of important domains, ranging
from social media networks to academic networks, where rich at-
tributes, e.g., ages of the users and journals/conferences the authors
published at, describing the properties of the nodes are available.
A number of attributed network embedding algorithms have been
proposed to learn low-dimensional vector representations of the
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nodes via leveraging the structure and/or the attribute information
of the networks [11, 13, 13, 21, 24, 39]. By doing so, embeddings of
the nodes in attributed networks can be e�ectively obtained, which
in turn help to enhance the performance of many down-stream
applications [11, 13, 20].

However, these embedding algorithms su�er from a number
of defects: (1) They represent each node by a single point in a
low-dimensional continuous space, resulting in the fact that the
uncertainty of nodes’ representations is ignored. Yet uncertainty
is inherent when describing a node by a single point only [2]; (2)
They focus on learning the representations for nodes but not for
both nodes and attributes, resulting in the fact that the a�ni-
ties between nodes and attributes are impossible to be e�ectively
measured. However, obtaining such a�nities between nodes and
attributes is of great importance to the success of many tasks, where
the relationships between nodes and attributes need to be quantita-
tively measured, such as connecting users and keywords in user pro-
�ling [25], annotating users with tags in attribute inference [9, 40]
and characterizing experts by topics in expert �nding [15].

To alleviate the aforementioned problems, we introduce a Co-
embedding model for Attribute Networks, abbreviated as CAN,
which aims at learning low-dimensional vector representations of
both attributes and nodes in a same semantic space such that the
a�nities between them can be e�ectively captured and measured.
To e�ectively infer the embeddings of both nodes and attributes
in the network, we propose a variational auto-encoder, where we
infer the embeddings of both nodes and attributes and represent
them by means of Gaussian distributions, with the corresponding
variances measuring the uncertainty of the inferred embeddings.

The node and attribute embeddings obtained in the uni�ed man-
ner in CAN can bene�t not only node-oriented network problems
(e.g., node classi�cation and link prediction), but also attribute in-
ference problems (e.g., predicting the value of attributes of nodes).
More importantly, the common semantic embedding space pro-
vides a simple but e�ective solution to user pro�ling problem,
as the relevance of users (nodes) and keywords (attributes) can
be directly measured, e.g., by cosine similarity, or dot product. To
verify the e�ectiveness of our proposed CAN model, we conduct
experiments on seven real-world network datasets. Our experimen-
tal results demonstrate that CAN yields excellent performance in
attribute inference and user pro�ling tasks that the previous net-
work embedding models cannot deal with, while it also shows high
competitive performance in link prediction and node classi�cation
tasks compared with state-of-the-art techniques.
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Our contributions in this work can be summarized as follows:
(1) We propose a novel co-embedding algorithm for attributed

networks, CAN, which aims at learning the low-dimensional
representations of both nodes and attributes in the same seman-
tic space, such that the a�nities between nodes and attributes
of the networks can be e�ectively measured.

(2) To learn high-quality embeddings of both nodes and attributes
in attributed networks, we propose a variational auto-encoder
method, which consists of an inference model, aiming at encod-
ing features of nodes and attributes into two Gaussian distribu-
tions, and a generativemodel, which can e�ectively reconstructs
both real and binary weighted edges and attributes.

(3) We conduct extensive experiments on real-world attributed
networks to verify the e�ectiveness of our embedding model on
addressing four graph mining tasks, i.e., node classi�cation, link
prediction, attribute inference and user pro�ling. Experimental
results show that our model is able to learn informative and
high-quality representations and signi�cantly outperforms the
state-of-the-art methods.

2 RELATED WORK

There are two lines of work related to our model, network embed-
ding and variational auto-encoders.

2.1 Network Embedding

Existing network embedding algorithms can be classi�ed into two
categories: those [3, 10, 29, 33, 36] for plain networks where only
topological structure information is utilized for embedding and
those [11, 13, 21, 24, 39] for non-plain networks such as attributed
networks where not only topological structure information but also
auxiliary information, e.g., content information/attributes of the
nodes, are taken into account for embedding.

To embed plain networks, approaches such as DeepWalk [29],
node2vec [10] and LINE [33] learn embeddings based on random
walks or edge sampling. These methods utilize the Skip-Gram with
negative sampling neural network architecture originally proposed
for word embedding [27], and can be implicitly approximated by
matrix factorization [30].Wang et al. [36] proposed the SDNEmodel
to capture the highly non-linear network structure and preserve
the global and local structure of the network. Wang et al. [38] incor-
porate the community structure of network into result embeddings
that preserves both of the microscopic and community structures.

Some other works obtain embeddings for non-plain networks
with rich auxiliary information, such as labels, node attributes
and text contents, in addition to the topological structure net-
works [13, 37, 39]. Huang et al. [13] employ the graph Laplacian
technique to learn the joint embedding from the topological struc-
ture and attributes. Kipf and Welling [21] propose a graph convolu-
tional neural network model for attributed networks, and further
employ it on a variational auto-encoder architecture [20]. Hamilton
et al. [11] propose the GraphSAGE model that learns node represen-
tations by sampling and aggregating features from a node’s local
neighborhood. Zhang et al. [41] and Gao and Huang [8] propose
their customized deep neural network architectures, called ANRL
and DANE respectively, to learn node embeddings while capturing
the underlying high non-linearity in both topological structure and
attributes. Their results showed that combining di�erent types of

auxiliary information, rather than using only the topological fea-
tures, can provide di�erent insights of embedding of nodes, and
helps to capture rich patterns in many real-world networks. How-
ever, these models only obtain embeddings of nodes and do not
capture the uncertainty inherent in the embeddings.

Recently, few approaches embed nodes by distributions and cap-
ture the uncertainty of the embeddings [2, 5, 12]. Inspired by previ-
ous work of learning Gaussian word embeddings [35], the KG2E
model [12] represents each entity/relation of knowledge graphs as
a Gaussian distribution. Dos Santos et al. [5] study heterogeneous
graphs for node classi�cation using Gaussian embeddings. In terms
of embedding for attributed networks, Bojchevski and GÃĳnne-
mann [2] embed each node as a Gaussian distribution according
to the energy-based loss of personalized ranking formulation. We
tackle the embedding problem for attributed networks by modeling
both nodes and attributes as Gaussian distributions, which allows
measure the uncertainty of both embeddings by the variances of
the distributions.

2.2 Variational Auto-encoders

Variational Auto-encoders (VAEs) are expressive latent variable
models that can be used to learn complex probability distributions
from training data. A basic VAE model [18, 19, 32] is comprised
a pipeline of two computational neural networks: one acts as an
inference network encoding the given observations into latent
variables, and the other acts as a generative model performing
the reverse mapping from latent variables to each observed data
point. By using the variational evidence lower bound of the log-
likelihood as loss function and the reparameterization tricks [19],
these models can be easily trained via a Stochastic Gradient Varia-
tional Bayes estimator [19]. Many variations of VAE have been pro-
posed [16, 18, 20, 28, 32], which have been extensively studied and
applied in various tasks such as semi-supervised classi�cation [18],
clustering [16, 26] and image generation [6]. The GAE [20] model
proposed by Kipf and Welling is an example of VAEs that learns
representations for attributed networks. However, it learns embed-
dings for nodes only, rather than both nodes and attributes.

3 NOTATIONS AND THE PROBLEM

In this section, we introduce the used notations and formally de�ne
the studied problem.

3.1 Notations

In this paper, scalars are denoted by normal alphabets (e.g., the
total number of nodes in the network: N ), while sets are denoted by
calligraphy typeface alphabets (e.g., the set of nodes in the network:
V). Matrices are denoted by boldface uppercase alphabets (e.g.,
an adjacency matrix A serving for the network). The ith row of
a matrix, e.g., A, is denoted with a subscript, e.g., Ai . Vectors are
represented by boldface lowercase alphabets or uppercase alphabets
with a subscript (e.g., a or Ai ). A vector with a subscript represents
a scalar element of that vector (e.g., ai or Ai j ). The transpose of a

matrix, e.g. A, is represented by A
T.

Definition 1. Let V and A be a set of nodes and attributes,

respectively, in a graph/network. An A�ributed Network (AN) is

an undirected graph G = (V,A, EV
, EA ) with N = |V| nodes and
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Table 1: Main notations in our paper.

Symbol Description

G an undirected attributed network
V set of nodes
A set of attributes
EV set of edges
EA set of node-attribute associations
N = |V| number of nodes
F = |A| number of attributes
D dimension of latent variables
A ∈ RN×N adjacency matrix of nodes
X ∈ RN×F attribute information matrix for nodes
Z
V ∈ RN×D latent representation matrix for all the nodes

Z
A ∈ RF×D latent representation matrix for all the attributes

F = |A| attributes, where EV ⊆ V × V is the set of edges and

EA ⊆ V × A is the set of node-attribute associations.

We introduce an adjacency matrix A ∈ RN×N and an attribute
matrix of nodes X ∈ RN×F for G, with Ai being the i-th row vector
of A and Xi being the i-th row vector of X. The scalar elements
Ai j ∈ Ai and Xi j ∈ Xi are weights of edges and attributes respec-
tively, which can be either real or binary values. A and X can be
regarded as the features of nodes, so we can also use XT to repre-
sent the input feature of attributes, i.e., the nodes a�liated to each
attribute are regarded as its features. Tab. 1 summarizes our main
notations.

3.2 Problem De�nition

With the terminologies described above, we formally de�ne the
problem of co-embedding an attribute network as follows:

Problem 1. A�ributed Network Co-embedding. Given an at-

tribute graphG, the goal is to learn amapping functionΞ that satis�es

the following in an unsupervised way:

G
Ξ
−→ Z

V
,Z

A
, (1)

such that both structure and attribute information of the network can

be preserved as much as possible by Z
V ∈ RN×D and ZA ∈ RF×D ,

respectively, with Z
V
i ∈ Z

V , ZA
j ∈ Z

A , N , F and D being the

embeddings of the i-th node and the j-th attribute to be inferred, the

number of nodes and attributes, and the size of the dimension of the

embeddings, respectively.

4 CO-EMBEDDING NODES AND ATTRIBUTES

To address the aboved-de�ned problem, we introduce CAN, a model
for Co-embedding Attributed Networks based on the Variational
Auto-Encoder [19], to obtain the Gaussian embeddings of both
nodes and attributes. Fig. 1 provides an overview of our model. We
now describe the model in the following subsections.

4.1 Variational Lower Bound

To obtain embeddings of both nodes and attributes for an attrib-
uted network G in an unsupervised way, i.e., ZV and Z

A , we �rst
de�ne an objective to maximize the log-likelihood of the observed

adjacency matrix A and attribute matrix X of G. Using Jensen’s
inequality, the log-likelihood of A and X for a given attributed
network G can be represented as:

logp(A,X) = log

∫

ZV

∫

ZA
p(A,X,ZV

,Z
A )dZVdZA

= log

∫

ZV

∫

ZA
p(A,X,ZV

,Z
A )

qϕ (Z
V
,Z

A | A,X)

qϕ (Z
V
,ZA | A,X)

dZVdZA

≥ Eqϕ (ZV
,ZA |A,X)

[

log
p(A,X,ZV

,Z
A )

qϕ (Z
V
,ZA | A,X)

]

, (2)

where qϕ (Z
V
,Z

A | A,X), abbreviated as qϕ for convenient discus-
sion, is the variational posterior to approximate the true posterior
p(ZV

,Z
A | A,X) with ϕ being the parameters needed to be esti-

mated. Here we assume qϕ to be a mean-�eld distribution and can
be factorized as:

qϕ (Z
V
,Z

A | A,X) =
∏

i ∈V

qϕ1
(ZV

i | A,X)
∏

a∈A

qϕ2
(ZA

a | XT).

(3)

The joint distribution pθ (A,X,Z
V
,Z

A ) can be represented as:

pθ (A,X,Z
V
,Z

A ) = p(ZV )p(ZA )
∏

(i, j)∈EV

pθ1 (Ai j | Z
V
i ,Z

V
j )

∏

(i,a)∈EA

pθ2 (Xia | ZV
i ,Z

A
a ), (4)

where Ai j ∈ A, Xia ∈ X are weights of edges and attributes re-
spectively. Substituting Eq. 3 and Eq. 4 into Eq. 2, Eq. 2 can be
represented as:

logp(A,X) ≥ Eqϕ



∑

(i, j)∈EV

logpθ (Ai j | Z
V
i ,Z

V
j )



+ Eqϕ



∑

(i,a)∈EA

logpθ (Xia | ZV
i ,Z

A
a )


− DKL(qϕ (Z

V | A,X) ∥ p(ZV ))

− DKL(qϕ (Z
A | XT) ∥ p(ZA ))

≜ L(θ ,ϕ;A,X), (5)

where L(θ ,ϕ;A,X) is the evidence lower bound (ELBO) on the
marginal likelihood of the observed variables and DKL(· ∥ ·) is
the Kullback-Leibler (KL) divergence. In Eq. 5, qϕ1

(ZV | A,X) and

qϕ2
(ZA | XT) are referred to the probabilistic encoders, since given

the observed data, i.e., A and X, they aim at producing variational
posterior distributions over the possible values of the latent embed-
dings ZV and Z

A . Similarly, we refer to pθ1 (Ai j | ZV
i ,Z

V
j ) and

pθ2 (Xia | ZV
i ,Z

A
a ) as the probabilistic decoders, since given the

latent embeddings ZV and Z
A , they produce a distribution over

the possible corresponding values of observed edges and attributes.
The KL-divergence terms in Eq. 5 can be interpreted as the regu-
larizer encouraging the approximate posteriors to be close to the
priors p(ZV ) and p(ZA ), while the expectation terms are regarded
as expected negative reconstruction error loss.
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Inference model Generative model Reconstructed graph
G
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GCN
<latexit sha1_base64="uGO1OtvS1TFMOZP4w/2evN7LdBg=">AAAB83icbVBNS8NAEN34WetX1aOXxSJ4KkkR9FjoQU9SwX5AU8pmO2mXbjZhdyKW0L/hxYMiXv0z3vw3btsctPXBwOO9GWbmBYkUBl3321lb39jc2i7sFHf39g8OS0fHLROnmkOTxzLWnYAZkEJBEwVK6CQaWBRIaAfj+sxvP4I2IlYPOEmgF7GhEqHgDK3k+whPGITZTf1u2i+V3Yo7B10lXk7KJEejX/ryBzFPI1DIJTOm67kJ9jKmUXAJ06KfGkgYH7MhdC1VLALTy+Y3T+m5VQY0jLUthXSu/p7IWGTMJApsZ8RwZJa9mfif100xvO5lQiUpguKLRWEqKcZ0FgAdCA0c5cQSxrWwt1I+YppxtDEVbQje8surpFWteG7Fu78s16p5HAVySs7IBfHIFamRW9IgTcJJQp7JK3lzUufFeXc+Fq1rTj5zQv7A+fwBBYKRmw==</latexit><latexit sha1_base64="uGO1OtvS1TFMOZP4w/2evN7LdBg=">AAAB83icbVBNS8NAEN34WetX1aOXxSJ4KkkR9FjoQU9SwX5AU8pmO2mXbjZhdyKW0L/hxYMiXv0z3vw3btsctPXBwOO9GWbmBYkUBl3321lb39jc2i7sFHf39g8OS0fHLROnmkOTxzLWnYAZkEJBEwVK6CQaWBRIaAfj+sxvP4I2IlYPOEmgF7GhEqHgDK3k+whPGITZTf1u2i+V3Yo7B10lXk7KJEejX/ryBzFPI1DIJTOm67kJ9jKmUXAJ06KfGkgYH7MhdC1VLALTy+Y3T+m5VQY0jLUthXSu/p7IWGTMJApsZ8RwZJa9mfif100xvO5lQiUpguKLRWEqKcZ0FgAdCA0c5cQSxrWwt1I+YppxtDEVbQje8surpFWteG7Fu78s16p5HAVySs7IBfHIFamRW9IgTcJJQp7JK3lzUufFeXc+Fq1rTj5zQv7A+fwBBYKRmw==</latexit><latexit sha1_base64="uGO1OtvS1TFMOZP4w/2evN7LdBg=">AAAB83icbVBNS8NAEN34WetX1aOXxSJ4KkkR9FjoQU9SwX5AU8pmO2mXbjZhdyKW0L/hxYMiXv0z3vw3btsctPXBwOO9GWbmBYkUBl3321lb39jc2i7sFHf39g8OS0fHLROnmkOTxzLWnYAZkEJBEwVK6CQaWBRIaAfj+sxvP4I2IlYPOEmgF7GhEqHgDK3k+whPGITZTf1u2i+V3Yo7B10lXk7KJEejX/ryBzFPI1DIJTOm67kJ9jKmUXAJ06KfGkgYH7MhdC1VLALTy+Y3T+m5VQY0jLUthXSu/p7IWGTMJApsZ8RwZJa9mfif100xvO5lQiUpguKLRWEqKcZ0FgAdCA0c5cQSxrWwt1I+YppxtDEVbQje8surpFWteG7Fu78s16p5HAVySs7IBfHIFamRW9IgTcJJQp7JK3lzUufFeXc+Fq1rTj5zQv7A+fwBBYKRmw==</latexit><latexit sha1_base64="hP+6LrUf2d3tZaldqaQQvEKMXyw=">AAAB2XicbZDNSgMxFIXv1L86Vq1rN8EiuCozbnQpuHFZwbZCO5RM5k4bmskMyR2hDH0BF25EfC93vo3pz0JbDwQ+zknIvSculLQUBN9ebWd3b/+gfugfNfzjk9Nmo2fz0gjsilzl5jnmFpXU2CVJCp8LgzyLFfbj6f0i77+gsTLXTzQrMMr4WMtUCk7O6oyaraAdLMW2IVxDC9YaNb+GSS7KDDUJxa0dhEFBUcUNSaFw7g9LiwUXUz7GgUPNM7RRtRxzzi6dk7A0N+5oYkv394uKZ9bOstjdzDhN7Ga2MP/LBiWlt1EldVESarH6KC0Vo5wtdmaJNChIzRxwYaSblYkJN1yQa8Z3HYSbG29D77odBu3wMYA6nMMFXEEIN3AHD9CBLghI4BXevYn35n2suqp569LO4I+8zx84xIo4</latexit><latexit sha1_base64="PRGctaRY5jaczLpJWBEhQtJ+95E=">AAAB6HicbZBLS8NAFIVvfNZatbp1EyyCq5K40aXQha6kgn1AE8pketMOnUzCzI1YQv+GGxeK+Ivc+W+cPhbaemDg45wZ7p0TZVIY8rxvZ2Nza3tnt7RX3q8cHB5Vjyttk+aaY4unMtXdiBmUQmGLBEnsZhpZEknsROPGLO88oTYiVY80yTBM2FCJWHBG1goCwmeK4uK2cT/tV2te3ZvLXQd/CTVYqtmvfgWDlOcJKuKSGdPzvYzCgmkSXOK0HOQGM8bHbIg9i4olaMJivvPUPbfOwI1TbY8id+7+flGwxJhJEtmbCaORWc1m5n9ZL6f4OiyEynJCxReD4ly6lLqzAtyB0MhJTiwwroXd1eUjphknW1PZluCvfnkd2pd136v7Dx6U4BTO4AJ8uIIbuIMmtIBDBi/wBu9O7rw6H4u6NpxlbyfwR87nD8QSkE0=</latexit><latexit sha1_base64="PRGctaRY5jaczLpJWBEhQtJ+95E=">AAAB6HicbZBLS8NAFIVvfNZatbp1EyyCq5K40aXQha6kgn1AE8pketMOnUzCzI1YQv+GGxeK+Ivc+W+cPhbaemDg45wZ7p0TZVIY8rxvZ2Nza3tnt7RX3q8cHB5Vjyttk+aaY4unMtXdiBmUQmGLBEnsZhpZEknsROPGLO88oTYiVY80yTBM2FCJWHBG1goCwmeK4uK2cT/tV2te3ZvLXQd/CTVYqtmvfgWDlOcJKuKSGdPzvYzCgmkSXOK0HOQGM8bHbIg9i4olaMJivvPUPbfOwI1TbY8id+7+flGwxJhJEtmbCaORWc1m5n9ZL6f4OiyEynJCxReD4ly6lLqzAtyB0MhJTiwwroXd1eUjphknW1PZluCvfnkd2pd136v7Dx6U4BTO4AJ8uIIbuIMmtIBDBi/wBu9O7rw6H4u6NpxlbyfwR87nD8QSkE0=</latexit><latexit sha1_base64="hPMY3Y7Ckc0obQYLwOwOX7w3r80=">AAAB83icbVA9SwNBEN2LXzF+RS1tFoNgFe7SaBlIoZVEMB+QC2FvM5cs2ds7dufEcORv2FgoYuufsfPfuEmu0MQHA4/3ZpiZFyRSGHTdb6ewsbm1vVPcLe3tHxwelY9P2iZONYcWj2WsuwEzIIWCFgqU0E00sCiQ0AkmjbnfeQRtRKwecJpAP2IjJULBGVrJ9xGeMAizm8bdbFCuuFV3AbpOvJxUSI7moPzlD2OeRqCQS2ZMz3MT7GdMo+ASZiU/NZAwPmEj6FmqWASmny1untELqwxpGGtbCulC/T2RsciYaRTYzojh2Kx6c/E/r5dieN3PhEpSBMWXi8JUUozpPAA6FBo4yqkljGthb6V8zDTjaGMq2RC81ZfXSbtW9dyqd+9W6rU8jiI5I+fkknjkitTJLWmSFuEkIc/klbw5qfPivDsfy9aCk8+ckj9wPn8ABEKRlw==</latexit><latexit sha1_base64="uGO1OtvS1TFMOZP4w/2evN7LdBg=">AAAB83icbVBNS8NAEN34WetX1aOXxSJ4KkkR9FjoQU9SwX5AU8pmO2mXbjZhdyKW0L/hxYMiXv0z3vw3btsctPXBwOO9GWbmBYkUBl3321lb39jc2i7sFHf39g8OS0fHLROnmkOTxzLWnYAZkEJBEwVK6CQaWBRIaAfj+sxvP4I2IlYPOEmgF7GhEqHgDK3k+whPGITZTf1u2i+V3Yo7B10lXk7KJEejX/ryBzFPI1DIJTOm67kJ9jKmUXAJ06KfGkgYH7MhdC1VLALTy+Y3T+m5VQY0jLUthXSu/p7IWGTMJApsZ8RwZJa9mfif100xvO5lQiUpguKLRWEqKcZ0FgAdCA0c5cQSxrWwt1I+YppxtDEVbQje8surpFWteG7Fu78s16p5HAVySs7IBfHIFamRW9IgTcJJQp7JK3lzUufFeXc+Fq1rTj5zQv7A+fwBBYKRmw==</latexit><latexit sha1_base64="uGO1OtvS1TFMOZP4w/2evN7LdBg=">AAAB83icbVBNS8NAEN34WetX1aOXxSJ4KkkR9FjoQU9SwX5AU8pmO2mXbjZhdyKW0L/hxYMiXv0z3vw3btsctPXBwOO9GWbmBYkUBl3321lb39jc2i7sFHf39g8OS0fHLROnmkOTxzLWnYAZkEJBEwVK6CQaWBRIaAfj+sxvP4I2IlYPOEmgF7GhEqHgDK3k+whPGITZTf1u2i+V3Yo7B10lXk7KJEejX/ryBzFPI1DIJTOm67kJ9jKmUXAJ06KfGkgYH7MhdC1VLALTy+Y3T+m5VQY0jLUthXSu/p7IWGTMJApsZ8RwZJa9mfif100xvO5lQiUpguKLRWEqKcZ0FgAdCA0c5cQSxrWwt1I+YppxtDEVbQje8surpFWteG7Fu78s16p5HAVySs7IBfHIFamRW9IgTcJJQp7JK3lzUufFeXc+Fq1rTj5zQv7A+fwBBYKRmw==</latexit><latexit sha1_base64="uGO1OtvS1TFMOZP4w/2evN7LdBg=">AAAB83icbVBNS8NAEN34WetX1aOXxSJ4KkkR9FjoQU9SwX5AU8pmO2mXbjZhdyKW0L/hxYMiXv0z3vw3btsctPXBwOO9GWbmBYkUBl3321lb39jc2i7sFHf39g8OS0fHLROnmkOTxzLWnYAZkEJBEwVK6CQaWBRIaAfj+sxvP4I2IlYPOEmgF7GhEqHgDK3k+whPGITZTf1u2i+V3Yo7B10lXk7KJEejX/ryBzFPI1DIJTOm67kJ9jKmUXAJ06KfGkgYH7MhdC1VLALTy+Y3T+m5VQY0jLUthXSu/p7IWGTMJApsZ8RwZJa9mfif100xvO5lQiUpguKLRWEqKcZ0FgAdCA0c5cQSxrWwt1I+YppxtDEVbQje8surpFWteG7Fu78s16p5HAVySs7IBfHIFamRW9IgTcJJQp7JK3lzUufFeXc+Fq1rTj5zQv7A+fwBBYKRmw==</latexit><latexit sha1_base64="uGO1OtvS1TFMOZP4w/2evN7LdBg=">AAAB83icbVBNS8NAEN34WetX1aOXxSJ4KkkR9FjoQU9SwX5AU8pmO2mXbjZhdyKW0L/hxYMiXv0z3vw3btsctPXBwOO9GWbmBYkUBl3321lb39jc2i7sFHf39g8OS0fHLROnmkOTxzLWnYAZkEJBEwVK6CQaWBRIaAfj+sxvP4I2IlYPOEmgF7GhEqHgDK3k+whPGITZTf1u2i+V3Yo7B10lXk7KJEejX/ryBzFPI1DIJTOm67kJ9jKmUXAJ06KfGkgYH7MhdC1VLALTy+Y3T+m5VQY0jLUthXSu/p7IWGTMJApsZ8RwZJa9mfif100xvO5lQiUpguKLRWEqKcZ0FgAdCA0c5cQSxrWwt1I+YppxtDEVbQje8surpFWteG7Fu78s16p5HAVySs7IBfHIFamRW9IgTcJJQp7JK3lzUufFeXc+Fq1rTj5zQv7A+fwBBYKRmw==</latexit><latexit sha1_base64="uGO1OtvS1TFMOZP4w/2evN7LdBg=">AAAB83icbVBNS8NAEN34WetX1aOXxSJ4KkkR9FjoQU9SwX5AU8pmO2mXbjZhdyKW0L/hxYMiXv0z3vw3btsctPXBwOO9GWbmBYkUBl3321lb39jc2i7sFHf39g8OS0fHLROnmkOTxzLWnYAZkEJBEwVK6CQaWBRIaAfj+sxvP4I2IlYPOEmgF7GhEqHgDK3k+whPGITZTf1u2i+V3Yo7B10lXk7KJEejX/ryBzFPI1DIJTOm67kJ9jKmUXAJ06KfGkgYH7MhdC1VLALTy+Y3T+m5VQY0jLUthXSu/p7IWGTMJApsZ8RwZJa9mfif100xvO5lQiUpguKLRWEqKcZ0FgAdCA0c5cQSxrWwt1I+YppxtDEVbQje8surpFWteG7Fu78s16p5HAVySs7IBfHIFamRW9IgTcJJQp7JK3lzUufFeXc+Fq1rTj5zQv7A+fwBBYKRmw==</latexit><latexit sha1_base64="uGO1OtvS1TFMOZP4w/2evN7LdBg=">AAAB83icbVBNS8NAEN34WetX1aOXxSJ4KkkR9FjoQU9SwX5AU8pmO2mXbjZhdyKW0L/hxYMiXv0z3vw3btsctPXBwOO9GWbmBYkUBl3321lb39jc2i7sFHf39g8OS0fHLROnmkOTxzLWnYAZkEJBEwVK6CQaWBRIaAfj+sxvP4I2IlYPOEmgF7GhEqHgDK3k+whPGITZTf1u2i+V3Yo7B10lXk7KJEejX/ryBzFPI1DIJTOm67kJ9jKmUXAJ06KfGkgYH7MhdC1VLALTy+Y3T+m5VQY0jLUthXSu/p7IWGTMJApsZ8RwZJa9mfif100xvO5lQiUpguKLRWEqKcZ0FgAdCA0c5cQSxrWwt1I+YppxtDEVbQje8surpFWteG7Fu78s16p5HAVySs7IBfHIFamRW9IgTcJJQp7JK3lzUufFeXc+Fq1rTj5zQv7A+fwBBYKRmw==</latexit>

Input graph

Dense<latexit sha1_base64="tiuR31DKRrdg+ByeLCWMRQcR9Z8=">AAAB9XicbVBNS8NAEN34WetX1aOXxSJ4KkkR9FjQg8cK9gPaWDbbSbt0swm7E7WE/g8vHhTx6n/x5r9x2+agrQ8GHu/NMDMvSKQw6Lrfzsrq2vrGZmGruL2zu7dfOjhsmjjVHBo8lrFuB8yAFAoaKFBCO9HAokBCKxhdTf3WA2gjYnWH4wT8iA2UCAVnaKX7LsITBmF2DcrApFcquxV3BrpMvJyUSY56r/TV7cc8jUAhl8yYjucm6GdMo+ASJsVuaiBhfMQG0LFUsQiMn82untBTq/RpGGtbCulM/T2RsciYcRTYzojh0Cx6U/E/r5NieOlnQiUpguLzRWEqKcZ0GgHtCw0c5dgSxrWwt1I+ZJpxtEEVbQje4svLpFmteG7Fuz0v16p5HAVyTE7IGfHIBamRG1InDcKJJs/klbw5j86L8+58zFtXnHzmiPyB8/kDAQ6Sxg==</latexit><latexit sha1_base64="tiuR31DKRrdg+ByeLCWMRQcR9Z8=">AAAB9XicbVBNS8NAEN34WetX1aOXxSJ4KkkR9FjQg8cK9gPaWDbbSbt0swm7E7WE/g8vHhTx6n/x5r9x2+agrQ8GHu/NMDMvSKQw6Lrfzsrq2vrGZmGruL2zu7dfOjhsmjjVHBo8lrFuB8yAFAoaKFBCO9HAokBCKxhdTf3WA2gjYnWH4wT8iA2UCAVnaKX7LsITBmF2DcrApFcquxV3BrpMvJyUSY56r/TV7cc8jUAhl8yYjucm6GdMo+ASJsVuaiBhfMQG0LFUsQiMn82untBTq/RpGGtbCulM/T2RsciYcRTYzojh0Cx6U/E/r5NieOlnQiUpguLzRWEqKcZ0GgHtCw0c5dgSxrWwt1I+ZJpxtEEVbQje4svLpFmteG7Fuz0v16p5HAVyTE7IGfHIBamRG1InDcKJJs/klbw5j86L8+58zFtXnHzmiPyB8/kDAQ6Sxg==</latexit><latexit sha1_base64="tiuR31DKRrdg+ByeLCWMRQcR9Z8=">AAAB9XicbVBNS8NAEN34WetX1aOXxSJ4KkkR9FjQg8cK9gPaWDbbSbt0swm7E7WE/g8vHhTx6n/x5r9x2+agrQ8GHu/NMDMvSKQw6Lrfzsrq2vrGZmGruL2zu7dfOjhsmjjVHBo8lrFuB8yAFAoaKFBCO9HAokBCKxhdTf3WA2gjYnWH4wT8iA2UCAVnaKX7LsITBmF2DcrApFcquxV3BrpMvJyUSY56r/TV7cc8jUAhl8yYjucm6GdMo+ASJsVuaiBhfMQG0LFUsQiMn82untBTq/RpGGtbCulM/T2RsciYcRTYzojh0Cx6U/E/r5NieOlnQiUpguLzRWEqKcZ0GgHtCw0c5dgSxrWwt1I+ZJpxtEEVbQje4svLpFmteG7Fuz0v16p5HAVyTE7IGfHIBamRG1InDcKJJs/klbw5j86L8+58zFtXnHzmiPyB8/kDAQ6Sxg==</latexit><latexit sha1_base64="tiuR31DKRrdg+ByeLCWMRQcR9Z8=">AAAB9XicbVBNS8NAEN34WetX1aOXxSJ4KkkR9FjQg8cK9gPaWDbbSbt0swm7E7WE/g8vHhTx6n/x5r9x2+agrQ8GHu/NMDMvSKQw6Lrfzsrq2vrGZmGruL2zu7dfOjhsmjjVHBo8lrFuB8yAFAoaKFBCO9HAokBCKxhdTf3WA2gjYnWH4wT8iA2UCAVnaKX7LsITBmF2DcrApFcquxV3BrpMvJyUSY56r/TV7cc8jUAhl8yYjucm6GdMo+ASJsVuaiBhfMQG0LFUsQiMn82untBTq/RpGGtbCulM/T2RsciYcRTYzojh0Cx6U/E/r5NieOlnQiUpguLzRWEqKcZ0GgHtCw0c5dgSxrWwt1I+ZJpxtEEVbQje4svLpFmteG7Fuz0v16p5HAVyTE7IGfHIBamRG1InDcKJJs/klbw5j86L8+58zFtXnHzmiPyB8/kDAQ6Sxg==</latexit>

Z
V

i<latexit sha1_base64="zEKUOEVQ45Y3a5L6G6gFDFAnbXg=">AAACA3icbZDLSsNAFIZP6q3WW9SdboJFcFWSIuiy4MZlBXvBNobJdNIOnUzCzEQoIeDGV3HjQhG3voQ738ZJmoW2/jDw8Z9zmHN+P2ZUKtv+Niorq2vrG9XN2tb2zu6euX/QlVEiMOngiEWi7yNJGOWko6hipB8LgkKfkZ4/vcrrvQciJI34rZrFxA3RmNOAYqS05ZlHwxCpiR+kd9l9WjBGLO1mmUc9s2437ELWMjgl1KFU2zO/hqMIJyHhCjMk5cCxY+WmSCiKGclqw0SSGOEpGpOBRo5CIt20uCGzTrUzsoJI6MeVVbi/J1IUSjkLfd2ZbykXa7n5X22QqODSTSmPE0U4nn8UJMxSkZUHYo2oIFixmQaEBdW7WniCBMJKx1bTITiLJy9Dt9lw7IZzc15vNcs4qnAMJ3AGDlxAC66hDR3A8AjP8ApvxpPxYrwbH/PWilHOHMIfGZ8/FbyYYQ==</latexit><latexit sha1_base64="zEKUOEVQ45Y3a5L6G6gFDFAnbXg=">AAACA3icbZDLSsNAFIZP6q3WW9SdboJFcFWSIuiy4MZlBXvBNobJdNIOnUzCzEQoIeDGV3HjQhG3voQ738ZJmoW2/jDw8Z9zmHN+P2ZUKtv+Niorq2vrG9XN2tb2zu6euX/QlVEiMOngiEWi7yNJGOWko6hipB8LgkKfkZ4/vcrrvQciJI34rZrFxA3RmNOAYqS05ZlHwxCpiR+kd9l9WjBGLO1mmUc9s2437ELWMjgl1KFU2zO/hqMIJyHhCjMk5cCxY+WmSCiKGclqw0SSGOEpGpOBRo5CIt20uCGzTrUzsoJI6MeVVbi/J1IUSjkLfd2ZbykXa7n5X22QqODSTSmPE0U4nn8UJMxSkZUHYo2oIFixmQaEBdW7WniCBMJKx1bTITiLJy9Dt9lw7IZzc15vNcs4qnAMJ3AGDlxAC66hDR3A8AjP8ApvxpPxYrwbH/PWilHOHMIfGZ8/FbyYYQ==</latexit><latexit sha1_base64="zEKUOEVQ45Y3a5L6G6gFDFAnbXg=">AAACA3icbZDLSsNAFIZP6q3WW9SdboJFcFWSIuiy4MZlBXvBNobJdNIOnUzCzEQoIeDGV3HjQhG3voQ738ZJmoW2/jDw8Z9zmHN+P2ZUKtv+Niorq2vrG9XN2tb2zu6euX/QlVEiMOngiEWi7yNJGOWko6hipB8LgkKfkZ4/vcrrvQciJI34rZrFxA3RmNOAYqS05ZlHwxCpiR+kd9l9WjBGLO1mmUc9s2437ELWMjgl1KFU2zO/hqMIJyHhCjMk5cCxY+WmSCiKGclqw0SSGOEpGpOBRo5CIt20uCGzTrUzsoJI6MeVVbi/J1IUSjkLfd2ZbykXa7n5X22QqODSTSmPE0U4nn8UJMxSkZUHYo2oIFixmQaEBdW7WniCBMJKx1bTITiLJy9Dt9lw7IZzc15vNcs4qnAMJ3AGDlxAC66hDR3A8AjP8ApvxpPxYrwbH/PWilHOHMIfGZ8/FbyYYQ==</latexit><latexit sha1_base64="zEKUOEVQ45Y3a5L6G6gFDFAnbXg=">AAACA3icbZDLSsNAFIZP6q3WW9SdboJFcFWSIuiy4MZlBXvBNobJdNIOnUzCzEQoIeDGV3HjQhG3voQ738ZJmoW2/jDw8Z9zmHN+P2ZUKtv+Niorq2vrG9XN2tb2zu6euX/QlVEiMOngiEWi7yNJGOWko6hipB8LgkKfkZ4/vcrrvQciJI34rZrFxA3RmNOAYqS05ZlHwxCpiR+kd9l9WjBGLO1mmUc9s2437ELWMjgl1KFU2zO/hqMIJyHhCjMk5cCxY+WmSCiKGclqw0SSGOEpGpOBRo5CIt20uCGzTrUzsoJI6MeVVbi/J1IUSjkLfd2ZbykXa7n5X22QqODSTSmPE0U4nn8UJMxSkZUHYo2oIFixmQaEBdW7WniCBMJKx1bTITiLJy9Dt9lw7IZzc15vNcs4qnAMJ3AGDlxAC66hDR3A8AjP8ApvxpPxYrwbH/PWilHOHMIfGZ8/FbyYYQ==</latexit>
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[µVi
,σVi

]
<latexit sha1_base64="vgpkf9DG2XhPxQpRjrPCfayK58U=">AAACL3icbVBdS8MwFE3n15xfVR99KQ7BBxntEPRxIIiPE9wHtKWkabqFJWlJUmGU/iNf/Ct7EVHEV/+F6dYHt3khyeHcc8m5J0wpkcq2343axubW9k59t7G3f3B4ZB6f9GWSCYR7KKGJGIZQYko47imiKB6mAkMWUjwIJ3dlf/CMhSQJf1LTFPsMjjiJCYJKU4F573phQiM5ZfrJPZYVgb6hGiNI834RkOJqSSDJiME1jR+YTbtlz8taB04FmqCqbmDOvChBGcNcIQqldB07VX4OhSKI4qLhZRKnEE3gCLsacsiw9PP5voV1oZnIihOhD1fWnP07kUMmS8NaWdqUq72S/K/nZiq+9XPC00xhjhYfxRm1VGKV4VkRERgpOtUAIkG0VwuNoYBI6YgbOgRndeV10G+3HLvlPF43O+0qjjo4A+fgEjjgBnTAA+iCHkDgBczAB/g0Xo0348v4XkhrRjVzCpbK+PkFadesQg==</latexit><latexit sha1_base64="vgpkf9DG2XhPxQpRjrPCfayK58U=">AAACL3icbVBdS8MwFE3n15xfVR99KQ7BBxntEPRxIIiPE9wHtKWkabqFJWlJUmGU/iNf/Ct7EVHEV/+F6dYHt3khyeHcc8m5J0wpkcq2343axubW9k59t7G3f3B4ZB6f9GWSCYR7KKGJGIZQYko47imiKB6mAkMWUjwIJ3dlf/CMhSQJf1LTFPsMjjiJCYJKU4F573phQiM5ZfrJPZYVgb6hGiNI834RkOJqSSDJiME1jR+YTbtlz8taB04FmqCqbmDOvChBGcNcIQqldB07VX4OhSKI4qLhZRKnEE3gCLsacsiw9PP5voV1oZnIihOhD1fWnP07kUMmS8NaWdqUq72S/K/nZiq+9XPC00xhjhYfxRm1VGKV4VkRERgpOtUAIkG0VwuNoYBI6YgbOgRndeV10G+3HLvlPF43O+0qjjo4A+fgEjjgBnTAA+iCHkDgBczAB/g0Xo0348v4XkhrRjVzCpbK+PkFadesQg==</latexit><latexit sha1_base64="vgpkf9DG2XhPxQpRjrPCfayK58U=">AAACL3icbVBdS8MwFE3n15xfVR99KQ7BBxntEPRxIIiPE9wHtKWkabqFJWlJUmGU/iNf/Ct7EVHEV/+F6dYHt3khyeHcc8m5J0wpkcq2343axubW9k59t7G3f3B4ZB6f9GWSCYR7KKGJGIZQYko47imiKB6mAkMWUjwIJ3dlf/CMhSQJf1LTFPsMjjiJCYJKU4F573phQiM5ZfrJPZYVgb6hGiNI834RkOJqSSDJiME1jR+YTbtlz8taB04FmqCqbmDOvChBGcNcIQqldB07VX4OhSKI4qLhZRKnEE3gCLsacsiw9PP5voV1oZnIihOhD1fWnP07kUMmS8NaWdqUq72S/K/nZiq+9XPC00xhjhYfxRm1VGKV4VkRERgpOtUAIkG0VwuNoYBI6YgbOgRndeV10G+3HLvlPF43O+0qjjo4A+fgEjjgBnTAA+iCHkDgBczAB/g0Xo0348v4XkhrRjVzCpbK+PkFadesQg==</latexit><latexit sha1_base64="hP+6LrUf2d3tZaldqaQQvEKMXyw=">AAAB2XicbZDNSgMxFIXv1L86Vq1rN8EiuCozbnQpuHFZwbZCO5RM5k4bmskMyR2hDH0BF25EfC93vo3pz0JbDwQ+zknIvSculLQUBN9ebWd3b/+gfugfNfzjk9Nmo2fz0gjsilzl5jnmFpXU2CVJCp8LgzyLFfbj6f0i77+gsTLXTzQrMMr4WMtUCk7O6oyaraAdLMW2IVxDC9YaNb+GSS7KDDUJxa0dhEFBUcUNSaFw7g9LiwUXUz7GgUPNM7RRtRxzzi6dk7A0N+5oYkv394uKZ9bOstjdzDhN7Ga2MP/LBiWlt1EldVESarH6KC0Vo5wtdmaJNChIzRxwYaSblYkJN1yQa8Z3HYSbG29D77odBu3wMYA6nMMFXEEIN3AHD9CBLghI4BXevYn35n2suqp569LO4I+8zx84xIo4</latexit><latexit sha1_base64="OvCddAmAT58epWevIXs1KvTb50c=">AAACJHicbVBdS8MwFL2dX3NOrb76UhyCDzJaX/RREMTHCe4DulLSNN3CkrQkqTBK/5Ev/pW9iCjiTzHd9uA2DyQ5nHMvufdEGaNKu+6HVdva3tndq+83DpqHR8f2SbOn0lxi0sUpS+UgQoowKkhXU83IIJME8YiRfjS5r/z+C5GKpuJZTzMScDQSNKEYaSOF9oM/jFIWqyk3TzHkeRmaG+kxRqzolSEtr1YKFB1xtFEThHbLbbtzOJvEW5IWLNEJ7dkwTnHOidCYIaV8z810UCCpKWakbAxzRTKEJ2hEfEMF4kQFxXzf0rkwSuwkqTRHaGeu/u0oEFfVwKayGlOte5X4n+fnOrkNCiqyXBOBFx8lOXN06lThOTGVBGs2NQRhSc2sDh4jibA2ETdMCN76ypukd9323Lb35EIdzuAcLsGDG7iDR+hAFzC8wgw+4ct6s96t70VcNWuZ2ymswPr5BQ4Cqrg=</latexit><latexit sha1_base64="OvCddAmAT58epWevIXs1KvTb50c=">AAACJHicbVBdS8MwFL2dX3NOrb76UhyCDzJaX/RREMTHCe4DulLSNN3CkrQkqTBK/5Ev/pW9iCjiTzHd9uA2DyQ5nHMvufdEGaNKu+6HVdva3tndq+83DpqHR8f2SbOn0lxi0sUpS+UgQoowKkhXU83IIJME8YiRfjS5r/z+C5GKpuJZTzMScDQSNKEYaSOF9oM/jFIWqyk3TzHkeRmaG+kxRqzolSEtr1YKFB1xtFEThHbLbbtzOJvEW5IWLNEJ7dkwTnHOidCYIaV8z810UCCpKWakbAxzRTKEJ2hEfEMF4kQFxXzf0rkwSuwkqTRHaGeu/u0oEFfVwKayGlOte5X4n+fnOrkNCiqyXBOBFx8lOXN06lThOTGVBGs2NQRhSc2sDh4jibA2ETdMCN76ypukd9323Lb35EIdzuAcLsGDG7iDR+hAFzC8wgw+4ct6s96t70VcNWuZ2ymswPr5BQ4Cqrg=</latexit><latexit sha1_base64="QsHsUXmE55N4koMBA0pRndx7LYY=">AAACL3icbVDLSsNAFJ34rPUVdekmWAQXUpJudFkQxGUF+4AkhMlk0g6dR5iZCCXkj9z4K92IKOLWv3DSdmFbL8zM4dxzmXNPnFGitOu+WxubW9s7u7W9+v7B4dGxfXLaUyKXCHeRoEIOYqgwJRx3NdEUDzKJIYsp7sfju6rff8ZSEcGf9CTDIYNDTlKCoDZUZN/7QSxooibMPEXA8jIyN9QjBGnRKyNSXi8JFBkyuKYJI7vhNt1ZOevAW4AGWFQnsqdBIlDOMNeIQqV8z810WECpCaK4rAe5whlEYzjEvoEcMqzCYrZv6VwaJnFSIc3h2pmxfycKyFRl2Cgrm2q1V5H/9fxcp7dhQXiWa8zR/KM0p44WThWekxCJkaYTAyCSxHh10AhKiLSJuG5C8FZXXge9VtNzm96j22i3FnHUwDm4AFfAAzegDR5AB3QBAi9gCj7Ap/VqvVlf1vdcumEtZs7AUlk/v2iXrD4=</latexit><latexit sha1_base64="vgpkf9DG2XhPxQpRjrPCfayK58U=">AAACL3icbVBdS8MwFE3n15xfVR99KQ7BBxntEPRxIIiPE9wHtKWkabqFJWlJUmGU/iNf/Ct7EVHEV/+F6dYHt3khyeHcc8m5J0wpkcq2343axubW9k59t7G3f3B4ZB6f9GWSCYR7KKGJGIZQYko47imiKB6mAkMWUjwIJ3dlf/CMhSQJf1LTFPsMjjiJCYJKU4F573phQiM5ZfrJPZYVgb6hGiNI834RkOJqSSDJiME1jR+YTbtlz8taB04FmqCqbmDOvChBGcNcIQqldB07VX4OhSKI4qLhZRKnEE3gCLsacsiw9PP5voV1oZnIihOhD1fWnP07kUMmS8NaWdqUq72S/K/nZiq+9XPC00xhjhYfxRm1VGKV4VkRERgpOtUAIkG0VwuNoYBI6YgbOgRndeV10G+3HLvlPF43O+0qjjo4A+fgEjjgBnTAA+iCHkDgBczAB/g0Xo0348v4XkhrRjVzCpbK+PkFadesQg==</latexit><latexit sha1_base64="vgpkf9DG2XhPxQpRjrPCfayK58U=">AAACL3icbVBdS8MwFE3n15xfVR99KQ7BBxntEPRxIIiPE9wHtKWkabqFJWlJUmGU/iNf/Ct7EVHEV/+F6dYHt3khyeHcc8m5J0wpkcq2343axubW9k59t7G3f3B4ZB6f9GWSCYR7KKGJGIZQYko47imiKB6mAkMWUjwIJ3dlf/CMhSQJf1LTFPsMjjiJCYJKU4F573phQiM5ZfrJPZYVgb6hGiNI834RkOJqSSDJiME1jR+YTbtlz8taB04FmqCqbmDOvChBGcNcIQqldB07VX4OhSKI4qLhZRKnEE3gCLsacsiw9PP5voV1oZnIihOhD1fWnP07kUMmS8NaWdqUq72S/K/nZiq+9XPC00xhjhYfxRm1VGKV4VkRERgpOtUAIkG0VwuNoYBI6YgbOgRndeV10G+3HLvlPF43O+0qjjo4A+fgEjjgBnTAA+iCHkDgBczAB/g0Xo0348v4XkhrRjVzCpbK+PkFadesQg==</latexit><latexit sha1_base64="vgpkf9DG2XhPxQpRjrPCfayK58U=">AAACL3icbVBdS8MwFE3n15xfVR99KQ7BBxntEPRxIIiPE9wHtKWkabqFJWlJUmGU/iNf/Ct7EVHEV/+F6dYHt3khyeHcc8m5J0wpkcq2343axubW9k59t7G3f3B4ZB6f9GWSCYR7KKGJGIZQYko47imiKB6mAkMWUjwIJ3dlf/CMhSQJf1LTFPsMjjiJCYJKU4F573phQiM5ZfrJPZYVgb6hGiNI834RkOJqSSDJiME1jR+YTbtlz8taB04FmqCqbmDOvChBGcNcIQqldB07VX4OhSKI4qLhZRKnEE3gCLsacsiw9PP5voV1oZnIihOhD1fWnP07kUMmS8NaWdqUq72S/K/nZiq+9XPC00xhjhYfxRm1VGKV4VkRERgpOtUAIkG0VwuNoYBI6YgbOgRndeV10G+3HLvlPF43O+0qjjo4A+fgEjjgBnTAA+iCHkDgBczAB/g0Xo0348v4XkhrRjVzCpbK+PkFadesQg==</latexit><latexit sha1_base64="vgpkf9DG2XhPxQpRjrPCfayK58U=">AAACL3icbVBdS8MwFE3n15xfVR99KQ7BBxntEPRxIIiPE9wHtKWkabqFJWlJUmGU/iNf/Ct7EVHEV/+F6dYHt3khyeHcc8m5J0wpkcq2343axubW9k59t7G3f3B4ZB6f9GWSCYR7KKGJGIZQYko47imiKB6mAkMWUjwIJ3dlf/CMhSQJf1LTFPsMjjiJCYJKU4F573phQiM5ZfrJPZYVgb6hGiNI834RkOJqSSDJiME1jR+YTbtlz8taB04FmqCqbmDOvChBGcNcIQqldB07VX4OhSKI4qLhZRKnEE3gCLsacsiw9PP5voV1oZnIihOhD1fWnP07kUMmS8NaWdqUq72S/K/nZiq+9XPC00xhjhYfxRm1VGKV4VkRERgpOtUAIkG0VwuNoYBI6YgbOgRndeV10G+3HLvlPF43O+0qjjo4A+fgEjjgBnTAA+iCHkDgBczAB/g0Xo0348v4XkhrRjVzCpbK+PkFadesQg==</latexit><latexit sha1_base64="vgpkf9DG2XhPxQpRjrPCfayK58U=">AAACL3icbVBdS8MwFE3n15xfVR99KQ7BBxntEPRxIIiPE9wHtKWkabqFJWlJUmGU/iNf/Ct7EVHEV/+F6dYHt3khyeHcc8m5J0wpkcq2343axubW9k59t7G3f3B4ZB6f9GWSCYR7KKGJGIZQYko47imiKB6mAkMWUjwIJ3dlf/CMhSQJf1LTFPsMjjiJCYJKU4F573phQiM5ZfrJPZYVgb6hGiNI834RkOJqSSDJiME1jR+YTbtlz8taB04FmqCqbmDOvChBGcNcIQqldB07VX4OhSKI4qLhZRKnEE3gCLsacsiw9PP5voV1oZnIihOhD1fWnP07kUMmS8NaWdqUq72S/K/nZiq+9XPC00xhjhYfxRm1VGKV4VkRERgpOtUAIkG0VwuNoYBI6YgbOgRndeV10G+3HLvlPF43O+0qjjo4A+fgEjjgBnTAA+iCHkDgBczAB/g0Xo0348v4XkhrRjVzCpbK+PkFadesQg==</latexit><latexit sha1_base64="vgpkf9DG2XhPxQpRjrPCfayK58U=">AAACL3icbVBdS8MwFE3n15xfVR99KQ7BBxntEPRxIIiPE9wHtKWkabqFJWlJUmGU/iNf/Ct7EVHEV/+F6dYHt3khyeHcc8m5J0wpkcq2343axubW9k59t7G3f3B4ZB6f9GWSCYR7KKGJGIZQYko47imiKB6mAkMWUjwIJ3dlf/CMhSQJf1LTFPsMjjiJCYJKU4F573phQiM5ZfrJPZYVgb6hGiNI834RkOJqSSDJiME1jR+YTbtlz8taB04FmqCqbmDOvChBGcNcIQqldB07VX4OhSKI4qLhZRKnEE3gCLsacsiw9PP5voV1oZnIihOhD1fWnP07kUMmS8NaWdqUq72S/K/nZiq+9XPC00xhjhYfxRm1VGKV4VkRERgpOtUAIkG0VwuNoYBI6YgbOgRndeV10G+3HLvlPF43O+0qjjo4A+fgEjjgBnTAA+iCHkDgBczAB/g0Xo0348v4XkhrRjVzCpbK+PkFadesQg==</latexit>
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]
<latexit sha1_base64="unNBngJTmtH71AQf1GNB8krQgl4=">AAACL3icbVBdS8MwFE3n15xfVR99KQ7BBxntEPRxIIiPE9wmtKWkabrFJU1JUmGU/iNf/Ct7EVHEV/+F6dYHt3khyeHcc8m5J0wpkcq2343a2vrG5lZ9u7Gzu7d/YB4e9SXPBMI9xCkXjyGUmJIE9xRRFD+mAkMWUjwIxzdlf/CMhSQ8eVCTFPsMDhMSEwSVpgLz1vVCTiM5YfrJPZYVgb6hGiFI834RPBUXCwJJhgyuaPzAbNote1bWKnAq0ARVdQNz6kUcZQwnClEopevYqfJzKBRBFBcNL5M4hWgMh9jVMIEMSz+f7VtYZ5qJrJgLfRJlzdi/EzlksjSslaVNudwryf96bqbiaz8nSZopnKD5R3FGLcWtMjwrIgIjRScaQCSI9mqhERQQKR1xQ4fgLK+8CvrtlmO3nPvLZqddxVEHJ+AUnAMHXIEOuANd0AMIvIAp+ACfxqvxZnwZ33NpzahmjsFCGT+/bQesRA==</latexit><latexit sha1_base64="unNBngJTmtH71AQf1GNB8krQgl4=">AAACL3icbVBdS8MwFE3n15xfVR99KQ7BBxntEPRxIIiPE9wmtKWkabrFJU1JUmGU/iNf/Ct7EVHEV/+F6dYHt3khyeHcc8m5J0wpkcq2343a2vrG5lZ9u7Gzu7d/YB4e9SXPBMI9xCkXjyGUmJIE9xRRFD+mAkMWUjwIxzdlf/CMhSQ8eVCTFPsMDhMSEwSVpgLz1vVCTiM5YfrJPZYVgb6hGiFI834RPBUXCwJJhgyuaPzAbNote1bWKnAq0ARVdQNz6kUcZQwnClEopevYqfJzKBRBFBcNL5M4hWgMh9jVMIEMSz+f7VtYZ5qJrJgLfRJlzdi/EzlksjSslaVNudwryf96bqbiaz8nSZopnKD5R3FGLcWtMjwrIgIjRScaQCSI9mqhERQQKR1xQ4fgLK+8CvrtlmO3nPvLZqddxVEHJ+AUnAMHXIEOuANd0AMIvIAp+ACfxqvxZnwZ33NpzahmjsFCGT+/bQesRA==</latexit><latexit sha1_base64="unNBngJTmtH71AQf1GNB8krQgl4=">AAACL3icbVBdS8MwFE3n15xfVR99KQ7BBxntEPRxIIiPE9wmtKWkabrFJU1JUmGU/iNf/Ct7EVHEV/+F6dYHt3khyeHcc8m5J0wpkcq2343a2vrG5lZ9u7Gzu7d/YB4e9SXPBMI9xCkXjyGUmJIE9xRRFD+mAkMWUjwIxzdlf/CMhSQ8eVCTFPsMDhMSEwSVpgLz1vVCTiM5YfrJPZYVgb6hGiFI834RPBUXCwJJhgyuaPzAbNote1bWKnAq0ARVdQNz6kUcZQwnClEopevYqfJzKBRBFBcNL5M4hWgMh9jVMIEMSz+f7VtYZ5qJrJgLfRJlzdi/EzlksjSslaVNudwryf96bqbiaz8nSZopnKD5R3FGLcWtMjwrIgIjRScaQCSI9mqhERQQKR1xQ4fgLK+8CvrtlmO3nPvLZqddxVEHJ+AUnAMHXIEOuANd0AMIvIAp+ACfxqvxZnwZ33NpzahmjsFCGT+/bQesRA==</latexit><latexit sha1_base64="hP+6LrUf2d3tZaldqaQQvEKMXyw=">AAAB2XicbZDNSgMxFIXv1L86Vq1rN8EiuCozbnQpuHFZwbZCO5RM5k4bmskMyR2hDH0BF25EfC93vo3pz0JbDwQ+zknIvSculLQUBN9ebWd3b/+gfugfNfzjk9Nmo2fz0gjsilzl5jnmFpXU2CVJCp8LgzyLFfbj6f0i77+gsTLXTzQrMMr4WMtUCk7O6oyaraAdLMW2IVxDC9YaNb+GSS7KDDUJxa0dhEFBUcUNSaFw7g9LiwUXUz7GgUPNM7RRtRxzzi6dk7A0N+5oYkv394uKZ9bOstjdzDhN7Ga2MP/LBiWlt1EldVESarH6KC0Vo5wtdmaJNChIzRxwYaSblYkJN1yQa8Z3HYSbG29D77odBu3wMYA6nMMFXEEIN3AHD9CBLghI4BXevYn35n2suqp569LO4I+8zx84xIo4</latexit><latexit sha1_base64="HVruMN3tiqkAhT5C15vfHKr5Y/M=">AAACJHicbVBdS8MwFL31c86p1VdfgkPwQUbriz4Kgvg4wX1AV0qapltcmpYkFUbpP/LFv7IXEUX8KabbHtzmgSSHc+4l954w40xpx/mwNja3tnd2a3v1/cbB4ZF93OiqNJeEdkjKU9kPsaKcCdrRTHPazyTFSchpLxzfVX7vhUrFUvGkJxn1EzwULGYEayMF9r03CFMeqUlinmKQ5GVgbqxHBPOiWwbP5eVSgWLDBK/V+IHddFrODGiduAvShAXagT0dRCnJEyo04Vgpz3Uy7RdYakY4LeuDXNEMkzEeUs9QgROq/GK2b4nOjRKhOJXmCI1m6t+OAieqGthUVmOqVa8S//O8XMc3fsFElmsqyPyjOOdIp6gKD0VMUqL5xBBMJDOzIjLCEhNtIq6bENzVlddJ96rlOi330YEanMIZXIAL13ALD9CGDhB4hSl8wpf1Zr1b3/O4NqxFbiewBOvnFxEcqro=</latexit><latexit sha1_base64="HVruMN3tiqkAhT5C15vfHKr5Y/M=">AAACJHicbVBdS8MwFL31c86p1VdfgkPwQUbriz4Kgvg4wX1AV0qapltcmpYkFUbpP/LFv7IXEUX8KabbHtzmgSSHc+4l954w40xpx/mwNja3tnd2a3v1/cbB4ZF93OiqNJeEdkjKU9kPsaKcCdrRTHPazyTFSchpLxzfVX7vhUrFUvGkJxn1EzwULGYEayMF9r03CFMeqUlinmKQ5GVgbqxHBPOiWwbP5eVSgWLDBK/V+IHddFrODGiduAvShAXagT0dRCnJEyo04Vgpz3Uy7RdYakY4LeuDXNEMkzEeUs9QgROq/GK2b4nOjRKhOJXmCI1m6t+OAieqGthUVmOqVa8S//O8XMc3fsFElmsqyPyjOOdIp6gKD0VMUqL5xBBMJDOzIjLCEhNtIq6bENzVlddJ96rlOi330YEanMIZXIAL13ALD9CGDhB4hSl8wpf1Zr1b3/O4NqxFbiewBOvnFxEcqro=</latexit><latexit sha1_base64="h7j8F7GC4CVG7g2K/SVQ+I0pYpY=">AAACL3icbVBNS8MwGE7n15xfVY9egkPwIKPdRY8DQTxOcB/QlpKm6RaXNiVJhVH6j7z4V3YRUcSr/8J068FtvpDk4XmflzzvE6SMSmVZ70ZtY3Nre6e+29jbPzg8Mo9P+pJnApMe5oyLYYAkYTQhPUUVI8NUEBQHjAyCyW3ZHzwTISlPHtU0JV6MRgmNKEZKU75557gBZ6GcxvrJ3TgrfH0jNcaI5f3CfyqulgSSjmK0pvF8s2m1rHnBdWBXoAmq6vrmzA05zmKSKMyQlI5tpcrLkVAUM1I03EySFOEJGhFHwwTFRHr5fN8CXmgmhBEX+iQKztm/EzmKZWlYK0ubcrVXkv/1nExFN15OkzRTJMGLj6KMQcVhGR4MqSBYsakGCAuqvUI8RgJhpSNu6BDs1ZXXQb/dsq2W/WA1O+0qjjo4A+fgEtjgGnTAPeiCHsDgBczAB/g0Xo0348v4XkhrRjVzCpbK+PkFa8esQA==</latexit><latexit sha1_base64="unNBngJTmtH71AQf1GNB8krQgl4=">AAACL3icbVBdS8MwFE3n15xfVR99KQ7BBxntEPRxIIiPE9wmtKWkabrFJU1JUmGU/iNf/Ct7EVHEV/+F6dYHt3khyeHcc8m5J0wpkcq2343a2vrG5lZ9u7Gzu7d/YB4e9SXPBMI9xCkXjyGUmJIE9xRRFD+mAkMWUjwIxzdlf/CMhSQ8eVCTFPsMDhMSEwSVpgLz1vVCTiM5YfrJPZYVgb6hGiFI834RPBUXCwJJhgyuaPzAbNote1bWKnAq0ARVdQNz6kUcZQwnClEopevYqfJzKBRBFBcNL5M4hWgMh9jVMIEMSz+f7VtYZ5qJrJgLfRJlzdi/EzlksjSslaVNudwryf96bqbiaz8nSZopnKD5R3FGLcWtMjwrIgIjRScaQCSI9mqhERQQKR1xQ4fgLK+8CvrtlmO3nPvLZqddxVEHJ+AUnAMHXIEOuANd0AMIvIAp+ACfxqvxZnwZ33NpzahmjsFCGT+/bQesRA==</latexit><latexit sha1_base64="unNBngJTmtH71AQf1GNB8krQgl4=">AAACL3icbVBdS8MwFE3n15xfVR99KQ7BBxntEPRxIIiPE9wmtKWkabrFJU1JUmGU/iNf/Ct7EVHEV/+F6dYHt3khyeHcc8m5J0wpkcq2343a2vrG5lZ9u7Gzu7d/YB4e9SXPBMI9xCkXjyGUmJIE9xRRFD+mAkMWUjwIxzdlf/CMhSQ8eVCTFPsMDhMSEwSVpgLz1vVCTiM5YfrJPZYVgb6hGiFI834RPBUXCwJJhgyuaPzAbNote1bWKnAq0ARVdQNz6kUcZQwnClEopevYqfJzKBRBFBcNL5M4hWgMh9jVMIEMSz+f7VtYZ5qJrJgLfRJlzdi/EzlksjSslaVNudwryf96bqbiaz8nSZopnKD5R3FGLcWtMjwrIgIjRScaQCSI9mqhERQQKR1xQ4fgLK+8CvrtlmO3nPvLZqddxVEHJ+AUnAMHXIEOuANd0AMIvIAp+ACfxqvxZnwZ33NpzahmjsFCGT+/bQesRA==</latexit><latexit sha1_base64="unNBngJTmtH71AQf1GNB8krQgl4=">AAACL3icbVBdS8MwFE3n15xfVR99KQ7BBxntEPRxIIiPE9wmtKWkabrFJU1JUmGU/iNf/Ct7EVHEV/+F6dYHt3khyeHcc8m5J0wpkcq2343a2vrG5lZ9u7Gzu7d/YB4e9SXPBMI9xCkXjyGUmJIE9xRRFD+mAkMWUjwIxzdlf/CMhSQ8eVCTFPsMDhMSEwSVpgLz1vVCTiM5YfrJPZYVgb6hGiFI834RPBUXCwJJhgyuaPzAbNote1bWKnAq0ARVdQNz6kUcZQwnClEopevYqfJzKBRBFBcNL5M4hWgMh9jVMIEMSz+f7VtYZ5qJrJgLfRJlzdi/EzlksjSslaVNudwryf96bqbiaz8nSZopnKD5R3FGLcWtMjwrIgIjRScaQCSI9mqhERQQKR1xQ4fgLK+8CvrtlmO3nPvLZqddxVEHJ+AUnAMHXIEOuANd0AMIvIAp+ACfxqvxZnwZ33NpzahmjsFCGT+/bQesRA==</latexit><latexit sha1_base64="unNBngJTmtH71AQf1GNB8krQgl4=">AAACL3icbVBdS8MwFE3n15xfVR99KQ7BBxntEPRxIIiPE9wmtKWkabrFJU1JUmGU/iNf/Ct7EVHEV/+F6dYHt3khyeHcc8m5J0wpkcq2343a2vrG5lZ9u7Gzu7d/YB4e9SXPBMI9xCkXjyGUmJIE9xRRFD+mAkMWUjwIxzdlf/CMhSQ8eVCTFPsMDhMSEwSVpgLz1vVCTiM5YfrJPZYVgb6hGiFI834RPBUXCwJJhgyuaPzAbNote1bWKnAq0ARVdQNz6kUcZQwnClEopevYqfJzKBRBFBcNL5M4hWgMh9jVMIEMSz+f7VtYZ5qJrJgLfRJlzdi/EzlksjSslaVNudwryf96bqbiaz8nSZopnKD5R3FGLcWtMjwrIgIjRScaQCSI9mqhERQQKR1xQ4fgLK+8CvrtlmO3nPvLZqddxVEHJ+AUnAMHXIEOuANd0AMIvIAp+ACfxqvxZnwZ33NpzahmjsFCGT+/bQesRA==</latexit><latexit sha1_base64="unNBngJTmtH71AQf1GNB8krQgl4=">AAACL3icbVBdS8MwFE3n15xfVR99KQ7BBxntEPRxIIiPE9wmtKWkabrFJU1JUmGU/iNf/Ct7EVHEV/+F6dYHt3khyeHcc8m5J0wpkcq2343a2vrG5lZ9u7Gzu7d/YB4e9SXPBMI9xCkXjyGUmJIE9xRRFD+mAkMWUjwIxzdlf/CMhSQ8eVCTFPsMDhMSEwSVpgLz1vVCTiM5YfrJPZYVgb6hGiFI834RPBUXCwJJhgyuaPzAbNote1bWKnAq0ARVdQNz6kUcZQwnClEopevYqfJzKBRBFBcNL5M4hWgMh9jVMIEMSz+f7VtYZ5qJrJgLfRJlzdi/EzlksjSslaVNudwryf96bqbiaz8nSZopnKD5R3FGLcWtMjwrIgIjRScaQCSI9mqhERQQKR1xQ4fgLK+8CvrtlmO3nPvLZqddxVEHJ+AUnAMHXIEOuANd0AMIvIAp+ACfxqvxZnwZ33NpzahmjsFCGT+/bQesRA==</latexit><latexit sha1_base64="unNBngJTmtH71AQf1GNB8krQgl4=">AAACL3icbVBdS8MwFE3n15xfVR99KQ7BBxntEPRxIIiPE9wmtKWkabrFJU1JUmGU/iNf/Ct7EVHEV/+F6dYHt3khyeHcc8m5J0wpkcq2343a2vrG5lZ9u7Gzu7d/YB4e9SXPBMI9xCkXjyGUmJIE9xRRFD+mAkMWUjwIxzdlf/CMhSQ8eVCTFPsMDhMSEwSVpgLz1vVCTiM5YfrJPZYVgb6hGiFI834RPBUXCwJJhgyuaPzAbNote1bWKnAq0ARVdQNz6kUcZQwnClEopevYqfJzKBRBFBcNL5M4hWgMh9jVMIEMSz+f7VtYZ5qJrJgLfRJlzdi/EzlksjSslaVNudwryf96bqbiaz8nSZopnKD5R3FGLcWtMjwrIgIjRScaQCSI9mqhERQQKR1xQ4fgLK+8CvrtlmO3nPvLZqddxVEHJ+AUnAMHXIEOuANd0AMIvIAp+ACfxqvxZnwZ33NpzahmjsFCGT+/bQesRA==</latexit>

gθ
<latexit sha1_base64="eU6ryvJCxt1Mol9QbOIg7xr3vSk=">AAAB73icbVBNS8NAEJ3Ur1q/qh69BIvgqSRF0GPBi8cK9gPaUDbbabt0s4m7E6GE/gkvHhTx6t/x5r9x2+agrQ8GHu/NMDMvTKQw5HnfTmFjc2t7p7hb2ts/ODwqH5+0TJxqjk0ey1h3QmZQCoVNEiSxk2hkUSixHU5u5377CbURsXqgaYJBxEZKDAVnZKXOqN+jMRLrlyte1VvAXSd+TiqQo9Evf/UGMU8jVMQlM6brewkFGdMkuMRZqZcaTBifsBF2LVUsQhNki3tn7oVVBu4w1rYUuQv190TGImOmUWg7I0Zjs+rNxf+8bkrDmyATKkkJFV8uGqbSpdidP+8OhEZOcmoJ41rYW10+ZppxshGVbAj+6svrpFWr+l7Vv7+q1Gt5HEU4g3O4BB+uoQ530IAmcJDwDK/w5jw6L86787FsLTj5zCn8gfP5AxpGj/I=</latexit><latexit sha1_base64="eU6ryvJCxt1Mol9QbOIg7xr3vSk=">AAAB73icbVBNS8NAEJ3Ur1q/qh69BIvgqSRF0GPBi8cK9gPaUDbbabt0s4m7E6GE/gkvHhTx6t/x5r9x2+agrQ8GHu/NMDMvTKQw5HnfTmFjc2t7p7hb2ts/ODwqH5+0TJxqjk0ey1h3QmZQCoVNEiSxk2hkUSixHU5u5377CbURsXqgaYJBxEZKDAVnZKXOqN+jMRLrlyte1VvAXSd+TiqQo9Evf/UGMU8jVMQlM6brewkFGdMkuMRZqZcaTBifsBF2LVUsQhNki3tn7oVVBu4w1rYUuQv190TGImOmUWg7I0Zjs+rNxf+8bkrDmyATKkkJFV8uGqbSpdidP+8OhEZOcmoJ41rYW10+ZppxshGVbAj+6svrpFWr+l7Vv7+q1Gt5HEU4g3O4BB+uoQ530IAmcJDwDK/w5jw6L86787FsLTj5zCn8gfP5AxpGj/I=</latexit><latexit sha1_base64="eU6ryvJCxt1Mol9QbOIg7xr3vSk=">AAAB73icbVBNS8NAEJ3Ur1q/qh69BIvgqSRF0GPBi8cK9gPaUDbbabt0s4m7E6GE/gkvHhTx6t/x5r9x2+agrQ8GHu/NMDMvTKQw5HnfTmFjc2t7p7hb2ts/ODwqH5+0TJxqjk0ey1h3QmZQCoVNEiSxk2hkUSixHU5u5377CbURsXqgaYJBxEZKDAVnZKXOqN+jMRLrlyte1VvAXSd+TiqQo9Evf/UGMU8jVMQlM6brewkFGdMkuMRZqZcaTBifsBF2LVUsQhNki3tn7oVVBu4w1rYUuQv190TGImOmUWg7I0Zjs+rNxf+8bkrDmyATKkkJFV8uGqbSpdidP+8OhEZOcmoJ41rYW10+ZppxshGVbAj+6svrpFWr+l7Vv7+q1Gt5HEU4g3O4BB+uoQ530IAmcJDwDK/w5jw6L86787FsLTj5zCn8gfP5AxpGj/I=</latexit><latexit sha1_base64="eU6ryvJCxt1Mol9QbOIg7xr3vSk=">AAAB73icbVBNS8NAEJ3Ur1q/qh69BIvgqSRF0GPBi8cK9gPaUDbbabt0s4m7E6GE/gkvHhTx6t/x5r9x2+agrQ8GHu/NMDMvTKQw5HnfTmFjc2t7p7hb2ts/ODwqH5+0TJxqjk0ey1h3QmZQCoVNEiSxk2hkUSixHU5u5377CbURsXqgaYJBxEZKDAVnZKXOqN+jMRLrlyte1VvAXSd+TiqQo9Evf/UGMU8jVMQlM6brewkFGdMkuMRZqZcaTBifsBF2LVUsQhNki3tn7oVVBu4w1rYUuQv190TGImOmUWg7I0Zjs+rNxf+8bkrDmyATKkkJFV8uGqbSpdidP+8OhEZOcmoJ41rYW10+ZppxshGVbAj+6svrpFWr+l7Vv7+q1Gt5HEU4g3O4BB+uoQ530IAmcJDwDK/w5jw6L86787FsLTj5zCn8gfP5AxpGj/I=</latexit>

fφ
<latexit sha1_base64="c4THz2H5IJwir8urYKckgpY8AcI=">AAAB7XicbVDLSgNBEOyNrxhfUY9eBoPgKewGQY8BLx4jmAckS5idzCZjZmeWmV4hhPyDFw+KePV/vPk3TpI9aGJBQ1HVTXdXlEph0fe/vcLG5tb2TnG3tLd/cHhUPj5pWZ0ZxptMS206EbVcCsWbKFDyTmo4TSLJ29H4du63n7ixQqsHnKQ8TOhQiVgwik5qxf1eOhL9csWv+guQdRLkpAI5Gv3yV2+gWZZwhUxSa7uBn2I4pQYFk3xW6mWWp5SN6ZB3HVU04TacLq6dkQunDEisjSuFZKH+npjSxNpJErnOhOLIrnpz8T+vm2F8E06FSjPkii0XxZkkqMn8dTIQhjOUE0coM8LdStiIGsrQBVRyIQSrL6+TVq0a+NXg/qpSr+VxFOEMzuESAriGOtxBA5rA4BGe4RXePO29eO/ex7K14OUzp/AH3ucPhquPCA==</latexit><latexit sha1_base64="c4THz2H5IJwir8urYKckgpY8AcI=">AAAB7XicbVDLSgNBEOyNrxhfUY9eBoPgKewGQY8BLx4jmAckS5idzCZjZmeWmV4hhPyDFw+KePV/vPk3TpI9aGJBQ1HVTXdXlEph0fe/vcLG5tb2TnG3tLd/cHhUPj5pWZ0ZxptMS206EbVcCsWbKFDyTmo4TSLJ29H4du63n7ixQqsHnKQ8TOhQiVgwik5qxf1eOhL9csWv+guQdRLkpAI5Gv3yV2+gWZZwhUxSa7uBn2I4pQYFk3xW6mWWp5SN6ZB3HVU04TacLq6dkQunDEisjSuFZKH+npjSxNpJErnOhOLIrnpz8T+vm2F8E06FSjPkii0XxZkkqMn8dTIQhjOUE0coM8LdStiIGsrQBVRyIQSrL6+TVq0a+NXg/qpSr+VxFOEMzuESAriGOtxBA5rA4BGe4RXePO29eO/ex7K14OUzp/AH3ucPhquPCA==</latexit><latexit sha1_base64="c4THz2H5IJwir8urYKckgpY8AcI=">AAAB7XicbVDLSgNBEOyNrxhfUY9eBoPgKewGQY8BLx4jmAckS5idzCZjZmeWmV4hhPyDFw+KePV/vPk3TpI9aGJBQ1HVTXdXlEph0fe/vcLG5tb2TnG3tLd/cHhUPj5pWZ0ZxptMS206EbVcCsWbKFDyTmo4TSLJ29H4du63n7ixQqsHnKQ8TOhQiVgwik5qxf1eOhL9csWv+guQdRLkpAI5Gv3yV2+gWZZwhUxSa7uBn2I4pQYFk3xW6mWWp5SN6ZB3HVU04TacLq6dkQunDEisjSuFZKH+npjSxNpJErnOhOLIrnpz8T+vm2F8E06FSjPkii0XxZkkqMn8dTIQhjOUE0coM8LdStiIGsrQBVRyIQSrL6+TVq0a+NXg/qpSr+VxFOEMzuESAriGOtxBA5rA4BGe4RXePO29eO/ex7K14OUzp/AH3ucPhquPCA==</latexit><latexit sha1_base64="c4THz2H5IJwir8urYKckgpY8AcI=">AAAB7XicbVDLSgNBEOyNrxhfUY9eBoPgKewGQY8BLx4jmAckS5idzCZjZmeWmV4hhPyDFw+KePV/vPk3TpI9aGJBQ1HVTXdXlEph0fe/vcLG5tb2TnG3tLd/cHhUPj5pWZ0ZxptMS206EbVcCsWbKFDyTmo4TSLJ29H4du63n7ixQqsHnKQ8TOhQiVgwik5qxf1eOhL9csWv+guQdRLkpAI5Gv3yV2+gWZZwhUxSa7uBn2I4pQYFk3xW6mWWp5SN6ZB3HVU04TacLq6dkQunDEisjSuFZKH+npjSxNpJErnOhOLIrnpz8T+vm2F8E06FSjPkii0XxZkkqMn8dTIQhjOUE0coM8LdStiIGsrQBVRyIQSrL6+TVq0a+NXg/qpSr+VxFOEMzuESAriGOtxBA5rA4BGe4RXePO29eO/ex7K14OUzp/AH3ucPhquPCA==</latexit>

[µAa

,σAa
]

<latexit sha1_base64="XHm0Ips5B4BQZlW16wcK8OkT1Z4=">AAACL3icbVDLSsNAFJ34rPUVdekmWAQXUpIi6LIiiMsK9gFJCDeTSTt08mBmIpSQP3Ljr3Qjoohb/8JJm4VtvTAzh3PPZc49fsqokKb5rq2tb2xubdd26rt7+weH+tFxTyQZx6SLE5bwgQ+CMBqTrqSSkUHKCUQ+I31/fFf2+8+EC5rET3KSEjeCYUxDikEqytPvbcdPWCAmkXpyJ8oKT90gRxhYflt4UFwuCAQdRrCicT29YTbNWRmrwKpAA1XV8fSpEyQ4i0gsMQMhbMtMpZsDlxQzUtSdTJAU8BiGxFYwhogIN5/tWxjnigmMMOHqxNKYsX8ncohEaVgpS5tiuVeS//XsTIY3bk7jNJMkxvOPwowZMjHK8IyAcoIlmygAmFPl1cAj4ICliriuQrCWV14FvVbTMpvW41Wj3ariqKFTdIYukIWuURs9oA7qIoxe0BR9oE/tVXvTvrTvuXRNq2ZO0EJpP78M6awI</latexit><latexit sha1_base64="XHm0Ips5B4BQZlW16wcK8OkT1Z4=">AAACL3icbVDLSsNAFJ34rPUVdekmWAQXUpIi6LIiiMsK9gFJCDeTSTt08mBmIpSQP3Ljr3Qjoohb/8JJm4VtvTAzh3PPZc49fsqokKb5rq2tb2xubdd26rt7+weH+tFxTyQZx6SLE5bwgQ+CMBqTrqSSkUHKCUQ+I31/fFf2+8+EC5rET3KSEjeCYUxDikEqytPvbcdPWCAmkXpyJ8oKT90gRxhYflt4UFwuCAQdRrCicT29YTbNWRmrwKpAA1XV8fSpEyQ4i0gsMQMhbMtMpZsDlxQzUtSdTJAU8BiGxFYwhogIN5/tWxjnigmMMOHqxNKYsX8ncohEaVgpS5tiuVeS//XsTIY3bk7jNJMkxvOPwowZMjHK8IyAcoIlmygAmFPl1cAj4ICliriuQrCWV14FvVbTMpvW41Wj3ariqKFTdIYukIWuURs9oA7qIoxe0BR9oE/tVXvTvrTvuXRNq2ZO0EJpP78M6awI</latexit><latexit sha1_base64="XHm0Ips5B4BQZlW16wcK8OkT1Z4=">AAACL3icbVDLSsNAFJ34rPUVdekmWAQXUpIi6LIiiMsK9gFJCDeTSTt08mBmIpSQP3Ljr3Qjoohb/8JJm4VtvTAzh3PPZc49fsqokKb5rq2tb2xubdd26rt7+weH+tFxTyQZx6SLE5bwgQ+CMBqTrqSSkUHKCUQ+I31/fFf2+8+EC5rET3KSEjeCYUxDikEqytPvbcdPWCAmkXpyJ8oKT90gRxhYflt4UFwuCAQdRrCicT29YTbNWRmrwKpAA1XV8fSpEyQ4i0gsMQMhbMtMpZsDlxQzUtSdTJAU8BiGxFYwhogIN5/tWxjnigmMMOHqxNKYsX8ncohEaVgpS5tiuVeS//XsTIY3bk7jNJMkxvOPwowZMjHK8IyAcoIlmygAmFPl1cAj4ICliriuQrCWV14FvVbTMpvW41Wj3ariqKFTdIYukIWuURs9oA7qIoxe0BR9oE/tVXvTvrTvuXRNq2ZO0EJpP78M6awI</latexit><latexit sha1_base64="hP+6LrUf2d3tZaldqaQQvEKMXyw=">AAAB2XicbZDNSgMxFIXv1L86Vq1rN8EiuCozbnQpuHFZwbZCO5RM5k4bmskMyR2hDH0BF25EfC93vo3pz0JbDwQ+zknIvSculLQUBN9ebWd3b/+gfugfNfzjk9Nmo2fz0gjsilzl5jnmFpXU2CVJCp8LgzyLFfbj6f0i77+gsTLXTzQrMMr4WMtUCk7O6oyaraAdLMW2IVxDC9YaNb+GSS7KDDUJxa0dhEFBUcUNSaFw7g9LiwUXUz7GgUPNM7RRtRxzzi6dk7A0N+5oYkv394uKZ9bOstjdzDhN7Ga2MP/LBiWlt1EldVESarH6KC0Vo5wtdmaJNChIzRxwYaSblYkJN1yQa8Z3HYSbG29D77odBu3wMYA6nMMFXEEIN3AHD9CBLghI4BXevYn35n2suqp569LO4I+8zx84xIo4</latexit><latexit sha1_base64="t0Xk5qRpVgfGIXMnDIZwu9C6Njc=">AAACJHicbVDLSsNAFL3xWWvV6NZNsAgupCRudKkI4rKCfUATws1k0g6dPJiZCCXkj9z4K92IKOKnOGm7sK0HZuZwzr3MvSfIOJPKtj+Mjc2t7Z3d2l59v3FweGQeN7oyzQWhHZLyVPQDlJSzhHYUU5z2M0ExDjjtBeP7yu+9UCFZmjyrSUa9GIcJixhBpSXffBi4QcpDOYn1U7hxXvr6RjUiyIu70sfycqlAsmGMazWebzbtlj2DtU6cBWnCAm3fnLphSvKYJopwlHLg2JnyChSKEU7LuptLmiEZ45AONE0wptIrZvuW1rlWQitKhT6Jsmbq344CY1kNrCurMeWqV4n/eYNcRTdewZIsVzQh84+inFsqtarwrJAJShSfaIJEMD2rRUYokCgdcV2H4KyuvE66Vy3HbjlPNtTgFM7gAhy4hlt4hDZ0gMArTOETvow34934nse1YSxyO4ElGD+/s4Oqfg==</latexit><latexit sha1_base64="t0Xk5qRpVgfGIXMnDIZwu9C6Njc=">AAACJHicbVDLSsNAFL3xWWvV6NZNsAgupCRudKkI4rKCfUATws1k0g6dPJiZCCXkj9z4K92IKOKnOGm7sK0HZuZwzr3MvSfIOJPKtj+Mjc2t7Z3d2l59v3FweGQeN7oyzQWhHZLyVPQDlJSzhHYUU5z2M0ExDjjtBeP7yu+9UCFZmjyrSUa9GIcJixhBpSXffBi4QcpDOYn1U7hxXvr6RjUiyIu70sfycqlAsmGMazWebzbtlj2DtU6cBWnCAm3fnLphSvKYJopwlHLg2JnyChSKEU7LuptLmiEZ45AONE0wptIrZvuW1rlWQitKhT6Jsmbq344CY1kNrCurMeWqV4n/eYNcRTdewZIsVzQh84+inFsqtarwrJAJShSfaIJEMD2rRUYokCgdcV2H4KyuvE66Vy3HbjlPNtTgFM7gAhy4hlt4hDZ0gMArTOETvow34934nse1YSxyO4ElGD+/s4Oqfg==</latexit><latexit sha1_base64="YnKJCY+7Go61YIDMgFsOoGKkQsE=">AAACL3icbVDLSsNAFJ3UV62vqEs3wSK4kJJ0o8uKIC4r2AckIdxMJu3QyYOZiVBC/siNv9KNiCJu/QsnbRa29cLMHM49lzn3+CmjQprmu1bb2Nza3qnvNvb2Dw6P9OOTvkgyjkkPJyzhQx8EYTQmPUklI8OUE4h8Rgb+5K7sD54JFzSJn+Q0JW4Eo5iGFINUlKff246fsEBMI/XkTpQVnrpBjjGw/LbwoLhaEgg6imBN43p602yZ8zLWgVWBJqqq6+kzJ0hwFpFYYgZC2JaZSjcHLilmpGg4mSAp4AmMiK1gDBERbj7ftzAuFBMYYcLViaUxZ/9O5BCJ0rBSljbFaq8k/+vZmQxv3JzGaSZJjBcfhRkzZGKU4RkB5QRLNlUAMKfKq4HHwAFLFXFDhWCtrrwO+u2WZbasR7PZaVdx1NEZOkeXyELXqIMeUBf1EEYvaIY+0Kf2qr1pX9r3QlrTqplTtFTazy8LqawE</latexit><latexit sha1_base64="XHm0Ips5B4BQZlW16wcK8OkT1Z4=">AAACL3icbVDLSsNAFJ34rPUVdekmWAQXUpIi6LIiiMsK9gFJCDeTSTt08mBmIpSQP3Ljr3Qjoohb/8JJm4VtvTAzh3PPZc49fsqokKb5rq2tb2xubdd26rt7+weH+tFxTyQZx6SLE5bwgQ+CMBqTrqSSkUHKCUQ+I31/fFf2+8+EC5rET3KSEjeCYUxDikEqytPvbcdPWCAmkXpyJ8oKT90gRxhYflt4UFwuCAQdRrCicT29YTbNWRmrwKpAA1XV8fSpEyQ4i0gsMQMhbMtMpZsDlxQzUtSdTJAU8BiGxFYwhogIN5/tWxjnigmMMOHqxNKYsX8ncohEaVgpS5tiuVeS//XsTIY3bk7jNJMkxvOPwowZMjHK8IyAcoIlmygAmFPl1cAj4ICliriuQrCWV14FvVbTMpvW41Wj3ariqKFTdIYukIWuURs9oA7qIoxe0BR9oE/tVXvTvrTvuXRNq2ZO0EJpP78M6awI</latexit><latexit sha1_base64="XHm0Ips5B4BQZlW16wcK8OkT1Z4=">AAACL3icbVDLSsNAFJ34rPUVdekmWAQXUpIi6LIiiMsK9gFJCDeTSTt08mBmIpSQP3Ljr3Qjoohb/8JJm4VtvTAzh3PPZc49fsqokKb5rq2tb2xubdd26rt7+weH+tFxTyQZx6SLE5bwgQ+CMBqTrqSSkUHKCUQ+I31/fFf2+8+EC5rET3KSEjeCYUxDikEqytPvbcdPWCAmkXpyJ8oKT90gRxhYflt4UFwuCAQdRrCicT29YTbNWRmrwKpAA1XV8fSpEyQ4i0gsMQMhbMtMpZsDlxQzUtSdTJAU8BiGxFYwhogIN5/tWxjnigmMMOHqxNKYsX8ncohEaVgpS5tiuVeS//XsTIY3bk7jNJMkxvOPwowZMjHK8IyAcoIlmygAmFPl1cAj4ICliriuQrCWV14FvVbTMpvW41Wj3ariqKFTdIYukIWuURs9oA7qIoxe0BR9oE/tVXvTvrTvuXRNq2ZO0EJpP78M6awI</latexit><latexit sha1_base64="XHm0Ips5B4BQZlW16wcK8OkT1Z4=">AAACL3icbVDLSsNAFJ34rPUVdekmWAQXUpIi6LIiiMsK9gFJCDeTSTt08mBmIpSQP3Ljr3Qjoohb/8JJm4VtvTAzh3PPZc49fsqokKb5rq2tb2xubdd26rt7+weH+tFxTyQZx6SLE5bwgQ+CMBqTrqSSkUHKCUQ+I31/fFf2+8+EC5rET3KSEjeCYUxDikEqytPvbcdPWCAmkXpyJ8oKT90gRxhYflt4UFwuCAQdRrCicT29YTbNWRmrwKpAA1XV8fSpEyQ4i0gsMQMhbMtMpZsDlxQzUtSdTJAU8BiGxFYwhogIN5/tWxjnigmMMOHqxNKYsX8ncohEaVgpS5tiuVeS//XsTIY3bk7jNJMkxvOPwowZMjHK8IyAcoIlmygAmFPl1cAj4ICliriuQrCWV14FvVbTMpvW41Wj3ariqKFTdIYukIWuURs9oA7qIoxe0BR9oE/tVXvTvrTvuXRNq2ZO0EJpP78M6awI</latexit><latexit sha1_base64="XHm0Ips5B4BQZlW16wcK8OkT1Z4=">AAACL3icbVDLSsNAFJ34rPUVdekmWAQXUpIi6LIiiMsK9gFJCDeTSTt08mBmIpSQP3Ljr3Qjoohb/8JJm4VtvTAzh3PPZc49fsqokKb5rq2tb2xubdd26rt7+weH+tFxTyQZx6SLE5bwgQ+CMBqTrqSSkUHKCUQ+I31/fFf2+8+EC5rET3KSEjeCYUxDikEqytPvbcdPWCAmkXpyJ8oKT90gRxhYflt4UFwuCAQdRrCicT29YTbNWRmrwKpAA1XV8fSpEyQ4i0gsMQMhbMtMpZsDlxQzUtSdTJAU8BiGxFYwhogIN5/tWxjnigmMMOHqxNKYsX8ncohEaVgpS5tiuVeS//XsTIY3bk7jNJMkxvOPwowZMjHK8IyAcoIlmygAmFPl1cAj4ICliriuQrCWV14FvVbTMpvW41Wj3ariqKFTdIYukIWuURs9oA7qIoxe0BR9oE/tVXvTvrTvuXRNq2ZO0EJpP78M6awI</latexit><latexit sha1_base64="XHm0Ips5B4BQZlW16wcK8OkT1Z4=">AAACL3icbVDLSsNAFJ34rPUVdekmWAQXUpIi6LIiiMsK9gFJCDeTSTt08mBmIpSQP3Ljr3Qjoohb/8JJm4VtvTAzh3PPZc49fsqokKb5rq2tb2xubdd26rt7+weH+tFxTyQZx6SLE5bwgQ+CMBqTrqSSkUHKCUQ+I31/fFf2+8+EC5rET3KSEjeCYUxDikEqytPvbcdPWCAmkXpyJ8oKT90gRxhYflt4UFwuCAQdRrCicT29YTbNWRmrwKpAA1XV8fSpEyQ4i0gsMQMhbMtMpZsDlxQzUtSdTJAU8BiGxFYwhogIN5/tWxjnigmMMOHqxNKYsX8ncohEaVgpS5tiuVeS//XsTIY3bk7jNJMkxvOPwowZMjHK8IyAcoIlmygAmFPl1cAj4ICliriuQrCWV14FvVbTMpvW41Wj3ariqKFTdIYukIWuURs9oA7qIoxe0BR9oE/tVXvTvrTvuXRNq2ZO0EJpP78M6awI</latexit><latexit sha1_base64="XHm0Ips5B4BQZlW16wcK8OkT1Z4=">AAACL3icbVDLSsNAFJ34rPUVdekmWAQXUpIi6LIiiMsK9gFJCDeTSTt08mBmIpSQP3Ljr3Qjoohb/8JJm4VtvTAzh3PPZc49fsqokKb5rq2tb2xubdd26rt7+weH+tFxTyQZx6SLE5bwgQ+CMBqTrqSSkUHKCUQ+I31/fFf2+8+EC5rET3KSEjeCYUxDikEqytPvbcdPWCAmkXpyJ8oKT90gRxhYflt4UFwuCAQdRrCicT29YTbNWRmrwKpAA1XV8fSpEyQ4i0gsMQMhbMtMpZsDlxQzUtSdTJAU8BiGxFYwhogIN5/tWxjnigmMMOHqxNKYsX8ncohEaVgpS5tiuVeS//XsTIY3bk7jNJMkxvOPwowZMjHK8IyAcoIlmygAmFPl1cAj4ICliriuQrCWV14FvVbTMpvW41Wj3ariqKFTdIYukIWuURs9oA7qIoxe0BR9oE/tVXvTvrTvuXRNq2ZO0EJpP78M6awI</latexit>

N (0, σ̄2

AI)
<latexit sha1_base64="Ky07fsAoHrdcCpe/lIp9kyvZnRg="></latexit><latexit sha1_base64="Ky07fsAoHrdcCpe/lIp9kyvZnRg="></latexit><latexit sha1_base64="Ky07fsAoHrdcCpe/lIp9kyvZnRg="></latexit><latexit sha1_base64="Ky07fsAoHrdcCpe/lIp9kyvZnRg="></latexit>

N (0, σ̄2

VI)
<latexit sha1_base64="xeg/KHBWUgUtZO1fxBE0LY32wQ4="></latexit><latexit sha1_base64="xeg/KHBWUgUtZO1fxBE0LY32wQ4="></latexit><latexit sha1_base64="xeg/KHBWUgUtZO1fxBE0LY32wQ4="></latexit><latexit sha1_base64="xeg/KHBWUgUtZO1fxBE0LY32wQ4="></latexit>

X̂ja
<latexit sha1_base64="HvOBmqeKIHr5rGbsgh1gS8ODB9U=">AAACC3icbVC7TsMwFHV4lvIKMLJErZCYqqRCgrESC2OR6ENqoshxnNbUsSPbQaqs7Cz8CgsDCLHyA2z8DU6bAVquZPnonHt1zz1RRolUrvttra1vbG5t13bqu3v7B4f20XFf8lwg3EOccjGMoMSUMNxTRFE8zASGaUTxIJpel/rgAQtJOLtTswwHKRwzkhAElaFCu+FHnMZylppP+ylUkyjR/gQqPSyKItT3sAjtptty5+WsAq8CTVBVN7S//JijPMVMIQqlHHlupgINhSKI4qLu5xJnEE3hGI8MZDDFMtDzWwrnzDCxk3BhHlPOnP09oWEqS7ums3Qrl7WS/E8b5Sq5CjRhWa4wQ4tFSU4dxZ0yGCcmAiNFZwZAJIjx6qAJFBApE1/dhOAtn7wK+u2W57a824tmp13FUQOnoAHOgQcuQQfcgC7oAQQewTN4BW/Wk/VivVsfi9Y1q5o5AX/K+vwBGbqcSw==</latexit><latexit sha1_base64="HvOBmqeKIHr5rGbsgh1gS8ODB9U=">AAACC3icbVC7TsMwFHV4lvIKMLJErZCYqqRCgrESC2OR6ENqoshxnNbUsSPbQaqs7Cz8CgsDCLHyA2z8DU6bAVquZPnonHt1zz1RRolUrvttra1vbG5t13bqu3v7B4f20XFf8lwg3EOccjGMoMSUMNxTRFE8zASGaUTxIJpel/rgAQtJOLtTswwHKRwzkhAElaFCu+FHnMZylppP+ylUkyjR/gQqPSyKItT3sAjtptty5+WsAq8CTVBVN7S//JijPMVMIQqlHHlupgINhSKI4qLu5xJnEE3hGI8MZDDFMtDzWwrnzDCxk3BhHlPOnP09oWEqS7ums3Qrl7WS/E8b5Sq5CjRhWa4wQ4tFSU4dxZ0yGCcmAiNFZwZAJIjx6qAJFBApE1/dhOAtn7wK+u2W57a824tmp13FUQOnoAHOgQcuQQfcgC7oAQQewTN4BW/Wk/VivVsfi9Y1q5o5AX/K+vwBGbqcSw==</latexit><latexit sha1_base64="HvOBmqeKIHr5rGbsgh1gS8ODB9U=">AAACC3icbVC7TsMwFHV4lvIKMLJErZCYqqRCgrESC2OR6ENqoshxnNbUsSPbQaqs7Cz8CgsDCLHyA2z8DU6bAVquZPnonHt1zz1RRolUrvttra1vbG5t13bqu3v7B4f20XFf8lwg3EOccjGMoMSUMNxTRFE8zASGaUTxIJpel/rgAQtJOLtTswwHKRwzkhAElaFCu+FHnMZylppP+ylUkyjR/gQqPSyKItT3sAjtptty5+WsAq8CTVBVN7S//JijPMVMIQqlHHlupgINhSKI4qLu5xJnEE3hGI8MZDDFMtDzWwrnzDCxk3BhHlPOnP09oWEqS7ums3Qrl7WS/E8b5Sq5CjRhWa4wQ4tFSU4dxZ0yGCcmAiNFZwZAJIjx6qAJFBApE1/dhOAtn7wK+u2W57a824tmp13FUQOnoAHOgQcuQQfcgC7oAQQewTN4BW/Wk/VivVsfi9Y1q5o5AX/K+vwBGbqcSw==</latexit><latexit sha1_base64="hP+6LrUf2d3tZaldqaQQvEKMXyw=">AAAB2XicbZDNSgMxFIXv1L86Vq1rN8EiuCozbnQpuHFZwbZCO5RM5k4bmskMyR2hDH0BF25EfC93vo3pz0JbDwQ+zknIvSculLQUBN9ebWd3b/+gfugfNfzjk9Nmo2fz0gjsilzl5jnmFpXU2CVJCp8LgzyLFfbj6f0i77+gsTLXTzQrMMr4WMtUCk7O6oyaraAdLMW2IVxDC9YaNb+GSS7KDDUJxa0dhEFBUcUNSaFw7g9LiwUXUz7GgUPNM7RRtRxzzi6dk7A0N+5oYkv394uKZ9bOstjdzDhN7Ga2MP/LBiWlt1EldVESarH6KC0Vo5wtdmaJNChIzRxwYaSblYkJN1yQa8Z3HYSbG29D77odBu3wMYA6nMMFXEEIN3AHD9CBLghI4BXevYn35n2suqp569LO4I+8zx84xIo4</latexit><latexit sha1_base64="VmrdG1VPKuVt7+JvjTWtHhmTnkQ=">AAACAHicbVC9TsMwGPzCbykFAiuL1QqJqUpYYERiYSwS/ZGaqHIcpzV1nMh2kCorOwuvwsIAQjwFG2+D03aAlpMsn+78yfddlHOmtOd9OxubW9s7u7W9+n7j4PDIPW70VFZIQrsk45kcRFhRzgTtaqY5HeSS4jTitB9Nbyq//0ilYpm417OchikeC5YwgrWVRm4ziDIeq1lqLxOkWE+ixAQTrM2gLMuRecDlyG15bW8OtE78JWnBEp2R+xXEGSlSKjThWKmh7+U6NFhqRjgt60GhaI7JFI/p0FKBU6pCM9+lRGdWiVGSSXuERnP194TBqari2pdVWrXqVeJ/3rDQyVVomMgLTQVZfJQUHOkMVcWgmElKNJ9ZgolkNisiEywx0ba+ui3BX115nfQu2r7X9u88qMEpNOEcfLiEa7iFDnSBwBO8wBu8O8/Oq/OxqGvDWfZ2An/gfP4AZwqa5Q==</latexit><latexit sha1_base64="VmrdG1VPKuVt7+JvjTWtHhmTnkQ=">AAACAHicbVC9TsMwGPzCbykFAiuL1QqJqUpYYERiYSwS/ZGaqHIcpzV1nMh2kCorOwuvwsIAQjwFG2+D03aAlpMsn+78yfddlHOmtOd9OxubW9s7u7W9+n7j4PDIPW70VFZIQrsk45kcRFhRzgTtaqY5HeSS4jTitB9Nbyq//0ilYpm417OchikeC5YwgrWVRm4ziDIeq1lqLxOkWE+ixAQTrM2gLMuRecDlyG15bW8OtE78JWnBEp2R+xXEGSlSKjThWKmh7+U6NFhqRjgt60GhaI7JFI/p0FKBU6pCM9+lRGdWiVGSSXuERnP194TBqari2pdVWrXqVeJ/3rDQyVVomMgLTQVZfJQUHOkMVcWgmElKNJ9ZgolkNisiEywx0ba+ui3BX115nfQu2r7X9u88qMEpNOEcfLiEa7iFDnSBwBO8wBu8O8/Oq/OxqGvDWfZ2An/gfP4AZwqa5Q==</latexit><latexit sha1_base64="DyWqAARWrC15gAC8SkwRQ48B2yI=">AAACC3icbVC7TsMwFHXKq5RXgJElaoXEVCVdYKzEwlgk+pCaKHIcpzV17Mh2kCorOwu/wsIAQqz8ABt/g9NmgJYrWT46517dc0+UUSKV635btY3Nre2d+m5jb//g8Mg+PhlInguE+4hTLkYRlJgShvuKKIpHmcAwjSgeRrPrUh8+YCEJZ3dqnuEghRNGEoKgMlRoN/2I01jOU/NpP4VqGiXan0KlR0VRhPoeFqHdctvuopx14FWgBarqhfaXH3OUp5gpRKGUY8/NVKChUARRXDT8XOIMohmc4LGBDKZYBnpxS+GcGyZ2Ei7MY8pZsL8nNExladd0lm7lqlaS/2njXCVXgSYsyxVmaLkoyamjuFMG48REYKTo3ACIBDFeHTSFAiJl4muYELzVk9fBoNP23LZ367a6nSqOOjgDTXABPHAJuuAG9EAfIPAInsEreLOerBfr3fpYttasauYU/Cnr8wcYepxH</latexit><latexit sha1_base64="HvOBmqeKIHr5rGbsgh1gS8ODB9U=">AAACC3icbVC7TsMwFHV4lvIKMLJErZCYqqRCgrESC2OR6ENqoshxnNbUsSPbQaqs7Cz8CgsDCLHyA2z8DU6bAVquZPnonHt1zz1RRolUrvttra1vbG5t13bqu3v7B4f20XFf8lwg3EOccjGMoMSUMNxTRFE8zASGaUTxIJpel/rgAQtJOLtTswwHKRwzkhAElaFCu+FHnMZylppP+ylUkyjR/gQqPSyKItT3sAjtptty5+WsAq8CTVBVN7S//JijPMVMIQqlHHlupgINhSKI4qLu5xJnEE3hGI8MZDDFMtDzWwrnzDCxk3BhHlPOnP09oWEqS7ums3Qrl7WS/E8b5Sq5CjRhWa4wQ4tFSU4dxZ0yGCcmAiNFZwZAJIjx6qAJFBApE1/dhOAtn7wK+u2W57a824tmp13FUQOnoAHOgQcuQQfcgC7oAQQewTN4BW/Wk/VivVsfi9Y1q5o5AX/K+vwBGbqcSw==</latexit><latexit sha1_base64="HvOBmqeKIHr5rGbsgh1gS8ODB9U=">AAACC3icbVC7TsMwFHV4lvIKMLJErZCYqqRCgrESC2OR6ENqoshxnNbUsSPbQaqs7Cz8CgsDCLHyA2z8DU6bAVquZPnonHt1zz1RRolUrvttra1vbG5t13bqu3v7B4f20XFf8lwg3EOccjGMoMSUMNxTRFE8zASGaUTxIJpel/rgAQtJOLtTswwHKRwzkhAElaFCu+FHnMZylppP+ylUkyjR/gQqPSyKItT3sAjtptty5+WsAq8CTVBVN7S//JijPMVMIQqlHHlupgINhSKI4qLu5xJnEE3hGI8MZDDFMtDzWwrnzDCxk3BhHlPOnP09oWEqS7ums3Qrl7WS/E8b5Sq5CjRhWa4wQ4tFSU4dxZ0yGCcmAiNFZwZAJIjx6qAJFBApE1/dhOAtn7wK+u2W57a824tmp13FUQOnoAHOgQcuQQfcgC7oAQQewTN4BW/Wk/VivVsfi9Y1q5o5AX/K+vwBGbqcSw==</latexit><latexit sha1_base64="HvOBmqeKIHr5rGbsgh1gS8ODB9U=">AAACC3icbVC7TsMwFHV4lvIKMLJErZCYqqRCgrESC2OR6ENqoshxnNbUsSPbQaqs7Cz8CgsDCLHyA2z8DU6bAVquZPnonHt1zz1RRolUrvttra1vbG5t13bqu3v7B4f20XFf8lwg3EOccjGMoMSUMNxTRFE8zASGaUTxIJpel/rgAQtJOLtTswwHKRwzkhAElaFCu+FHnMZylppP+ylUkyjR/gQqPSyKItT3sAjtptty5+WsAq8CTVBVN7S//JijPMVMIQqlHHlupgINhSKI4qLu5xJnEE3hGI8MZDDFMtDzWwrnzDCxk3BhHlPOnP09oWEqS7ums3Qrl7WS/E8b5Sq5CjRhWa4wQ4tFSU4dxZ0yGCcmAiNFZwZAJIjx6qAJFBApE1/dhOAtn7wK+u2W57a824tmp13FUQOnoAHOgQcuQQfcgC7oAQQewTN4BW/Wk/VivVsfi9Y1q5o5AX/K+vwBGbqcSw==</latexit><latexit sha1_base64="HvOBmqeKIHr5rGbsgh1gS8ODB9U=">AAACC3icbVC7TsMwFHV4lvIKMLJErZCYqqRCgrESC2OR6ENqoshxnNbUsSPbQaqs7Cz8CgsDCLHyA2z8DU6bAVquZPnonHt1zz1RRolUrvttra1vbG5t13bqu3v7B4f20XFf8lwg3EOccjGMoMSUMNxTRFE8zASGaUTxIJpel/rgAQtJOLtTswwHKRwzkhAElaFCu+FHnMZylppP+ylUkyjR/gQqPSyKItT3sAjtptty5+WsAq8CTVBVN7S//JijPMVMIQqlHHlupgINhSKI4qLu5xJnEE3hGI8MZDDFMtDzWwrnzDCxk3BhHlPOnP09oWEqS7ums3Qrl7WS/E8b5Sq5CjRhWa4wQ4tFSU4dxZ0yGCcmAiNFZwZAJIjx6qAJFBApE1/dhOAtn7wK+u2W57a824tmp13FUQOnoAHOgQcuQQfcgC7oAQQewTN4BW/Wk/VivVsfi9Y1q5o5AX/K+vwBGbqcSw==</latexit><latexit sha1_base64="HvOBmqeKIHr5rGbsgh1gS8ODB9U=">AAACC3icbVC7TsMwFHV4lvIKMLJErZCYqqRCgrESC2OR6ENqoshxnNbUsSPbQaqs7Cz8CgsDCLHyA2z8DU6bAVquZPnonHt1zz1RRolUrvttra1vbG5t13bqu3v7B4f20XFf8lwg3EOccjGMoMSUMNxTRFE8zASGaUTxIJpel/rgAQtJOLtTswwHKRwzkhAElaFCu+FHnMZylppP+ylUkyjR/gQqPSyKItT3sAjtptty5+WsAq8CTVBVN7S//JijPMVMIQqlHHlupgINhSKI4qLu5xJnEE3hGI8MZDDFMtDzWwrnzDCxk3BhHlPOnP09oWEqS7ums3Qrl7WS/E8b5Sq5CjRhWa4wQ4tFSU4dxZ0yGCcmAiNFZwZAJIjx6qAJFBApE1/dhOAtn7wK+u2W57a824tmp13FUQOnoAHOgQcuQQfcgC7oAQQewTN4BW/Wk/VivVsfi9Y1q5o5AX/K+vwBGbqcSw==</latexit><latexit sha1_base64="hP+6LrUf2d3tZaldqaQQvEKMXyw=">AAAB2XicbZDNSgMxFIXv1L86Vq1rN8EiuCozbnQpuHFZwbZCO5RM5k4bmskMyR2hDH0BF25EfC93vo3pz0JbDwQ+zknIvSculLQUBN9ebWd3b/+gfugfNfzjk9Nmo2fz0gjsilzl5jnmFpXU2CVJCp8LgzyLFfbj6f0i77+gsTLXTzQrMMr4WMtUCk7O6oyaraAdLMW2IVxDC9YaNb+GSS7KDDUJxa0dhEFBUcUNSaFw7g9LiwUXUz7GgUPNM7RRtRxzzi6dk7A0N+5oYkv394uKZ9bOstjdzDhN7Ga2MP/LBiWlt1EldVESarH6KC0Vo5wtdmaJNChIzRxwYaSblYkJN1yQa8Z3HYSbG29D77odBu3wMYA6nMMFXEEIN3AHD9CBLghI4BXevYn35n2suqp569LO4I+8zx84xIo4</latexit><latexit sha1_base64="VmrdG1VPKuVt7+JvjTWtHhmTnkQ=">AAACAHicbVC9TsMwGPzCbykFAiuL1QqJqUpYYERiYSwS/ZGaqHIcpzV1nMh2kCorOwuvwsIAQjwFG2+D03aAlpMsn+78yfddlHOmtOd9OxubW9s7u7W9+n7j4PDIPW70VFZIQrsk45kcRFhRzgTtaqY5HeSS4jTitB9Nbyq//0ilYpm417OchikeC5YwgrWVRm4ziDIeq1lqLxOkWE+ixAQTrM2gLMuRecDlyG15bW8OtE78JWnBEp2R+xXEGSlSKjThWKmh7+U6NFhqRjgt60GhaI7JFI/p0FKBU6pCM9+lRGdWiVGSSXuERnP194TBqari2pdVWrXqVeJ/3rDQyVVomMgLTQVZfJQUHOkMVcWgmElKNJ9ZgolkNisiEywx0ba+ui3BX115nfQu2r7X9u88qMEpNOEcfLiEa7iFDnSBwBO8wBu8O8/Oq/OxqGvDWfZ2An/gfP4AZwqa5Q==</latexit><latexit sha1_base64="VmrdG1VPKuVt7+JvjTWtHhmTnkQ=">AAACAHicbVC9TsMwGPzCbykFAiuL1QqJqUpYYERiYSwS/ZGaqHIcpzV1nMh2kCorOwuvwsIAQjwFG2+D03aAlpMsn+78yfddlHOmtOd9OxubW9s7u7W9+n7j4PDIPW70VFZIQrsk45kcRFhRzgTtaqY5HeSS4jTitB9Nbyq//0ilYpm417OchikeC5YwgrWVRm4ziDIeq1lqLxOkWE+ixAQTrM2gLMuRecDlyG15bW8OtE78JWnBEp2R+xXEGSlSKjThWKmh7+U6NFhqRjgt60GhaI7JFI/p0FKBU6pCM9+lRGdWiVGSSXuERnP194TBqari2pdVWrXqVeJ/3rDQyVVomMgLTQVZfJQUHOkMVcWgmElKNJ9ZgolkNisiEywx0ba+ui3BX115nfQu2r7X9u88qMEpNOEcfLiEa7iFDnSBwBO8wBu8O8/Oq/OxqGvDWfZ2An/gfP4AZwqa5Q==</latexit><latexit sha1_base64="DyWqAARWrC15gAC8SkwRQ48B2yI=">AAACC3icbVC7TsMwFHXKq5RXgJElaoXEVCVdYKzEwlgk+pCaKHIcpzV17Mh2kCorOwu/wsIAQqz8ABt/g9NmgJYrWT46517dc0+UUSKV635btY3Nre2d+m5jb//g8Mg+PhlInguE+4hTLkYRlJgShvuKKIpHmcAwjSgeRrPrUh8+YCEJZ3dqnuEghRNGEoKgMlRoN/2I01jOU/NpP4VqGiXan0KlR0VRhPoeFqHdctvuopx14FWgBarqhfaXH3OUp5gpRKGUY8/NVKChUARRXDT8XOIMohmc4LGBDKZYBnpxS+GcGyZ2Ei7MY8pZsL8nNExladd0lm7lqlaS/2njXCVXgSYsyxVmaLkoyamjuFMG48REYKTo3ACIBDFeHTSFAiJl4muYELzVk9fBoNP23LZ367a6nSqOOjgDTXABPHAJuuAG9EAfIPAInsEreLOerBfr3fpYttasauYU/Cnr8wcYepxH</latexit><latexit sha1_base64="HvOBmqeKIHr5rGbsgh1gS8ODB9U=">AAACC3icbVC7TsMwFHV4lvIKMLJErZCYqqRCgrESC2OR6ENqoshxnNbUsSPbQaqs7Cz8CgsDCLHyA2z8DU6bAVquZPnonHt1zz1RRolUrvttra1vbG5t13bqu3v7B4f20XFf8lwg3EOccjGMoMSUMNxTRFE8zASGaUTxIJpel/rgAQtJOLtTswwHKRwzkhAElaFCu+FHnMZylppP+ylUkyjR/gQqPSyKItT3sAjtptty5+WsAq8CTVBVN7S//JijPMVMIQqlHHlupgINhSKI4qLu5xJnEE3hGI8MZDDFMtDzWwrnzDCxk3BhHlPOnP09oWEqS7ums3Qrl7WS/E8b5Sq5CjRhWa4wQ4tFSU4dxZ0yGCcmAiNFZwZAJIjx6qAJFBApE1/dhOAtn7wK+u2W57a824tmp13FUQOnoAHOgQcuQQfcgC7oAQQewTN4BW/Wk/VivVsfi9Y1q5o5AX/K+vwBGbqcSw==</latexit><latexit sha1_base64="HvOBmqeKIHr5rGbsgh1gS8ODB9U=">AAACC3icbVC7TsMwFHV4lvIKMLJErZCYqqRCgrESC2OR6ENqoshxnNbUsSPbQaqs7Cz8CgsDCLHyA2z8DU6bAVquZPnonHt1zz1RRolUrvttra1vbG5t13bqu3v7B4f20XFf8lwg3EOccjGMoMSUMNxTRFE8zASGaUTxIJpel/rgAQtJOLtTswwHKRwzkhAElaFCu+FHnMZylppP+ylUkyjR/gQqPSyKItT3sAjtptty5+WsAq8CTVBVN7S//JijPMVMIQqlHHlupgINhSKI4qLu5xJnEE3hGI8MZDDFMtDzWwrnzDCxk3BhHlPOnP09oWEqS7ums3Qrl7WS/E8b5Sq5CjRhWa4wQ4tFSU4dxZ0yGCcmAiNFZwZAJIjx6qAJFBApE1/dhOAtn7wK+u2W57a824tmp13FUQOnoAHOgQcuQQfcgC7oAQQewTN4BW/Wk/VivVsfi9Y1q5o5AX/K+vwBGbqcSw==</latexit><latexit sha1_base64="HvOBmqeKIHr5rGbsgh1gS8ODB9U=">AAACC3icbVC7TsMwFHV4lvIKMLJErZCYqqRCgrESC2OR6ENqoshxnNbUsSPbQaqs7Cz8CgsDCLHyA2z8DU6bAVquZPnonHt1zz1RRolUrvttra1vbG5t13bqu3v7B4f20XFf8lwg3EOccjGMoMSUMNxTRFE8zASGaUTxIJpel/rgAQtJOLtTswwHKRwzkhAElaFCu+FHnMZylppP+ylUkyjR/gQqPSyKItT3sAjtptty5+WsAq8CTVBVN7S//JijPMVMIQqlHHlupgINhSKI4qLu5xJnEE3hGI8MZDDFMtDzWwrnzDCxk3BhHlPOnP09oWEqS7ums3Qrl7WS/E8b5Sq5CjRhWa4wQ4tFSU4dxZ0yGCcmAiNFZwZAJIjx6qAJFBApE1/dhOAtn7wK+u2W57a824tmp13FUQOnoAHOgQcuQQfcgC7oAQQewTN4BW/Wk/VivVsfi9Y1q5o5AX/K+vwBGbqcSw==</latexit><latexit sha1_base64="HvOBmqeKIHr5rGbsgh1gS8ODB9U=">AAACC3icbVC7TsMwFHV4lvIKMLJErZCYqqRCgrESC2OR6ENqoshxnNbUsSPbQaqs7Cz8CgsDCLHyA2z8DU6bAVquZPnonHt1zz1RRolUrvttra1vbG5t13bqu3v7B4f20XFf8lwg3EOccjGMoMSUMNxTRFE8zASGaUTxIJpel/rgAQtJOLtTswwHKRwzkhAElaFCu+FHnMZylppP+ylUkyjR/gQqPSyKItT3sAjtptty5+WsAq8CTVBVN7S//JijPMVMIQqlHHlupgINhSKI4qLu5xJnEE3hGI8MZDDFMtDzWwrnzDCxk3BhHlPOnP09oWEqS7ums3Qrl7WS/E8b5Sq5CjRhWa4wQ4tFSU4dxZ0yGCcmAiNFZwZAJIjx6qAJFBApE1/dhOAtn7wK+u2W57a824tmp13FUQOnoAHOgQcuQQfcgC7oAQQewTN4BW/Wk/VivVsfi9Y1q5o5AX/K+vwBGbqcSw==</latexit><latexit sha1_base64="HvOBmqeKIHr5rGbsgh1gS8ODB9U=">AAACC3icbVC7TsMwFHV4lvIKMLJErZCYqqRCgrESC2OR6ENqoshxnNbUsSPbQaqs7Cz8CgsDCLHyA2z8DU6bAVquZPnonHt1zz1RRolUrvttra1vbG5t13bqu3v7B4f20XFf8lwg3EOccjGMoMSUMNxTRFE8zASGaUTxIJpel/rgAQtJOLtTswwHKRwzkhAElaFCu+FHnMZylppP+ylUkyjR/gQqPSyKItT3sAjtptty5+WsAq8CTVBVN7S//JijPMVMIQqlHHlupgINhSKI4qLu5xJnEE3hGI8MZDDFMtDzWwrnzDCxk3BhHlPOnP09oWEqS7ums3Qrl7WS/E8b5Sq5CjRhWa4wQ4tFSU4dxZ0yGCcmAiNFZwZAJIjx6qAJFBApE1/dhOAtn7wK+u2W57a824tmp13FUQOnoAHOgQcuQQfcgC7oAQQewTN4BW/Wk/VivVsfi9Y1q5o5AX/K+vwBGbqcSw==</latexit><latexit sha1_base64="HvOBmqeKIHr5rGbsgh1gS8ODB9U=">AAACC3icbVC7TsMwFHV4lvIKMLJErZCYqqRCgrESC2OR6ENqoshxnNbUsSPbQaqs7Cz8CgsDCLHyA2z8DU6bAVquZPnonHt1zz1RRolUrvttra1vbG5t13bqu3v7B4f20XFf8lwg3EOccjGMoMSUMNxTRFE8zASGaUTxIJpel/rgAQtJOLtTswwHKRwzkhAElaFCu+FHnMZylppP+ylUkyjR/gQqPSyKItT3sAjtptty5+WsAq8CTVBVN7S//JijPMVMIQqlHHlupgINhSKI4qLu5xJnEE3hGI8MZDDFMtDzWwrnzDCxk3BhHlPOnP09oWEqS7ums3Qrl7WS/E8b5Sq5CjRhWa4wQ4tFSU4dxZ0yGCcmAiNFZwZAJIjx6qAJFBApE1/dhOAtn7wK+u2W57a824tmp13FUQOnoAHOgQcuQQfcgC7oAQQewTN4BW/Wk/VivVsfi9Y1q5o5AX/K+vwBGbqcSw==</latexit>

Âij
<latexit sha1_base64="FI1vzBgx+Bf28hEo/YFKb4EQIBE=">AAACC3icbVC7TsMwFHXKq5RXgJHFaoXEVCUVEoxFLIxFog+pqSLHcVpTx4lsB6mysrPwKywMIMTKD7DxNzhtBmi5kuWjc+7VPfcEKaNSOc63VVlb39jcqm7Xdnb39g/sw6OeTDKBSRcnLBGDAEnCKCddRRUjg1QQFAeM9IPpdaH3H4iQNOF3apaSUYzGnEYUI2Uo3657QcJCOYvNp70YqUkQaW+ClL7K89zX9D737YbTdOYFV4FbggYoq+PbX16Y4CwmXGGGpBy6TqpGGglFMSN5zcskSRGeojEZGshRTORIz2/J4alhQhglwjyu4Jz9PaFRLAu7prNwK5e1gvxPG2YquhxpytNMEY4Xi6KMQZXAIhgYUkGwYjMDEBbUeIV4ggTCysRXMyG4yyevgl6r6TpN9/a80W6VcVTBCaiDM+CCC9AGN6ADugCDR/AMXsGb9WS9WO/Wx6K1YpUzx+BPWZ8/Ak2cPA==</latexit><latexit sha1_base64="FI1vzBgx+Bf28hEo/YFKb4EQIBE=">AAACC3icbVC7TsMwFHXKq5RXgJHFaoXEVCUVEoxFLIxFog+pqSLHcVpTx4lsB6mysrPwKywMIMTKD7DxNzhtBmi5kuWjc+7VPfcEKaNSOc63VVlb39jcqm7Xdnb39g/sw6OeTDKBSRcnLBGDAEnCKCddRRUjg1QQFAeM9IPpdaH3H4iQNOF3apaSUYzGnEYUI2Uo3657QcJCOYvNp70YqUkQaW+ClL7K89zX9D737YbTdOYFV4FbggYoq+PbX16Y4CwmXGGGpBy6TqpGGglFMSN5zcskSRGeojEZGshRTORIz2/J4alhQhglwjyu4Jz9PaFRLAu7prNwK5e1gvxPG2YquhxpytNMEY4Xi6KMQZXAIhgYUkGwYjMDEBbUeIV4ggTCysRXMyG4yyevgl6r6TpN9/a80W6VcVTBCaiDM+CCC9AGN6ADugCDR/AMXsGb9WS9WO/Wx6K1YpUzx+BPWZ8/Ak2cPA==</latexit><latexit sha1_base64="FI1vzBgx+Bf28hEo/YFKb4EQIBE=">AAACC3icbVC7TsMwFHXKq5RXgJHFaoXEVCUVEoxFLIxFog+pqSLHcVpTx4lsB6mysrPwKywMIMTKD7DxNzhtBmi5kuWjc+7VPfcEKaNSOc63VVlb39jcqm7Xdnb39g/sw6OeTDKBSRcnLBGDAEnCKCddRRUjg1QQFAeM9IPpdaH3H4iQNOF3apaSUYzGnEYUI2Uo3657QcJCOYvNp70YqUkQaW+ClL7K89zX9D737YbTdOYFV4FbggYoq+PbX16Y4CwmXGGGpBy6TqpGGglFMSN5zcskSRGeojEZGshRTORIz2/J4alhQhglwjyu4Jz9PaFRLAu7prNwK5e1gvxPG2YquhxpytNMEY4Xi6KMQZXAIhgYUkGwYjMDEBbUeIV4ggTCysRXMyG4yyevgl6r6TpN9/a80W6VcVTBCaiDM+CCC9AGN6ADugCDR/AMXsGb9WS9WO/Wx6K1YpUzx+BPWZ8/Ak2cPA==</latexit><latexit sha1_base64="FI1vzBgx+Bf28hEo/YFKb4EQIBE=">AAACC3icbVC7TsMwFHXKq5RXgJHFaoXEVCUVEoxFLIxFog+pqSLHcVpTx4lsB6mysrPwKywMIMTKD7DxNzhtBmi5kuWjc+7VPfcEKaNSOc63VVlb39jcqm7Xdnb39g/sw6OeTDKBSRcnLBGDAEnCKCddRRUjg1QQFAeM9IPpdaH3H4iQNOF3apaSUYzGnEYUI2Uo3657QcJCOYvNp70YqUkQaW+ClL7K89zX9D737YbTdOYFV4FbggYoq+PbX16Y4CwmXGGGpBy6TqpGGglFMSN5zcskSRGeojEZGshRTORIz2/J4alhQhglwjyu4Jz9PaFRLAu7prNwK5e1gvxPG2YquhxpytNMEY4Xi6KMQZXAIhgYUkGwYjMDEBbUeIV4ggTCysRXMyG4yyevgl6r6TpN9/a80W6VcVTBCaiDM+CCC9AGN6ADugCDR/AMXsGb9WS9WO/Wx6K1YpUzx+BPWZ8/Ak2cPA==</latexit>

Ĝ
<latexit sha1_base64="IUIP95C3SzJ2re58y/B+huz1apk=">AAAB+nicbVDLSsNAFJ34rPWV6tLNYBFclaQIuiy40GUF+4AmlMl00g6dTMLMjVJiPsWNC0Xc+iXu/BsnbRbaemDgcM693DMnSATX4Djf1tr6xubWdmWnuru3f3Bo1466Ok4VZR0ai1j1A6KZ4JJ1gINg/UQxEgWC9YLpdeH3HpjSPJb3MEuYH5Gx5CGnBIw0tGteRGBCici8CYHsJs+Hdt1pOHPgVeKWpI5KtIf2lzeKaRoxCVQQrQeuk4CfEQWcCpZXvVSzhNApGbOBoZJETPvZPHqOz4wywmGszJOA5+rvjYxEWs+iwEwWQfWyV4j/eYMUwis/4zJJgUm6OBSmAkOMix7wiCtGQcwMIVRxkxXTCVGEgmmrakpwl7+8SrrNhus03LuLeqtZ1lFBJ+gUnSMXXaIWukVt1EEUPaJn9IrerCfrxXq3Phaja1a5c4z+wPr8Ac+QlEs=</latexit><latexit sha1_base64="IUIP95C3SzJ2re58y/B+huz1apk=">AAAB+nicbVDLSsNAFJ34rPWV6tLNYBFclaQIuiy40GUF+4AmlMl00g6dTMLMjVJiPsWNC0Xc+iXu/BsnbRbaemDgcM693DMnSATX4Djf1tr6xubWdmWnuru3f3Bo1466Ok4VZR0ai1j1A6KZ4JJ1gINg/UQxEgWC9YLpdeH3HpjSPJb3MEuYH5Gx5CGnBIw0tGteRGBCici8CYHsJs+Hdt1pOHPgVeKWpI5KtIf2lzeKaRoxCVQQrQeuk4CfEQWcCpZXvVSzhNApGbOBoZJETPvZPHqOz4wywmGszJOA5+rvjYxEWs+iwEwWQfWyV4j/eYMUwis/4zJJgUm6OBSmAkOMix7wiCtGQcwMIVRxkxXTCVGEgmmrakpwl7+8SrrNhus03LuLeqtZ1lFBJ+gUnSMXXaIWukVt1EEUPaJn9IrerCfrxXq3Phaja1a5c4z+wPr8Ac+QlEs=</latexit><latexit sha1_base64="IUIP95C3SzJ2re58y/B+huz1apk=">AAAB+nicbVDLSsNAFJ34rPWV6tLNYBFclaQIuiy40GUF+4AmlMl00g6dTMLMjVJiPsWNC0Xc+iXu/BsnbRbaemDgcM693DMnSATX4Djf1tr6xubWdmWnuru3f3Bo1466Ok4VZR0ai1j1A6KZ4JJ1gINg/UQxEgWC9YLpdeH3HpjSPJb3MEuYH5Gx5CGnBIw0tGteRGBCici8CYHsJs+Hdt1pOHPgVeKWpI5KtIf2lzeKaRoxCVQQrQeuk4CfEQWcCpZXvVSzhNApGbOBoZJETPvZPHqOz4wywmGszJOA5+rvjYxEWs+iwEwWQfWyV4j/eYMUwis/4zJJgUm6OBSmAkOMix7wiCtGQcwMIVRxkxXTCVGEgmmrakpwl7+8SrrNhus03LuLeqtZ1lFBJ+gUnSMXXaIWukVt1EEUPaJn9IrerCfrxXq3Phaja1a5c4z+wPr8Ac+QlEs=</latexit><latexit sha1_base64="IUIP95C3SzJ2re58y/B+huz1apk=">AAAB+nicbVDLSsNAFJ34rPWV6tLNYBFclaQIuiy40GUF+4AmlMl00g6dTMLMjVJiPsWNC0Xc+iXu/BsnbRbaemDgcM693DMnSATX4Djf1tr6xubWdmWnuru3f3Bo1466Ok4VZR0ai1j1A6KZ4JJ1gINg/UQxEgWC9YLpdeH3HpjSPJb3MEuYH5Gx5CGnBIw0tGteRGBCici8CYHsJs+Hdt1pOHPgVeKWpI5KtIf2lzeKaRoxCVQQrQeuk4CfEQWcCpZXvVSzhNApGbOBoZJETPvZPHqOz4wywmGszJOA5+rvjYxEWs+iwEwWQfWyV4j/eYMUwis/4zJJgUm6OBSmAkOMix7wiCtGQcwMIVRxkxXTCVGEgmmrakpwl7+8SrrNhus03LuLeqtZ1lFBJ+gUnSMXXaIWukVt1EEUPaJn9IrerCfrxXq3Phaja1a5c4z+wPr8Ac+QlEs=</latexit>

X̂
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Figure 1: The architecture of our proposed CAN model. The model takes the adjacency matrix A and the attribute matrix X

as input and outputs Gaussian distributions with means and variances as latent embeddings for all nodes and attributes of

the network, respectively. The two neural network models, i.e., the inference model fϕ and the generative model дθ , act as the

probabilistic encoder and the probabilistic decoder respectively.

Commonly, analytical solutions of expectations w.r.t. the varia-
tional posterior are intractable in general cases, but we can reduce
the problem of estimating the gradient w.r.t. parameters of the pos-
terior distribution to a simpler problem of estimating the gradient
w.r.t. parameters of a deterministic function, which is called the
reparameterization trick [19].

Similar to VAE [19], we assume all of the priors of latent variables
and the variational posterior distributions to be Gaussian:
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are means and variances of node embeddings and

attributed embeddings to be learned, respectively.
Since we assume the priors and the variational posteriors are

Gaussian distributions, the KL-divergence terms in Eq. 5 have an-
alytical forms. By using the stochastic gradient variational Bayes
(SGVB) estimator and the reparameterization trick [19], we can di-
rectly derivate from Monte Carlo estimates of these expectation
terms by the following estimators of this model:
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where L is size of the sampling, • |d denotes thed-th element of •,
D is the size of dimension of the latent vectors, and ⊙ indicates the
element-wise product, ϵ is the auxiliary noise variable, and N(0, I)

is the standard normal distribution. As shown in Eq. 10, by a di�er-
entiable transformation of an auxiliary ‘noise’ variable ϵ (l ) [19], we
can reparameterize the latent Gaussian embeddings qϕ1

(ZV | A,X)

and qϕ2
(ZA | XT) into Z

V(l )
and Z

A(l )
, which are deterministic

and can be di�erentiated e�ciently using the backpropagation al-
gorithm. Hence, the vanilla gradient-based optimization techniques
can be used to train the model by end-to-end.

4.2 Optimization

To optimize the objective in Eq. 10, we apply two neural network
models, i.e., the inference model fϕ with trainable parameters ϕ
and the generative model дθ with trainable parameters θ , for the
probabilistic encoder and probabilistic decoder, respectively, to
perform gradient ascent for learning all the model parameters.

Inference model fϕ . To encode from observation variables to
Gaussian embeddings, we apply a two-layer GCN [21] and a two-
layer fully connected neural networks composed of non-linear map-
ping functions to map the adjacency matrix A and attribute matrix
X of G to the means and variations of the variational posterior
distributions (i.e. Gaussian embeddings) of nodes and attributes.
We apply GCN but not other neural network models for nodes’
inference, as it is able to yield the best performance. In particular,
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the two-layer GCN is de�ned as:
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V
, (11)

where µV and σ
2
V

are the means and variances of the learned
Gaussian embeddings of nodes (see Eq. 8),ReLU(·) =max(0, ·) is the

non-linear activation function, Ã = D
− 1

2AD
− 1

2 is the symmetrically
normalized adjacency matrix with Dii =

∑
j Ai j being G’s degree

matrix, and ϕ1 = [W
(0)

V
,W

(1)

V
] are trainable weights for the node

inference layers, respectively.
The two fully connected layers for inferring Gaussian embed-

dings of attributes are de�ned as:

H
(1)
A
= tanh

(
X
T
W

(0)
A
+ b

(0)
)
,

[
µA ,σ

2
A

]
= H

(1)
A
W

(1)
A
+ b

(1)
, (12)

where µA and σ
2
A

are the means and variances of the learned
embeddings of attributes (see Eq. 9), b is the bias, tanh(·) is the

tangent activation function and ϕ2 = [W
(0)
A
,W

(1)
A
, b

(0)
, b

(1)] are
trainable weights for the attribute inference layers. Let ϕ = [ϕ1,ϕ2]

denote all the trainable parameters in inference model.
After having obtained all the means and variances for all the

Gaussian embeddings of nodes and attributes, the reparameteri-
zation trick [19] is applied to transform from the latent Gaussian
random variables to the deterministic variables ZV and ZA , which
are di�erentiable and capable to propagation the gradient between
the inference model and generative model.

Generative model дθ . The generative model is to decode from
deterministic latent embeddings ZV and ZA to generative random
variables, where the original input edges and attributes can be
reconstructed. Speci�cally, given embeddings of two nodes i and j,
we compute µEV (i, j) and σ

2
EV (i, j)

by:

[µEV (i, j),σ
2
EV (i, j)

] = дθ1 (Z
V
i ,Z

V
j ), (13)

where дθ1 is a neural network for reconstructing edges. Then an
observed edge can be generated by the following:

(a) For real-valued edges,

pθ1 (Ai j | Z
V
i ,Z

V
j ) = N(µEV (i, j),σ

2
EV (i, j)

I). (14)

(b) For binary edges,

pθ1 (Ai j | Z
V
i ,Z

V
j ) = Ber(µEV (i, j)). (15)

where N(µEV (i, j),σ
2
EV (i, j)

I) and Ber(µEV (i, j)) are multivariate

Gaussian distribution and Bernoulli distribution parametrized by
µEV (i, j), σ

2
EV (i, j)

I and µEV (i, j), respectively.

Similarly, given embeddings of node i and attribute a, we com-
pute µEA (i,a) and σ

2
EA (i,a)

by:

[µ EA (i,a),σ
2
EA (i,a)

] = дθ2 (Z
V
i ,Z

A
a ), (16)

where дθ2 is a neural network for reconstructing attributes. Then
an observed attribute association (i,a) ∈ EA can be generated by
the following process:

(a) For real-valued attributes,

pθ2 (Xia | ZV
i ,Z

A
a ) = N(µEA (i,a),σ

2
EA (i,a)

I). (17)

(b) For binary attributes,

pθ2 (Xia | ZV
i ,Z

A
a ) = Ber(µEA (i,a)). (18)

We let θ = [θ1,θ2] denote the packed trainable parameters in the
inference model. As all the edges and attributes in our experimental
datasets are binary-valued, we implement model д simply by inner
product between latent variables, i.e.,

дθ1 (Z
V
i ,Z

V
j ) = sigmoid(ZVT

i Z
V
j ),

дθ2 (Z
V
i ,Z

A
a ) = sigmoid(ZVT

i Z
A
a ), (19)

where sigmoid(·) is the sigmoid function. Our experimental results
show that such a simple implementation produces better results
than state-of-the-art baselines in many graph mining tasks such as
link prediction, node classi�cation and attribute inference.

5 EXPERIMENTAL SETUP

In this section, we detail our experimental setup, i.e., the research
questions (§5.1), the used datasets (§5.2), and the to compare and
experimental settings (§5.3).

5.1 Research Questions

Weaim at answering the following research questions for evaluating
our proposed CAN model:

(RQ1) How does our CAN perform by utilizing the learned rep-
resentations in traditional graph mining tasks, e.g., link
prediction and node classi�cation?

(RQ2) Can our CAN perform better than other models in tasks of
attribute inference and user pro�ling, where capturing the
a�nities between nodes and attributes is crucial?

(RQ3) Do the obtained embeddings of nodes and attributes have
high-quality and can we qualitatively evaluate them?

5.2 Datasets

We conduct experiments on the following attributed network datasets,
the statistics of which is provided in Tab. 2:

• Cora, Citeseer, Pubmed [31]: The Cora, Citeseer and Pubmed
datasets are citation networks, where nodes are publications
and edges are citation links. Attributes of each node are bag-
of-words representations of the corresponding publications.

• BlogCatalog [34]: This is a network of social relationships
of bloggers from the BlogCatalog website, where nodes’ at-
tributes are constructed by keywords, which are generated
by users as a short description of their blogs. The labels
represent the topic categories provided by the authors.

• Flickr [14]: It is a social network where nodes represent
users and edges correspond to friendships among users. The
labels represent the interest groups of the users.

• Facebook [22]: This network is built from pro�le and rela-
tion data of 10 users in Facebook by SNAP1. The attributes
are constructed by their pro�les.

1Available from:http://snap.stanford.edu/data/.

http://snap.stanford.edu/data/
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Table 2: Statistics of datasets.

Datasets #Nodes #Edges #Attributes #Labels

Cora 02,708 005,429 01,433 7
Citeseer 03,312 004,660 03,703 6
Pubmed 19,717 044,338 00,500 3
BlogCatalog 05,196 171,743 08,189 6
Flickr 07,575 239,738 12,047 9
Facebook 04,039 088,234 01,406 -
DBLP 12,213 131,713 00,172 -

• DBLP: This dataset is crawled from the DBLP public bibli-
ography data 2. We build a coauthor network extracted from
the publications in top 172 computer science conferences
(Tiers A and B from China Computer Federation 3). We treat
each author as a node, each collaboration between two au-
thors in a publication as an edge. The 172 conferences are
viewed as the attributes of each node.

5.3 Baselines and Settings

We compare CAN with two categories of methods: attributed net-
work embedding methods and attribute inference methods.
The four attributed network embedding baseline methods are:

• GAE [20]: GAE also embeds an attributed network by us-
ing the variational auto-encoder, but it optimizes the ELBO
without considering the reconstruction error of attributes,
and it learns embeddings for nodes only, rather than for both
nodes and attributes.

• GraphSAGE [11]: This is a network embedding model that
learns node representations by sampling and aggregating
features from nodes’ local neighborhoods.

• AANE [13]: It is an attributed network embedding model
that learns node representations based on the decomposition
of attribute a�nities and the embedding di�erence between
the connected nodes.

• ANRL [41]: It is a network embedding model that uses the
neighbor enhancement auto-encoder and the attribute-aware
skip-gram model to capture the node attributes and struc-
tural information of networks. We adopt one of its variants
which uses the Weighted Average Neighbor function to con-
struct its target neighbors, abbreviated as ANRL-WAN.

The three attribute inference baseline methods are:

• SAN [9]: This is a joint link prediction and attribute inference
algorithm based on link features computed by Adamic-Adar
and Low-Rank Approximation.

• EdgeExp [4]: This is an attribute inference algorithm that
leverages a softmax function to solve for both user attributes
and relationship types.

• BLA [40]: This is a probabilistic model that iteratively learns
user links and attributes, and leverages the data redundancy
on each side and the mutual reinforcement between the two.

We implemented all the baselines by the codes released by the
authors. The parameters of all baselines are tuned to be optimal.

2Available from: http://dblp.uni-trier.de/xml/.
3Available from: http://www.ccf.org.cn/.

For our model, the hyperparameters of prior distributions, σ̄2
V

,σ̄2
A

(Eq. 6 and Eq. 7) are set to be 1 in all the experiments. We train our
model for 200 iterations by Adam [17] optimizer with the learning
rate being 0.01. For our inference neural network, we use a 64-
dimensional hidden layer and 32-dimensional latent variables in all
experiments. For fair comparisons, the dimension of embedding for
all methods is �xed to be 32. Our CAN model 4 was implemented
by TensorFlow [1].

Note that we did not take embedding methods for plain network
as our baselines, as a large number of results show that embedding
network by leveraging both the network structure and the asso-
ciated node attribute can achieve better performance in majority
of down-stream applications compared to approaches that only
consider the topological structure [11, 13, 20].

6 RESULTS AND ANALYSIS

This section reports our experimental results. We �rst address RQ1
by evaluating our CAN model on two graph mining tasks, i.e., link
prediction and node classi�cation. Then, to answer RQ2, we apply
our CAN model on two more tasks, i.e., attribute inference and user
pro�ling, which are unable to be addressed by existing attributed
network embedding methods as they do not co-embed attributes
and nodes. Finally, we visualize DBLP network layout by arranging
both the node and attribute embeddings on 2-D space (RQ3).

6.1 Link Prediction

Link prediction, aiming at predicting if there exists an edge be-
tween two nodes, is a typical task in networks analysis. Following
those in [20, 21], to evaluate the performance of our model, we
randomly divide all edges into three sets, i.e., the training set (85%),
the validating set (5%) and the testing set (10%). For negative in-
stances (no edge between two nodes), we randomly sample an equal
number of non-existing links. Both our CAN and GAE [20] recon-
struct both positive and negative edges during training, and the
predicted probability of a link can be achieved directly from the
inner product of the embeddings between two nodes. For other
baselines, we rank both positive and negative instances according
to the cosine similarity between two nodes. For evaluation purpose,
we employ area under the ROC curve (AUC) and average precision
(AP) scores to evaluate the performance of link prediction, which
is commonly used in related literature [20, 40]. Higher values of
AUC and AP indicate better performance. Tab. 3 shows the link
prediction performance of our CAN and the baselines on the six
attributed networks. As shown, our CAN consistently performs
better than any of the baseline model. In CORA, Citeseer, Facebook
and Pubmed datasets, our CAN can even achieve higher than 95%
AUC and AP scores, which indicates that our inferred embeddings
work well in link prediction task. This is mainly because our CAN
optimizes a loss function consisting of the reconstruction error of
all the edges.

6.2 Node Classi�cation

Node classi�cation is another traditional task commonly used to
evaluate the quality of the learned node embeddings. Similar to

4The code of our CAN model is publicly available from: https://github.com/
mengzaiqiao/CAN.

http://dblp.uni-trier.de/xml/
http://www.ccf.org.cn/
https://github.com/mengzaiqiao/CAN
https://github.com/mengzaiqiao/CAN
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Table 3: Link prediction performance. The best performing runs per metric per dataset are marked in boldface.

Method
Cora Citeseer Facebook Pubmed Flickr BlogCatalog

AUC AP AUC AP AUC AP AUC AP AUC AP AUC AP

AANE .767 .720 .785 .765 .842 .834 .783 .754 .709 .697 .711 .714
GaphSAGE .795 .763 .802 .791 .854 .846 .840 .829 .732 .728 .723 .702
ANRL-WAN .832 .843 .867 .848 .935 .912 .918 .897 .724 .763 .762 .758
GAE .914 .926 .908 .920 .980 .979 .944 .947 .828 .827 .821 .821
CAN .985 .984 .950 .958 .988 .986 .980 .977 .914 .922 .837 .837

previous studies [13, 41], we employ Micro-F1 and Macro-F1 as
metrics to measure the performance of node classi�cation. After
the node representations are obtained, we randomly sample 20%
labeled nodes to train an SVM classi�er and the rest are used for
testing. We repeat this process for 10 times, and report the average
performances on both Macro-F1 (Ma_F1) and Micro-F1 (Mi_F1).
Tab. 4 shows the performance of our CAN and the baseline models
in �ve labeled attributed networks. As shown in the table, our
proposed CAN performs the best in Cora and Flickr datasets, and
shows competitive performance in other datasets compared with
other attributed network embedding baselines. The result of node
classi�cation task demonstrates that our CAN model can learn
e�ective representations for nodes in attribute networks.

6.3 Attribute Inference

Attribute inference is a task that aims at predicting the value of
attributes of the nodes. As using only the node embeddings cannot
decode the a�nities between nodes and attributes, the four baseline
methods, i.e., AANE, GraphSAGE, ANRL-WAN and GAE, cannot be
applied in this task. We take other three state-of-the-art attribute
inference algorithms, i.e., SAN [9], EdgeExp [4] and BLA [40], as
our baselines for performance comparison. We employ the AUC
and AP metrics to measure the attribute inference performance.
Tab. 5 presents the attribute inference performance of our CAN
and the baseline models in the six attributed networks. We can
�nd that our CAN model performs signi�cantly better than all the
baseline methods in all the datasets. The BLA method can always
achieve the second best performance in this task. Moreover, the
improvement between BLA and our CAN is always signi�cant. This
can be explained by the fact that our CAN optimizes a loss function
consisting of the reconstruction error of all the attributes.

It is worth noting that our CAN model does not need any free
parameters to trade the weights between topological structure and
attributes. This highlights another important feature of CAN. It
can achieve signi�cantly improvement of performance in both link
prediction and attribute inference tasks, without task-speci�c

�ne-tuning. Another fact validated by CAN is that attribute infer-
ence can help to improve link prediction; that is, link prediction
accuracy is further improved by �rst inferring missing attributes [9].
In addition, all the methods show relatively poor performance on
Pubmed dataset. However, our CAN model still scores the best.
The facts making the attribute inference task in this dataset more
challenging include: Pubmed has the largest node set but has a rela-
tively small size of attribute set, and the ratio between the positive

instances and the negative instances of nodes’ attributes is only
about 0.02, resulting in an unbalanced classi�cation problem.

6.4 User Pro�ling

User pro�ling task, also known as expertise pro�ling task, aims
at generating k keywords for pro�ling each user’s expertise [25].
In academic social networks, authors’ academic publications were
often used to learn how personal research interests evolved [7]
over time. In this setting, authors’ publications indicate their ex-
pertise. In our experiment, we utilize the embeddings of nodes and
attributes to obtain the most relevance attributes for each node
as their expertise. Speci�cally, we �rst co-embed the DBLP aca-
demic social network into embeddings of authors and conferences.
Then, we calculate the cosine similarities between authors and
conferences according to their embeddings. Finally, we rank the
conferences by the similarities to each author and return the top-4
conferences as the expertise for each author. Tab. 6 reports the
pro�ling result for �ve renowned scholars. Among the �ve schol-
ars, three of them (Michael I. Jordan, Geo�rey E. Hinton and Yann
LeCun) are outstanding experts in the �eld of machine learning and
the other two (Robert Endre Tarjan and Sanjeev Arora) are in the
�eld of theoretical computer science. According to Tab. 6, the three
machine learning experts are pro�led by NIPS, ICML, UAI, etc.,
which are the top-tier machine learning conferences and the other
two are pro�led by SODA, PODC, STOC, etc., which are top-tier
theoretical computer science conferences. We node that our model
takes binary-valued attributes as input but we can still e�ectively
retrieve top-4 relevant conferences based on the embeddings of
authors and conferences. It also reveals that capturing a�nities
between nodes and attributes is essential for network embedding
methods to characterize the node attributes.

6.5 Network Visualization

To qualitatively evaluate the result embeddings of our CAN by
network visualization, we �rst obtain 2-dimensional Gaussian em-
beddings for authors and attributes of DBLP network. Then we
plot their means and variances of the resulting embeddings into
2-dimensional space. For being clear in the �gure, we showwith em-
beddings of only 200 authors who own the top 200 high H-index 5

among others in the dataset. The visualization result is shown in
Fig. 2, from which we have the following observations:

(1) The representations of conferences show larger variances than
those of authors in general. This is because the inference model

5Please refer to http://www.guide2research.com/scientists/.

http://www.guide2research.com/scientists/
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Table 4: Node classi�cation performance. The best and the second best performing runs per metric per dataset are marked in

boldface and underlined, respectively.

Method
Cora Citeseer Pubmed Flickr BlogCatalog

Ma_F1 Mi_F1 Ma_F1 Mi_F1 Ma_F1 Mi_F1 Ma_F1 Mi_F1 Ma_F1 Mi_F1

AANE .715 .720 .617 .671 .779 .814 .596 .615 .597 .617
GaphSAGE .747 .763 .594 .630 .809 .817 .647 .652 .626 .643
ANRL-WAN .774 .634 .671 .713 .846 .847 .673 .697 .656 .679

GAE .773 .788 .582 .638 .823 .828 .591 .655 .622 .636
CAN .822 .838 .642 .720 .829 .834 .692 .701 .646 .653

Table 5: Attribute inference performance. The best runs per metric per dataset are marked in boldface.

Method
Cora Citeseer Facebook Pubmed Flickr BlogCatalog

AUC AP AUC AP AUC AP AUC AP AUC AP AUC AP

EdgeExp .682 .690 .707 .714 .671 .687 .586 .576 .678 .685 .684 .744
SAN .664 .672 .679 .675 .712 .723 .579 .572 .653 .660 .694 .710
BLA .808 .801 .854 .876 .868 .830 .622 .602 .730 .769 .787 .792
CAN .932 .916 .954 .939 .974 .971 .670 .652 .867 .865 .868 .867

Table 6: Author pro�ling for example experts.

Experts Top-4 conferences

Michael I. Jordan NIPS, UAI, ICML, ICASSP
Geo�rey E. Hinton NIPS, ICML, ICCV, ICASSP
Yann LeCun NIPS, ICCV, ICML, CVPR
Robert Endre Tarjan FOCS, STOC, COLT, SODA
Sanjeev Arora SODA, FOCS, ICALP, COLT

for nodes takes both the adjacency matrix and the attribute
matrix of nodes as input and uses the GCN [11, 21] to take
the spectral convolutions of graphs into account during the
training process, which is informative to describe a node in an
attributed network. However, the inference model for attributes
only takes the transposed adjacency matrix as input, which has
relatively sparser feature than input feature of nodes, resulting
in larger variance and uncertainty of their representations.

(2) Similar conferences have representations which are displayed
closely in the same region on the 2-dimensional plane. Speci�-
cally, as seen in Fig. 2, SIGIR, AAAI, WSDM,WWW, NIPS, ICML
AND SIGKDD, which are conferences of machine learning and
its applications, are all plotted at the top region of the plane,
while SODA, FOCS, STOC and ICALP, which are conferences of
theoretical computer science, are all plotted at the bottom left
region of the plane. This result indicates that our CAN model
e�ectively captures the similarities between attributes.

(3) From Fig. 2, we can observe that author Michael I. Jordan is
quite close to the seven machine learning conferences, and
author Robert Endre Tarjan is quite close to the four theoretical
computer science conferences. It is well-known that Michael
I. Jordan is an expert on machine learning and Robert Endre
Tarjan is an expert on theoretical computer science. Therefore
this result validates that our CAN can be used to e�ectively
measure the a�nities between authors and conferences.
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Figure 2: 2-dimensional visualization of Gaussian embed-

dings of authors and conferences for DBLP dataset. The red

nodes are top 200 high H-index authors and the blue nodes

are the 172 conferences in our DBLP dataset. The ellipsoids

surrounding the nodes indicate variances of their embed-

dings. Some ellipsoids of conferences are in darker blue as

these conferences are quite close and overlapped.

7 CONCLUSION

In this paper, to tackle the problem of embedding for attributed net-
works, we have proposed a novel co-embedding algorithm, called
CAN. The proposed CAN learns the low-dimensional representa-
tions of both nodes and attributes in the same semantic space, such
that the a�nities between nodes and attributes of the networks can
be e�ectively measured. To learn high-quality embeddings of both
nodes and attributes in attributed networks, we have proposed a
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variational auto-encoder algorithm, which consists of an inference
model for encoding features of nodes and attributes into Gauss-
ian distributions and a generative model for reconstructing both
real and binary weighted edges and attributes. In our experiments,
we have evaluated the performance of CAN and the baseline al-
gorithms on seven real-world social networks. The experimental
results have demonstrated that our CAN model is able to learn
informative and high-quality representations of both nodes and
attributes and signi�cantly outperforms the state-of-the-art meth-
ods on several application tasks. Visualization on DBLP data shows
that our CAN model properly maps nodes and attributes into a
uni�ed semantic space, where the a�nities between authors and
conferences can be preserved.

As to future work, we aim to extend our CAN model to a semi-
supervised one, and dynamically embed nodes and attributes for
attributed networks that evolve over time.
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