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Compressibility of Natural Rubber at Pressures Below

500 kg/cm’

Lawrence A. Wood and Gordon M. Martin
(February 3, 1964)

The specific volumes of unvuleanized natural rubber and of a peroxide-cured vuleanizate
of natural rubber were measured at pressures of 1-500 kg/em? at temperatures from 0 to 25 °C.
Obgzervations on mereury-filled dilatometers were made through a window in the pressure
system. No time effeets or hysteresis phenomena were observed. The speeifie volume
V' in em®/g over the range studied can be represented by

V= Vousi 1+ A (t—25) | |1+ lass+ ks (t— 25)] P+ [Bas+ ka(t— 25)] P2}

where P is the pressure in kg/em?, and ¢ the temperature in °C. The constants for the
unvuleanized and for the peroxide-cured samples are:

1.0951 and 1.1032 em?/g;
6.54 and 6.36 per degree;
50.5 and —50.4 (kg/en
106k = —0.227 and —0.203 per degree;
10"3;=10 and 11,5 (kg/cm?)-2;

and 10%,=0.048 and 0.073 per degree, respectively.  The compressibility of unvuleanized
natural rubber at 25° and 1 kg/em? is thus 50.5 > 10-% (kg/em?)—! falling to 40.6 ¢ 10-% (kg/
em?) -t oat a pressure of 500 kg/em? It is concluded that a low degree of vuleanization
produces no signifieant changes in the constants listed,  The values are not far different from
those obtained by extrapolating to zero sulfur content the observations of Scott on the rubber-
sulfur system. Caleulations of values of compressibility (and its reciprocal the bulk mod-
ulus), “internal pressure’’, bulk wave veloeity, difference between specifie heats, and several
other physical properties are in reasonable agreement with those obtained by direct observa-
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tion by other workers.
of the Tait equation is recommended.

1. Introduction

The compressibility (or its reciprocal the bulk
modulus) is an important physical property of
rubber, frequently required in practical applications
and in calculations relating to mechanical properties.
The quantity is also called the bulk compliance.
When this is known, the change of volume on stretch-
ing can be caleulated from observations of stress and
strain, and compared with direct experimental ob-
servations [1]' or utilized in calculations of the
relative contributions of  energy and entropy in
thermodynamic studies of rubber elasticity [2].
Other relations requiring values of compressibility
are discussed in later sections of this paper.

Previous experimental measurements have seldom
covered the proper ranges of variables to yield ac-
curate values of the compressibility of unvuleanized

or lightly wvuleanized rubber near atmospheric
pressure.  Our paper presents data obtained on un-

vuleanized natural rubber and on a peroxide-cured
natural rubber vulcanizate at pressures between 1
and 500 kg/cm? at temperatures between 0 and 25 °C.

2. Experimental Arrangement

The unvulcanized sample was prepared from
natural rubber latex by the purification procedure of

1 Figures in brackets indieate the literature references at the end of this paper,

For the prediction of values at pressures above 500 kg/em? the use

| McPherson [3].  An analysis showed 98.7 percent
rubber hydrocarbon, 0.44 percent protein, and 0.18
percent ash. To this sample 1.00 percent of phenyl-
beta-naphthylamine was added as an antioxidant.
Another portion of this sample was used in erystal-
lization studies by Roberts and Mandelkern [4],
and Martin and Mandelkern [5]. The sample was
' made into a flat sheet 6X6<0.080 in. by molding
at 100 °C, ) '

The other sample was prepared from a lot of
commercially purified rubber obtained from the
United States Rubber Clo., designated as No. 2103A,
Bateh 7505. To 100 parts of polymer 3 parts of
dicumyl peroxide (“Dicup’) were added and the
mixture cured 45 min at 140 °C.

The samples, which were relatively transparent,
were examined carefully after molding or curing.
No visible bubbles or other inhomogeneities were
noted.

Specimens of each sample, weighing about 4 g
each, were placed in mercury-filled volume dilatom-
eters with 2 mm capillaries. The volume was de-
termined following the practices developed in this
laboratory some years ago [(].

The specific volume of a portion of each sample was
determined at atmospheric pressure at 25° by hydro-
static weighings in water [7]. .

The mercury-filled dilatometers were completely
immersed in an oil (Plexol) contained in a system [5]

designed for the application of pressure at various
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temperatures. The pressure was built up by the
operation of a piston actuated by a manually oper-
ated serew. It eould be read on a precision Bourdon-
type gage.  Observations of the level of the mercury
in the dilatometer capillary were made through a
tempered Pyrex glass window.

The height of the mercury in the capillary was
read to the nearest 0.005 cm with a precision cathe-
tometer, as the pressure was raised in increments of
100 kg/em? from 0 to 500 kg/em? gage pressure.

The values of compressibility found were so small
that the change in volume produced by a change in
ressure of 1 Iur;’vnr was always less ‘than 1 in the
iuqt digit reported. Thus no distinction needed to
be drawn between gage pressure and absolute pres-
sure, or between observations made at atmospheric
pressure as compared with those which might have
been conducted at zero pressure.

Once thermal equilibrium was established (within
a period of about 15 min), no time effects or hystere-
sis phenomena were observed over the ranges ol pres-
sure and temperature investigated. We consider
that our results are the low-frequency limits of the
quantities displayed in the viscoelastic spectrum [8].

The total volume change observed was corrected
for the volume change of the mercury and the glass,
and combined with the specific volume determined
at 1 atm at 25° to yield the values of the specific
volume given in table These are the complete
basie data of this paper.

TapLe 1. Observations of specific volume

Unvuleanized rubhber Peroxide-cured vuleanizate

emily | emdfg | cmd r,J cmily | emdfg | emilyg | cmdly
051 | 10T |1 11032 | 10898 | 1. 0827 1. URAT
st | 1. 0864 | 1 LOBTT | 1. (844 | 1. 0876 1. 0807
(0845 | 1.0814 | 1. 10926 | 1. 0804 | 1. 0828 1. 0763
07496 | 10764 | 1 1LOST7 | 10846 | 1. 0782 10719
L0748 | 1LOTIR | 1 1. 0830 | 1.0801 | 1.073% 1. D678
o2 | 1 10786 | 10750 | 1, 0697 1. 0637
| | | !

3. Calculations

[t was found possible to represent the specific
volume V over the range of observation by an equa-
tion of the following form:

V="Vi2{1+A({t—25) }{1+[e+ ki (t—25)|P
+[Bast+R2(t—25)1P2} (1)
and

where I is the pressure, ¢ the temperature in °C,
Vias, A, oz, Bag, By, and k. are constants.

The (‘nmplebmhl}n_\ B is defined here as
—(1/V) (V/oP)

where 17, is the specific volume at zero pressure at
any temperature. For materials conforming to eq (1)
one finds:

‘yl_': l'rl.f.-'.!u 1 ‘|—4l(f"—25) ‘If (QJ

and, by differentiation of eq (1),

B=—[ag;+ 1, (t—25)]—2[Bos+ ko (t—25)]1P.  (3)

From this one obtains

2B
ot

0B
or

The relations just given are simpler and caleu-
lations from them are easier when the compressi-
bility is defined as —1/V,(0V/oP), in accordance
with the ukuul practice 1 ], than when use is made
of the “mstantaneous” compressibility, defined
as —(1/V)(oV/oP). The latter quantity, of course,
is readily obtained from the former by multiplying
it by 1"0,'1’ The difference between the two
qu antities is never greater than a few percent over
the present range <_|[' investigation.

The constant V... was {letel'n'lined, as already
mentioned, by a direct measurement of the specific
volume at atmospheric pressure and 25 °C' by hy-
drostatic weighings. The constant 1 was deter-
mined by a least squares computation based on
eq (2) relating specific volume and temperature for
the observations at atmospherie pressure.

The remaining four constants in eq (1) were
determined by least-squares computation based on
eq (3). Here the mean compressibility over each
range of 100 kg/em? was computed from the finite
changes observed, and taken as the compressibility
at the midpoint of the range. The bracketed
quantities in eq (3) were determined at constant
temperatures as the intercept and slope of the
predicted linear relation between the compress-
ibility B and the pressure P. The constants ay
and &, were then determined by least squares as
the intercept and slope in the predicted linear
relation between the first bracketed quantity and
the temperature. The constants B,; and k, were
determined similarly from the second bracketed
term. A check on the values was obtained by
conducting the computations in reverse order;
that is, now the pressure was first considered con-
stant as the temperature was varied and then the

=—k—2EP (4)
and

—2 [Bas+ha(t—25) ] (5)

temperature taken as constant while the pressure
wias varied.
The values of the constants obtained in this
manner were:
Peroxide-
Unvulcanized cured
sample sample
Voot 1. 0951 1 1032
10t A 6, 54 fh, 36
10° ag; 50. 5 —50. 4
108 &y —0), 227 —0. 203
109 Ly 0. 048 0. 073

The pressures are expressed in keg/em?, the tem-
peratures in °C', and the sgpecific volumes in em?/g.

The specific volumes calculated by eq (1) using
these constants reproduce quite well the original
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data given in table 1. The differences between
caleulated and observed values are shown in table 2.
The most serious deviations are in the wvalues for
the unvuleanized sample at 20°, where the cal-
culated values are systematically too low. The
values for the vuleanizate at 20° also tend to be
too low, but the difference is not as great.

Tasre 2. Difference between calculated and observed values of

specific volume

Unvulcanized rubber Peroxide-eured vuleanizate
P Vs Vg Vi Vg 1 Vi Va
kplems? cmifg | emify emdg | cmdly | emfy | emdfp | emilg
KIOd | 0% | XHO-d | XIS | XY | g4 | Xl
0 —2 L] ] —1 L] 1]
1 -2 0 1 (1] 0 +1
h —2 L] ] -1 1 (1]
0 ) 1] 1 —1 1] 0
-1 —1 +1 1] —2 —1 —1
0 i 0 ] (1] —1 0

The lots of raw rubber used in preparing the two
samples were of different origin and were purified by
different methods.  Consequently the specific vol-
wmes V.. of the unvuleanized tlull(*]'ial!». differed.
In the first case, V5,5 was 1.0951 em?/g as shown in
table 1; in the ntlu-l', it was observed to be 1.1074
cm?/e. The addition of the dicumyl peroxide to the
second sample gave a mixture with a specific volume
about 1.1040 1|:l";’g and on curing this fell to the
value 1.1032 em?/e shown in table 1,

The compr 1\~,~,|I:1¥11v values caleulated by eq (3),
using the constants obtained above, are given in
l-alhl{?: The values of (1/V,,.5) (0V/0t), obtained by
ealeulations based on a differentiation of eq (1), are
given in table 4. The change in this quantity with
changes in temperature is seen to be quite small,
and will be regarded as negligible in this range.

TarLe 3. Compressibality (—1/1V5) (0V/0F)

Tnvuleanized rubber | Peroxide-cured vuleanizate

4. Comparison With Similar Previous Direct
Observations

The pressure ranges, temperatures, and samples
used in  six important previous compressibility
studies on rubber are given in table 5. 1t will be
noted that only three authors investigated pressures
below 500 ke/em®, only a few used pure-gum vulean-
izates, and only one made measurements on un-
vuleanized rubber.

Copeland’s  experiments were
adiabatic rather than isothermal.
Tasre 5. Summary of sir previous invesligations
Authors Ref | Year | Temp | Pressure range Samples
c\(‘ I
Adams & [10] | 1930 25 | LO00-12,000 bars | 1. Vuleanizate
C3ibson. Hubber tH-
Sulfur 10
2, Vuleanizate
Rubher tH-
Sulfur 4
Zine Oxide
Accel. 0.25
1 = e [11] | 1935 10-85 | 1-800 bars._____.| Vuleani
Rubiber it
Sulfur 3-31
Bridgman _____| [12] | 1944 2,000-25,000 bars_| Pure-gum
vuleanizate
Nwmton, eal- [13] | 1945 48.5-1715 bars. __| Unvuleanized
culatedd by rithler
Me Pherson Pure-guim
1458, | vuleanizate
Copeland ______} [14] | 1948 |_________| 1-346 bhars_.______| 1. Vuleanizate
Rubber 100-
Sulfur 8
2, Vuoleanizate
Ruliber 100-
Sulfur 2.5
Zine Oxide
cepl, 1
Wedr_ . [L5] | 19568 | L0-81.5 | 1L,000=10,000 bars. | Vuleanizates:
Rubber 90-72
| Sulfur 10-28

The only cases yielding values which can reason-
ably be compared with the present results are the
studies of Scott [11] and of Naunton (as caleulated
by MecPherson) [13].  This comparison is made in
table 6, where for uniformity all the pressures are
to be measured in dynes/em? instead of kefem?

s |80 |1 | Ba ‘ B ‘ Fuo ;\-,, (1 kg/em*=980665 dynes/cm?). This requires a
kglow? — —— - — | change ol exponent and an increase of 2 percent in
cnlky | emalky | cmelky | emelky | emifky | cwiikg | cmefky the previously given coefficients related to the first
- | PO R i o | o)A power of the pressure, and of 4 percent in those
) 05| 406 st | a4 wa|  asg | related to the second power. These units will be
100 3| 4T 1| an2| 43| 434 used in the remainder of this paper. The values
) 8.5 5, 8 4 3.2 41, : 1 &
Son | 438 be Bt ow3l 3| aseribed to Scott represent extrapolations to 0 and
400 42,5 | 4L6 41.2 | 40.5 | 89.1 36| 9 o ‘ur respectivelv 1 hservations ex-
iy il - =5 33.-;| sl 3¢ |2 percent sulfuz respectively, '|11§; observations ex
=2 tending only over the range 3-31 percent sulfur.
Tavre 4. Thermal expansivity(1/ Ve, ) (0V/0T . X
e il ool y(1/ Vo, u)QV/0T) —— Tasre 6. Comparison of values of constants
Univuleanized rubber Peroxide-cured vuleanizate (Pressures measured in dynes/em?)
‘ Temperature Temperature Unwvuleanized Vuleanizates
kaplem* G I - B e - Constant -
£5° 20 {15 24° 20° 1 e Seott Present seott Nuaunton | Present
| deg! deg=! deg! deg! deg! deg! deg 0% 8 Naunton work 2048 “pare- work,
o L 5 {7 S T {7 o B S 1 B R 6 O I | gum'’ peroxide
654 | 654 | 0 6.86 | 6.36 | 6.3 1.1015 1. 0951 1. 0829 o 1. 1032
62| 628| 628 613 | 613 | 613 6. 6 6. 54 T4 peane .36
04 .4 LENIRY h.42 5,491 .41 —al. 5 —al.0 =0, 7
i | 4. 81 5. 79 5.72 G T2 6. 71 —0. 231 =282 ||eoie 2
550 5. 58 5, 56 5. 54 553 10. 4 1.3 1.8 L)
5.87 | 538 | 5.33 538 | 537| 5.3 0050 0. 083 | __________ 0. 076
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The vuleanizates used in the various studies were
all somewhat different. Scott’s values refer to the
rubber-sullur system; the composition of Naunton's
“pure-cum vuleanizate” was not specified; and the
present work was on a peroxide-cured rubber.

The agreement ol our values with those published
previously is regarded as very good, especially when
one considers the differences in the composition of
the wvuleanizates and the fact that some of the
constants are obtained as derivatives of values
directly observed.

5. Calculations of Internal Pressure

The “internal pressure” P, of a liquid [16, 17, 18,19]

is defined in thermodynamics as the change in
internal energy 7 with change in volume.
ol 0P ;
P,-z(—.—,) ~7(%5) —P- 6
v ). H\BT), )

It will soon be evident from the numerical values
below that for an applied pressure P of approximately
1 atm the second term is negligible compared with
the first. The temperature in this instance must
be expressed in °K. By differentiation of eq (2) one
obtains:

- 1 oV, -
A_I'g T (7)
Thus
A V, oP )
B V0udT ®)
and
T:' ') Al 3
] 025
=%, 5T ®

The values caleulated by eq (9) from the present
data at different temperatures and a pressure ol
1 atm are given in the fifth and sixth columns of
table 7

Allen, Gee, and coworkers [17] made a direct
measurement of the quantity 70P/07 for a natural
rubber vuleanizate containing 3.5 parts of sulfur and
an accelerator. They obtained values of 88.6, 87.4,
and 86.1 cal/em?® at 20, 30, and 40 °C, respectively.
The comparison with the corresponding figures n
table 7 is exceedingly satisfactory. They report
furthermore that the internal pressure of most poly-
mers is approximately 20-40 percent larger than the
cohesive energy density determined as the square of
8, the solubility parameter measured in swelling
experiments. This relation is np[)dwntl\ valid for
rubber also, since values of & ranging from 64-70
cal/em? are normally reported for natural rubber
vuleanizates [20, 21].

6. Calculations of Adiabatic Compressibility

The compressibility values were measured in the
present work under isothermal conditions. For
many applications, particularly where compressional
waves are involved, the adiabatic compressibility is
of interest. The difference between the isothermal
compressibility B and the adiabatic compressibility
B, has often been calculated from the relation [22]

B—B.=A'VT/C, (10)

where A is the thermal expangion coefficient, V' the
specific volume, 7' the temperature in °K, and (',
the specific heat at constant pressure. Taking the
values of (7, (shown in table 7) from the work of
Bekkedahl and Matheson [23] as the same for both
unvuleanized and peroxide-cured rubber, and the
other quantities from the present work, one obtains
the values shown in the table for A*VT/C, and the
corresponding adiabatic compressibility 13,.

Comparison With Measurements Involv-
ing Bulk Wave Velocities

The adiabatic compressibility is the major factor
determining the velocity of propagation of com-

TasLe 7. Values of thermodynamic quantities al 10° dynes/em?
Unpuleanized rubber A=6.54X10-* (deg €)1
[ e
T ‘ v ‘ B ‘ ( Vil Vo) (TA/B) Cpb | AVTIC, | Ba
Ll 3 | cmdly cm¥{dyne dynefem? callem? flo=C cindfdyne i, em?idyne :
s | 2 1. 0072 45. 710 -2 JuR0x 100 #5.0 1. 785 7. 0610712 38, l_i)(lU"-
1n | .2 1. (844 8. 3900 93.2 1.816 7.2 40.8
20 = 2 L owly 4820 a1, 4 1. 856 7.88 42.9
5. i} 2 1, (851 3790 0. 5 1.881 7.43 #“.1
30m H .2 1, 0887 B750 8.6 1. 906 7.48 45.2
LIES | i 1. 1058 680 88.1 1. 5t 7.57 47.4
Peroride-cured ruhber A=06.36310-4 (deg C')!
(| SRS EEE 273.2 1. 0857 46.2 | 820 1. 785 6.7 39.5
10.. | o83, 2 10027 | 48.3 3780 1,816 0. B 41.4
iy [ 2032 | Lo9es | 50.4 4710 1856 7.08 434
25. | 298.2 | 1.1082 8l.4 600 1.881 7.08 4!3
i e 303, 2 1. 1067 5H2. 4 J670 1. 56 7.12 43.6
40t 4138, 2 1.1137 M5 3620 1. 956 7.21 47.3

& Values given at 30 and 40 °C for Vand quantities derived from ¥ are based onan extrapelation of eq (1).

b Values observed for unvuleanized rubber by Bekkedahl and Matheson [23].
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pressional waves in a sheet of rubber. The effective
modulus for this type of wave is (K,+4/3 ) where
K, is the adiabatic bulk modulus (the reciprocal
of the adiabatic compressibility B,) and & is the

shear modulus. The general equation is then
P=V(K,+4/3 @) (11)

where 2 is the velocity of the compressional wave and
V" the specific volume of the medium. The present
work on the wvuleanizate yields K,=22,600>10°
dynes/em? at 25 °C' and 1 atm. Assuming the
reasonable value of 4.3 ke/em® for @ one finds
4/3 G=5.7 kg/em?=5.6 10" dynes/em?. There-
fore this term can be neglected in the remainder of
the present discussion over the range of variables
considered here.

The adiabatic bulk modulus A, the velocity »
of a compressional wave, caleulated from eq (11),
and the acoustic impedance, defined as ¢/V", the ratio
of velocity to specific volume [24, 25], are each
given in table S at difterent temperatures, as cal-
culated from the data in table 7.  The significance
of the quantity V%' in the last column will be
discussed later.

Bull modult, bulk wave velocitivs, and derived quanti-
ties al 18 dynes/cm?

TaBLE S.

Unvuleanized robhher

i

t K. v Hoet* =pfV Vol(=RIM)

-l dynes/em?® fsee goem-2 gec) [{em? g=1) (mogee-1110
il 25 1670 1550 X 10+ | 12.78
1 : L1 1500
20 Won | 1460 |
25 ] 1440
30 = )| 1420
i) 0 1530 L3380

Peroxide-cured rabber

L] | LT 151
10 L0 1440
20 1540 1450
25 1580 1430
L e —— : LAt 1410
40 » = 2ua 15380 1380

o Values given at 30 and 40 °C are baged on an extrapolation of e (1),

With dynamic measurements the modulus is
expected to be in general a function of the frequency.
Ivev, Mrowea, and Guth [26] measured the time
shift and amplitude change occeurring when a sheet
of pure-gum natural rubbber vuleanizate was in-
serted into the path of a pulsed compressional wave.
From the observations they computed bulk wave
veloeity and bulk modulus.

A decrease in velocity was noted as the [requency
was reduced from 10 Me/s to 1 Me/s.  The magni-
tude of the deecrease was about 5 percent at 0 and
20°, and about 2 percent at 40°.  Further decreases
were noted between 1 Me/s and 100 Ke/s amounting
about 2 percent at 0° and much less than 1 percent
at 20 and 40°.  No perceptible decreases were noted
between 100 ke/s and 50 ke/s at 0° or any higher
temperature. Heydemann [27] likewise could find
no variation of bulk modulus with frequency over

a range from 0.1 to 10,000 e/s at 20° for natural
rubber samples of widely different compositions and
moduli. At any given temperature the velocity
thus decreases monotonically with decreasing fre-
quency approaching asymptotically a low-frequency
hmit.  We know of no experimental evidence for
or reason to expect any further variation at lower
frequencies than those mentioned.

It can be concluded from these results that dy-
namic measurements on pure-gum natural rubber
vuleanizates at [requencies of 1 Me/s and below,
when conducted at 0° and above, will yield values
of velocity not more than about 2 percent greater,
and values of bulk modulus not more than about 4
percent greater, than the respective low-lrequency
limits. This important conclusion means that in
this region in which occur almost all practical appli-
cations of rubber, the variation of bulk modulus with
frequency ean be neglected.  The shear modulus, on
the other hand, shows appreciable dispersion for
several decades below 1 Me/s at 0°, finally reaching
a minimum change of 1-2 percent per decade at the
lowest [requencies.

Figure 1 shows the adiabatic bulk modulus K,
as a [unection ol temperature as determined in the
present work, in comparison with some values
obtained by dynamic measurements reported in the
literature.

The values aseribed to the B. F. Goodrich Co.
[28] were caleulated as #*/17 from the sound velocity
p at S-degree temperature intervals, and a density
value given as 0.98 g/em® at 25 °C'.  The rubber was
a pure-cum natural rubber vuleanizate designated
as Rho-C', Type 35000 (formerly 795R32), with a
Shore hardness of 35.

Values ascribed to Ivey et al. [26] are those read
directly from the low-frequency limits of the bulk
modulus in their figure 11 at 0 and 20°.

zex10° = ———— = —

i 5=

i

Adiabatic bulk modulus of rubber as a Tunction

of temperature,

Figure 1.

@ I'resent work—Unvuleanized

@ Present work—Peroxide-cured

] Ivey et al, [26] figure 11—Pure-gum vuleanizate

A BLF, Goodrich data [28] on Rho C rubber vuleanizite
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Other literature values at a single temperature
(omitted from ficure 1 for simplicity) are:

Temp. K,
o 4 dyne/enm® Authors Reference
0 2.60 % 1010 Cunningham and Ivey 29
25 Nolle and Mowry 30
205 Nolle al
30 Cramer and Silver a2

The agreement with the values shown in figure 1
at  the respective temperatures thoroughly
satislactory.

Cramer and Silver [32] measured the bulk modulus
of & pure-gum vuleanizate at 30° by means of a reso-
nant tube method [33] using a frequency of 1530 ¢/s.

It should be noted that the density of the normal
pure-gum vuleanizates containing zine oxide, sulfur,
and an  accelerator is approximately 0.98 g/em?
(V=1.02 em?/g), about 7 percent higher than that of
the peroxide-cured vuleanizate used in the present
work. According to the results just presented, this
difference has no significant effect on the bulk modu-
lus. The bulk wave velocities, however, are found to
be about 34 percent lower than those given in table
8, in accordance with the predictions of eq (11).

In addition to the results just given, there are also
literature values which are not properly comparable
or do not agree so well with those we are reporting.
For example, Wada and collaborators [34] made
measurements on unvuleanized natural rubber latex,
diluted with water until the rubber was about 10
percent by volume. They measured the velocity of
a pulsed compressional wave in the suspension and
compared it with that in the suspending liquid. The
frequency used was 1 Me/s. We see no obvious ex-
planation for the fact that the bulk moduli they
reported are about 10 percent lower than those we
observed for unvulecanized rubber.

Heydemann [27] has reported values of dynamic
compressibility for a number of rubber vulcanizates
of unspecified composition.  The highest value,
which might be presumed to be that characteristic of
a pure-gum vulcanizate, was 45.0<107% em?/dyne
at 20° corresponding to a bulk modulus of 2.22 10"
dyne/em? This is about 4 percent less than the
values shown in figure 1. The discrepancy is not
surprising in view in the uncertainty regarding the
composition.

McKinney, Belcher, and Marvin [35] measured the
dynamie compressibility of a vuleanizate containing
12.1 percent sulfur. Their values have not been tab-
ulated, since their vulecanizate can not be regarded
as a soft or lightly vuleanized rubber. It was in fact
chosen to permit measurements in the vicinity of
the glass transition. They found that the value of
isothermal compressibility B, at 25° and 1 atm was
41.4 107" em?*/dyne. Scott [11] reports 37.5 1074
em?/dyne for a vuleanizate containing 12 percent
sulfur.

Some observers have reported their results only
in terms of the bulk wave velocity without giving
density values, In many instances the densities of

is

the pure-gum vuleanizates would be expected to be
near 0.98 g/em?, and the velocities 3—4 percent lower
than those given in table 8, as already mentioned.

Unpublished measurements of Barnes [36] are re-
ported as yielding a compressional wave velocity of
about 1600 m/s, at 10,000 to 50,000 e¢/s, in essential
agreement with the values in table 8.

The values of bulk wave veloeity for natural rub-
ber observed by Natta and Baccaredda [37] are also
in close conformity with the extrapolation of the pres-
ent. values to higher temperatures. Assuming a
value of 9»/0t=23.0 m/sec™! deg= on the basis of the
data in table 8, one obtains a velocity of about 1440
m/s at 70 °C for both unvuleanized and peroxide-
cured rubbers. This is in good agreement with the
values 1465420 m/s at this temperature observed
directly by Natta and Baccaredda.

On the other hand, compressional wave velocities
about 9 percent lower than those given in table 8
were measured by Levi and Philipp [38] who ob-
served the frequencies at which sueccessive maxima
in transmission occurred in sheets about 1 mm thick,
immersed in mercury. A dozen or more resonances
were observed at frequencies between 1.5 and 8.6
Me/s.  The temperature was not specified. The
velocities measured were 1430 and 1479 m/s for two
different samples of unvulcanized evaporated latex
and 1450 m/s for a pure-gum vuleanizate made from
the first latex sample. A commercial soft-rubber
vuleanizate gave 1440 m/s.  No significant variation
with frequency could be observed over the range
studied.

The acoustic impedance “pe” given in the next to
the last column of table 8 governs the extent of re-
flection of compressional waves at the boundary of a
medium. Zero reflection is obtained when the
acoustic impedances on the two sides of the boundary
are equal. This is important in underwater sound
devices, where acoustically transparent protective
materials are required for sonar domes, transducer
covers, hydrophone tubes, and similar applications.

The acoustic impedance of fresh water [39, 40]
inereases from about 14031072 CGS units at 0° to
about 1493 >107* at 25°, while that of sea water [41]
rises from about 1490 to 15701072 over the same
range. In the region of greatest practical impor-
tance, 10-15 °C, the value for sea water is about
1530>107%.  As can be seen from the table, the
acoustic impedance of rubber decreases with increas-
ing temperature. Consequently a matching of pe
for sea water with that for rubber can occur at only
a single temperature. From the values for rubber
given in table 8 it is concluded that only slight in-
creases in the quantity pe are required to attain the
value of 15301072 at 10-15°. Experience verifies
this conclusion and at least one commercial vulcani-
zate has been designed for this purpose [28]. At
each temperature the density is higher, the velocity
lower, and pe slightly higher than the values used or
given in table 8 for the peroxide-cured rubber.

Cramer and Silver [32] found that when an EPC
(Easy Processing Channel) carbon black was used
as a filler in natural rubber, there was a considerable
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increase in bulk modulus and a considerable increase
in density. The velocity, depending as it does on the
ratio of these quantities, was found to decrease
slightly with filler content. The inerease in density
overbalanced the slight decrease in \(‘lnut\ s0 that
the product “pe” increased with increasing filler con-
tent. IFor rubber with a filler content sufficient to
raise the density to 1.10 g/em® and the Shore hardness
to 52, the Goodrich company [28] has reported similar
results, except that they found at most temperatures
a very slight inerease in veloeity as compared with
the pure-gum vuleanizate.

8. Calculation of Values of Other Properties

The compressibility B may be combined with
Young's modulus £ to eive the value ol Poisson’s
ratio u. IFFrom classical mechanies the eeneral rela-
tion for an infinitesimal deformation is:

— 2 137 )
I 56 BE (12)
For the peroxide-cured vuleanizate at 25° B, —

50.4 107" em®ldyne (table 3) and a reasonable
value of £
Poisson’s ratio for an infinitesimal deformation.

The ratio £2/¢7 from elassical mechanies is given by

E|G=3— BE. (13)
With the quantities already mentioned, this ratio is
caleulated as 2.99977 for the rubber vuleanizate.
The quantities measured in the present work may
be utilized to compute the difference between the
specific heats at constant pressure €'» and at constant
volume (', The relation given by thermodynamic
considerations [42] is
Cp—Cy=AVT|B. (14)
The values given in table 7 for the unvuleanized
rubber at 25 °C! and at atmospherie pressure ean be
inserted into the right-hand member of the equation
to yield 0.0648 ml/;_r °C for the difference in specific
heats. This may be compared with a value of 0.066
cal/e °C' at 27° given by Rehner [43] as the difference
between ('p=1.801 j/g °C=0.452 cal/g °C' measured
directly by Bekkedahl and Matheson [23] and
Jr=0.386 cal/g °C caleulated [rom the structure by
a method desceribed by Tarassov [44].
The ratio ('p/C)y can be obtained by combining
equations (10) and (14).
Op/Cyv= Bﬂf“, (] 5)
Values for B/B, computed [rom the data given in
table 7 decrease from 1.184 at 0° to 1.160 at 40°
for the unvuleanized material and from 1.170 at
0° to 1.152 at 40° for the peroxide-cured rubber.
Independent values for ('p/C’y other than those
derived from the values of ('p and (% given in the

would be 13 ke/em?, yvielding 0.49989 for

preceding paragraph seem to be unavailable. The
ratio in that instance is 1.171 at 27°.

The present results may be used to study the
validity (for rubber) of the relation

MVy'B=R (16)
where M is the molecular weight, V' the specific
volume, # the bulk wave velocity, and 12 is a constant,
independent of temperature. This equation was
proposed by Rao [45] some years ago as an empirical
relation valid for organie liquids of low molecular
weight.

Table S (col 5) shows that this relation holds reason-
ably well for the two rubbers over the range of
temperature investicated, the molecular weight being
assumed constant in each nstance.,

Lagemann and Corry [46] have shown how the

value of R in Rao’s relation may be predieted (for
compounds of low molecular weight) from ‘-\Illl{illl al
considerations, utilizing the additivity of “bond
inerements”.  In each mer unit of rubber (C;He),
for example, 8 ("~~H bonds would contribute 95.2
units each, 4 C—C bonds 4.25 each, and 1 C—C bond
129 units, for a total of 908.  The value of 1 for the
average molecule would then be 908 n and the molec-
ular weight Af would be 68.119 #n, where n is an
average degree of }Jt]].\lllt'll/ll.llll[l Clonsequently the
use of LII“‘I'III!HII] and Cory’s bond increments would
predict a value of 908/68.119=13.33 for I/M, the
quantity given in table &, col 5. The difference is
about 4 percent.

Replacing » in Rao’s eq (16) by the value given by
eq (11) (@ being assumed negligible in comparison
with K,), and differentiating with respect to 7" one
obtains [47] at P=0:

1. 0.8,
B, oT . o
1oV an
VarT

The left-hand member of this equation, as calculated
from the numerical values at =0 obtained in the
present work, decreases from 8.3 at 0° to 7.2 at 40°
for the unvuleanized rubber and from 7.4 at 07 to 6.6
at 40° for the peroxide-cured material.

The constants &y, and A are, respectively, the
dominant factors in determining the numerator and
denominator of the left-hand member of eq (17)
The ratio of their values as measured here, conse-
quently, is approximately that derived using Rao’s
relation.

9. Values Predicted at Pressures Above 500
kg/cm?

It is not intended that eq (1) through (5) be used
for pressures above 500 kg/em?. It is well known
from previous work that an expression involving
higher powers of P is required instead of eq (1) for
an adequate representation of the data.
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For this purpose, the applicability of a relation
known as the Tait Pquatiun has become increasingly
apparent in recent years.* The validity of this form
of relation in repr vsenlnw data on hydrocarbons with
molecular weights as high as 350 has been demon-
strated by Cutler, M{\htkle, Webb, and Schiessler
[48]. These authors give references to several
previous applications of the relation but it seems
not to have received the attention it deserves. For
example, it is not mentioned in the well-known
treatise of Brideman [9].

The Tait equation can be written:

L) “I_T i log, (1-+P/b) (18)
where b and ¢ are constants.
A change to natural logarithms and a series
expansion yield:
I[] T > CTR L2 I TN G
T =0.4343 ¢ | (P/b)— :_f;br—i—;-j- (Plhy— ... |
5 :
(19)

From eq (1) if a=ay+k({E—25) and B=pB,;
o (t—25), one obtains

Via—N
—_ P
0

Br=. (20)

It is apparent that eq (20) and its parent eq (1)
represent only an  approximation obtained by
negleeting higher powers of pressure ineq (19). It s
found on direct test that by the proper choice of
constants b and ¢ the Tait equation will yield as good
agreement with observed values of volume as has
rﬂwady been shown in table 2 for the approximation.
In other words, within the precision of our measure-
ments the two equations are indistineuishable over
the range of pressures below 500 kg/em?® At 25°
our data for the unvuleanized rubber were well
represented by ¢=0.240 and 6=2050 kg/em? in the
Tait equation; for the peroxide-cured rubber the
corresponding values were ¢=0.193 and b=1640
kg/em?®.

Equation (20) was used in the present work below
500 kefem?® beeause it is simpler than eq (18), and the
coefficients can be evaluated more readily. In view
of the excellent agreement ol ealeulated and observed
values shown in table 2, it was not considered
necessary to use the complete expansion. In each
equation, of course, the variation of the coefficients
with temperature can be calculated from observations
at different temperatures. Previous work [48] on
nonpolymeric compounds has found ¢ to be inde-
pendent of temperature and to have a value near
§

The success of the Tait equation in representing
data for hydrocarbon liquids up to the highest

 We thank Professor Robert Simha of the University of Southern California
for bringing the Tait equation to our attention,

pressures investigated suggested an examination of
its applicability to rubber at pressures above 500
ke/em?, It was found that the data of Scott [11]
(extending to about 800 kg/em?), Naunton [13]
(extending to about 1750 ke/em?), Adams and
Gibson [10] (extending to about 12,000 keg/em?),
and Brideman [12] (extending to 25,000 kg/em?)
could all be well represented by expressions in the
form of eq (18), with values of b in the range 1500
2200 ke/em?* and values of ¢ in the neighborhood of
0.2. None of these authors had utilized the Tait
equation.

In view of the results just mentioned, the Tait
equation is suitable for representing the volume of
rubber at all pressures up to the limit of observation.
It ig to be strongly preferred for the range above
500 kg/em®, where McPherson [13], for example,
found it necessary to add a term involving P to
eq (1).

The compressibility, obtained by differentiation of
eq (18), is
(0.4343 ¢

i iy

(21)

A series expansion of this expression in powers of
P shows that eq (3) also is an approximation valid
only for low pressures.

10. Conclusions

The compressibility values and their coefficients
deseribing changes with pressure and temperature
are not far different from those estimated by extrap-
olation from Scott’s data on the rubber-sulfur
system. There is no significant change of compressi-
bility on vuleanization with dicumyl peroxide, and
the changes in the coeflicients are slight.

The compressibility at 25° extrapolated to zero
pressure (as;) found here 1s slightly greater than
that of cestum, the most compressible crystalline
solid for which we have found values in the literature
[49]. It is appreciably less than that of most normal
organic liquids of low molecular weight. As already
mentioned it is nearly the same as that of water, a
distinetly abnormal liquid. This fact, while not of
any obvious theoretical or structural significance, is
of considerable practical importance since it becomes
possible to make rubber vuleanizates which will
have a minimum reflection or scattering of under-
water sound waves, as already mentioned.

The value of as; found here is essentially the same
as that found by Jessup [50] to represent the com-
pressibility of high viscosity petroleum oils (gas oils
and lubricating oils) of the same specific volume as
the rubber. This may be of theoretical significance
since the structures involved may well be similar in
all respects exeept molecular weight. Values given
in the literature [51] for other organic oils (such as
almond, castor, linseed, olive, and rapeseed oils)
are nearly the same. Glycerine is apparently the
only organic liquid appreciably less compressible
than these.
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Most of the limited number of available literature
values for other elastomers are not far different from
those for natural rubber. The wvalues for semi-
crystalline polyvmers and polyvmers below their glass
trangition temperatures tend to be somewhat lower,

The thermal expansion coefficient A is also found
to have essentially the same value as that given for
the high viscosity petroleum oils [50].

From the compressibility values and their co-
efficients it has been shown that one may caleulate
values for a considerable number of other properties
of rubber, obtaining good agreement with available
direct experimental values. These include internal
pressures, sound wave velocities, and specific heats.

We are indebted to Rachel J. Fanning for the
purification and analysis of the sample of vuleanized
rubber, and to Fred A. Quinn, Jr., for preparing the
dilatometers used in this work,
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