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Abstract To assess individual students’ abilities and misconceptions in mathemat-
ics, teachers need diagnostic competencies. Although research has addressed the
quality of teachers’ diagnostic competencies in recent years, it is not very clear
how to foster these competencies effectively in the course of prospective teachers’
university education. Research suggests that simulations with instructional support
are promising tools for fostering complex competencies. We have developed a sim-
ulation that aims at measuring and fostering prospective primary school teachers’
competencies to assess students’ mathematical abilities and misconceptions based on
their written task solutions. In this study, we analysed data from prospective primary
school mathematics teachers who used one of three different versions of the simu-
lation. Two versions contained a specific type of scaffolding, while the third version
did not contain scaffolding. Specifically, the two scaffolding types were content-re-
lated scaffolding that emphasized the use of specific pedagogical content knowledge,
and strategic scaffolding that emphasized diagnostic activities. The results suggest
that integrating scaffolding into the simulation did not substantially influence par-
ticipants’ overall perception of the simulation regarding presence, authenticity, or
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perceived cognitive load. Compared to participants in a control group without inter-
vention, participants who used the simulation with scaffolding had higher diagnostic
accuracy regarding overall assessment of students’ competence level. However, only
content-related scaffolding but not strategic scaffolding or no scaffolding tended to
improve participants’ competence in identifying students’ specific misconceptions.
The results provide a first empirical basis for further development of the simulation.

Keywords Diagnostic competencies · Scaffolding · Diagnostic activities ·
Simulation-based learning · Teacher education · Misconceptions

Entwicklung einer Simulation zur Förderung von
Diagnosekompetenzen angehender Mathematiklehrkräfte: Effekte von
Scaffolding

Zusammenfassung Um die mathematischen Fähigkeiten und Fehlvorstellungen
einzelner Schülerinnen und Schüler einzuschätzen, benötigen Lehrkräfte Diagno-
sekompetenzen. Obwohl sich die Forschung in den letzten Jahren vermehrt mit
Diagnosekompetenzen von Lehrkräften befasst hat, ist noch weitgehend unklar, wie
man diese effektiv während der universitären Lehramtsausbildung fördern kann.
Forschungsergebnisse legen nahe, dass Simulationen mit instruktionalen Unterstüt-
zungsmaßnahmen eine vielversprechende Möglichkeit bieten, komplexere Kompe-
tenzen zu fördern. Im vorliegenden Projekt wurde eine Simulation entwickelt mit
dem Ziel, die Fähigkeiten angehender Grundschulehrkräfte zu messen und zu för-
dern, mathematische Kompetenzen und Fehlvorstellungen von Schülerinnen und
Schülern anhand von schriftlichen Aufgabenlösungen einzuschätzen. In dieser Stu-
die untersuchten wir Daten angehender Grundschullehrkräfte, die mit einer von
insgesamt drei verschiedenen Versionen der Simulation arbeiteten. Zwei der Ver-
sionen enthielten eine bestimmte Art von Scaffolding, wohingegen eine dritte kei-
nerlei Scaffolding beinhaltete. Die beiden Scaffoldingarten waren inhaltsbezogenes
Scaffolding, das spezifisches fachdidaktisches Wissen unterstützte, und strategisches
Scaffolding, das diagnostische Aktivitäten unterstützte. Die Ergebnisse zeigen, dass
Scaffolding keinen substantiellen Einfluss darauf hatte, wie die Teilnehmerinnen
und Teilnehmer die Simulation hinsichtlich Presence, Authentizität oder Cognitve
Load erlebten. Im Vergleich mit einer Kontrollgruppe ohne Intervention schätzten
die Teilnehmer, welche die Simulation mit Scaffolding verwendeten, die mathema-
tische Kompetenz akkurater ein. Allerdings zeigte nur das inhaltsbezogene Scaf-
folding, jedoch nicht das strategische Scaffolding eine Tendenz, das Erkennen von
Fehlvorstellungen zu verbessern. Die Ergebnisse stellen eine erste empirische Basis
für die Weiterentwicklung der Simulation dar.

Schlüsselwörter Diagnosekompetenzen · Scaffolding · Diagnostische Aktivitäten ·
Simulationsbasiertes Lernen · Lehrerbildung · Fehlvorstellungen
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1 Introduction

Assessing individual students’ abilities and misconceptions in mathematics is an
important facet of teachers’ diagnostic competence. Many empirical studies focused
on the accuracy of teachers’ assessments. Research additionally aims at understand-
ing the underlying diagnostic processes (Artelt and Rausch 2014; Herppich et al.
2018; Loibl et al. 2020). The accuracy of teachers’ assessments appears to depend
on specific affordances of a situation and on references teachers use for their judg-
ments (Hoge and Coladarci 1989; Südkamp et al. 2012). To date, we do not fully
understand the factors that influence teachers’ diagnostic processes and outcomes, or
the most effective instructional ways of fostering (prospective) teachers’ diagnostic
competencies during teacher training (Leuders et al. 2022; Praetorius et al. 2012).
Research suggests that digital simulations with instructional support are promising
tools for fostering complex competencies that require the application of theoreti-
cal knowledge in practical situations (Heitzmann et al. 2019). Because diagnosing
can be considered such a complex competency, digital simulations could effectively
complement regular teacher training.

The general aim of the research presented here is the development of a digital
simulation that can be used to assess and foster prospective primary school mathe-
matics teachers’ diagnostic competencies. The simulation facilitates the assessment
of virtual primary school students’ mathematical competencies based on their writ-
ten solutions to mathematical tasks. To provide targeted support, we modified an
existing version of the simulation (as described in Wildgans-Lang et al., 2022) and
implemented scaffolding, that is, instructional support provided during the learn-
ing process. In this article, we were specifically interested in the effects of this
scaffolding.

1.1 Diagnostic Competence in Teacher Education

Teachers’ diagnostic competence includes skills for accurately assessing students’
learning processes and outcomes as well as the challenges in learning situations to
initiate adequate professional actions (Artelt and Gräsel 2009; Helmke et al. 2004;
Lorenz 2011; Schrader 2009). Accordingly, teachers need to assess learners’ abilities
as well as the challenges they may face in learning situations, such as task difficul-
ties (Karst 2012; Ostermann et al. 2015). Assessing these challenges is particularly
relevant for mathematics teachers as they often evaluate students’ abilities by select-
ing mathematical tasks and evaluating students’ task solutions. In such diagnostic
situations, teachers need to analyse relations between an individual student’s task
solution and relevant task features that can potentially provide evidence about this
student’s mathematical competency (Anders et al. 2010; Artelt and Gräsel 2009;
Helmke and Schrader 1987). Moreover, teachers need to recognise students’ mis-
takes in their solutions and need to interpret them accurately against the background
of learning goals that are more or less clearly defined (Padberg 1996; Radatz 1980).

To study diagnostic competence in this scenario, a theoretical framework is neces-
sary that allows mapping between relevant task features and students’ written work
on the one hand and students’ mathematical competencies on the other. One type
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of such a framework is a theoretically sound and empirically validated competence
model that can provide a normative reference, and that may also support teachers in
diagnostic situations (Reiss and Obersteiner, 2019). Such competence models may
be helpful for assessing both, the students’ general competence level (as defined
by the model) and their specific misconceptions (derived from the descriptions of
individual competence levels according to the model). For these reasons, we used
a mathematical competence model as a basis for the assessments in the current study.

Investigating and supporting teachers’ diagnostic competencies requires appro-
priate diagnostic situations (Leuders et al. 2018). The reason is that diagnostic
competence does not only require theoretical knowledge, but also requires utilizing
this knowledge in practical situations (Klug et al. 2013; Reinhold 2018). Because
real-life contexts are often not suitable for that purpose, simulation-based learning
environments seem to be more promising (Chernikova 2020b; Codreanu et al., 2021;
Heitzmann et al. 2019; Wildgans-Lang et al. 2020).

1.2 Developing Simulations for Learning Purposes

Simulations have been used successfully for training purposes in educational con-
texts, especially in medical education (e.g., Cook et al. 2011; Issenberg et al. 2005),
and in the acquisition of complex problem-solving skills (e.g., Funke 1988). A sim-
ulation can be defined as a model of a natural system with features that can be
manipulated (Heitzmann et al. 2019). Simulations in research on learning and in-
struction aim at providing authentic problems that allow different strategies to be
applied (de Jong and van Joolingen 1998; van Merriënboer and Paas 2003), and
therefore prepare learners for real challenges (Dieker et al. 2014; Grossman et al.
2009). From a general learning science perspective, several factors need to be con-
sidered when developing effective simulations.

One factor is presence (Sauter et al. 2013), which is a measure of the extent
to which individuals immerse themselves in a situation (Schubert et al. 2001). A
second, and related factor is authenticity (Seidel et al. 2010), which refers to the
extent to which individuals perceive a situation as realistic. Both factors relate to
the degree to which the simulation approximates a real situation (Codreanu et al.
2020; Dieker et al. 2014; Grossman et al. 2009). A challenge when developing
simulations for learning is that there can be a trade-off between authenticity and
instructional features implemented in the simulation. Because real situations do not
include any such features, instructional features could reduce the degree to which
the situation is perceived as authentic. A third factor that should be considered in
simulations for learning purposes is the cognitive load induced by the simulation
(Sweller 1989; van Merriënboer et al. 1992). According to cognitive-load theory,
especially novice learners—whose knowledge is often not well organised—can be
overburdened by the complexity of a new problem (Renkl and Atkinson 2003). For
that reason, the individuals’ extraneous cognitive load that is caused by operating
with the simulation itself and that is not related to the learning task should be
low, so that learners have enough cognitive capacities for the actual learning tasks
(Codreanu et al. 2020; Sweller 2005). De Jong and van Joolingen (1998) argue that
research should consider the potential effects of instructional support on cognitive
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load. This seems particularly important when comparing the effects of different kinds
of support, because they may differ in the cognitive load they impose on learners.

Few studies used simulations in teacher education to foster professional compe-
tencies, and the contexts of these studies vary widely (Chernikova 2020b). Studies
that addressed teachers’ diagnostic competencies mostly used simulations as a tool
for analysis rather than for instruction (Codreanu et al. 2021; Kron et al. 2021;
Shaughnessy and Boerst 2018; Wildgans-Lang et al. 2020). Therefore, little is known
about how to construct effective simulations for supporting diagnostic competencies
in mathematics. Assessing students’ mathematical competencies and misconceptions
based on selecting and evaluating tasks is a diagnostic situation that can be presented
in simulations and can be regarded as sufficiently complex (Heinrichs and Kaiser
2018, Philipp 2018). The simulation used in this study presents such a task-based
diagnostic situation (for details, see 2.1); it requires several activities that can be
described as a diagnostic process.

1.3 The Diagnostic Process

According to Helmke et al. (2004) and Schrader (2008), assessing is an iterative
process that includes repeated evaluation of evidence and reflection of initial judge-
ments in the face of additional information. Diagnostic activities can be considered
as an instance of scientific reasoning and argumentation, and the model by Fis-
cher et al. (2014) describes typical activities in the process of scientific reasoning
and argumentation. Heitzmann et al. (2019) specified these activities with regard
to assessment situations. These diagnostic activities are: (1) problem identification,
(2) questioning, (3) generating hypotheses, (4) selecting tasks, (5) evaluating solu-
tions, and (6) drawing conclusions. We illustrate these activities based on an example
of a student’s solution (see Fig. 1) to a mathematical task that was used in the large-
scale study VERA-3 (Stanat et al. 2012): First, teachers identify that the student has
solved incorrectly two of six subtraction problems presented in Fig. 1 (1), where-
upon they ask themselves what the reason for these errors could be (2). They state
the hypothesis that the student might systematically subtract the smaller from the
larger number digit by digit in multi-digit subtraction tasks (3). Teachers select an-
other multi-digit subtraction task because they want to check their hypothesis (4) and
evaluate the student’s solution to this new task (5). Finally, they draw conclusions
about the student’s potential misconception (6).

There is evidence that carrying out the diagnostic activities in a strategic way
(e.g., evaluating evidence based on hypotheses, as illustrated above) is important
for successful learning in problem-based learning environments (Codreanu et al.
2021; de Jong and van Joolingen 1998; Schauble et al. 1991; Wildgans-Lang et al.

Fig. 1 Example of an original
VERA-3 task solution showing
a misconception in subtraction
with decadal transition
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2020). In addition to the competency of carrying out diagnostic activities, assessing
student’s competencies in a specific domain also requires professional knowledge.

1.4 Professional Knowledge as a Prerequisite for Student Assessment

Various models describe (mathematics) teachers’ professional knowledge and mostly
include content knowledge and pedagogical content knowledge (e.g., Ball et al.
2008; Shulman 1987; Weinert et al. 1990). From a theoretical point of view, teach-
ers need to integrate their knowledge from different facets to master diagnostic
situations (Brunner et al. 2011; Helmke 2017; Weinert et al. 1990). Although empir-
ical evidence for the relationship between diagnostic competence and professional
teachers’ knowledge is still lacking (von Aufschnaiter et al. 2015; Schrader 2014),
there is agreement that content-related knowledge facets are necessary prerequisites
for making accurate assessments.

From a mathematics educational perspective, content knowledge is necessary to
detect mistakes in students’ solutions, while pedagogical content knowledge is nec-
essary to uncover typical misconceptions related to the content of a task (Philipp
2018). Using the example displayed in Fig. 1, detecting that two of the six subtrac-
tions have been solved incorrectly requires content knowledge about subtraction.
Realizing that the student subtracted the smaller from the larger number digit by
digit in the two incorrect tasks, and categorizing this mistake as a typical mistake in
multi-digit subtraction requires specific pedagogical content knowledge. The exam-
ple illustrates that with regard to teachers’ diagnostic competencies in primary school
mathematics, it is reasonable to expect a larger variation in teachers’ pedagogical
content knowledge than in their content knowledge because the mathematical con-
tent is fairly basic. In this study, we therefore aim at assisting (prospective) teachers
in applying their pedagogical content knowledge by providing a competence model
which helps to differentiate different levels of mathematical competence and to map
misconceptions to these levels (see 1.1).

In summary, both applying relevant pedagogical content knowledge and perform-
ing relevant diagnostic activities (see 1.3) seem important for diagnostic processes
and outcomes. One way of investigating the relevance of these facets is to foster
both facets during a diagnostic situation and compare their impact on the diagnos-
tic process and outcome. A method to stimulate these knowledge facets during the
diagnostic situation is scaffolding.

1.5 Providing Instructional Support Through Scaffolding

Assessing students’ mathematical abilities and misconceptions based on selecting
and evaluating tasks is complex, and might overwhelm prospective teachers who do
not have sufficient professional experience. Therefore, providing instructional guid-
ance seems necessary, especially during the early phases of competence acquisition
(Smetana and Bell 2012). Scaffolding is a process-orientated form of instructional
guidance; it means supporting learners while they solve a complex task by reduc-
ing and regulating the complexity (Wood et al. 1976). The idea of scaffolding is
strongly connected with Vygotsky’s (1978) Zone of Proximal Development. The
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support is supposed to step in between “the actual development level as determined
by independent problem solving and the level of potential development as deter-
mined through problem-solving under [...] guidance” (Vygotsky 1978, p. 83). With
the help of scaffolding, learners are guided to solve tasks that they would not be
able to solve on their own (van de Pol et al. 2010).

In a meta-analysis, Chernikova et al. (2020a) found that scaffolding is an effective
way to foster diagnostic competencies in teacher education, but the authors also note
that there are still few studies comparing different kinds of scaffolding. For fostering
prospective primary school teachers’ competencies to assess students’ mathemati-
cal abilities and misconceptions based on their written task solutions, two kinds
of scaffolding seem to be promising: the first supports the application of relevant
pedagogical content knowledge (see 1.4), the second supports diagnostic activities
(see 1.3).

The first kind of scaffolding (hereafter: content-related scaffolding) can include,
for example, stimulating knowledge about characteristic abilities and mistakes at
different levels of students’ competence. Such knowledge is particularly relevant
when the diagnostic situation does not require the comparison of students’ overall
competencies in relation to one another (rank-order assessment) but to assess indi-
vidual students’ level of mathematical competencies relative to a normative compe-
tence model and to classify individual students’ specific mathematical abilities and
misconceptions. Experimental studies showed that directly instructing prospective
teachers in specific pedagogical content knowledge improved their accuracy in as-
sessing task difficulties (Ostermann et al. 2018) or task features (Rieu et al. 2022;
Schreiter et al. 2022). Consequently, interventions that provide relevant knowledge
have the potential to foster prospective teachers’ diagnostic competencies effectively
even in short interventions during university courses. More domain-general research
on instructional guidance also suggests that content-related scaffolding can support
learning effectively (Bulu and Pedersen 2010; de Jong and van Joolingen 1998;
Rieber et al. 2004; Sandoval 2003; Zembal-Saul et al. 2002). Studies using this kind
of scaffolding showed that presenting the support continuously during the learning
situation helps learners to apply relevant knowledge to solve the task and to improve
their competencies in reflecting their judgments.

The second kind of scaffolding (hereafter: strategic scaffolding) that might fos-
ter diagnostic competencies supports relevant diagnostic activities. Such scaffolding
could, for example, encourage learners to generate hypotheses or draw conclusions
(de Jong and van Joolingen 1998). Studies that focused on teachers’ diagnostic activ-
ities found that prospective teachers tend to collect and describe a lot of information,
but rarely integrate the information to state hypotheses or to draw conclusions (Co-
dreanu et al. 2021; Stürmer et al. 2013; Wildgans-Lang et al. 2020). These studies
suggest that scaffolding should specifically stimulate these diagnostic activities.

In conclusion, there are good theoretical and some empirical reasons to assume
that both content-related scaffolding and strategic scaffolding can support specific
facets of prospective teachers’ diagnostic processes (e.g., Codreanu et al. 2021;
Fischer et al. 2014; Heinrichs 2015; Ostermann et al. 2018; Wildgans-Lang et al.
2020). Although empirical studies have not directly compared the effectiveness of
the two types of scaffolding, we assume that content-related scaffolding is more
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effective than strategic scaffolding, especially when the diagnostic situation requires
assessing content-specific facets (e.g., misconceptions in mathematics).

1.6 The Present Study

The general goal of our research is to develop a simulation for assessing and fostering
diagnostic competencies of prospective primary school teachers of mathematics. An
evaluation of an initial version of our simulation showed that preservice teachers
rated the simulation as suitable with regard to authenticity and presence (Wildgans-
Lang et al. 2020). While the initial version of the simulation did not yet contain
specific instructional support, we developed two new versions of the simulation with
scaffolding.

The present study had three aims: First, we wanted to evaluate the two newly
developed versions of the simulation (with scaffolding) regarding perceived authen-
ticity, presence, and cognitive load. To that end, we compared participants’ percep-
tions of the simulation between groups that worked with different versions of the
simulation. We addressed the following research question:

RQ1: Does the implementation of different kinds of scaffolding in the simula-
tion affect individuals’ perception of presence, authenticity, and cognitive load,
relative to the simulation without scaffolding?

The second aim of this study was to investigate whether using the simulation had
a positive effect on participants’ diagnostic accuracy. We addressed the following
question:

RQ2: Does using the simulation increase prospective primary school teachers’
accuracy regarding students’ competence levels and their specific misconcep-
tions?

We used a pre-post-test design to compare the accuracy of a group of participants
that received an intervention with the simulation to data from a control group that
did not receive any intervention.

Finally, the third aim of this study was to investigate the specific effects of two
different kinds of scaffolding that we had implemented in the simulation, namely
content-related scaffolding and strategic scaffolding (see 1.4). The content-related
scaffolding supported knowledge about the hierarchy of primary school students’
competencies in mathematics (as described in a competence model), whereas strate-
gic scaffolding aimed at supporting the diagnostic process by prompting relevant
diagnostic activities. Two research questions addressed the effects of these two
kinds of scaffolding:

RQ3: a) Does scaffolding (either content-related or strategic) have a positive
effect on diagnostic accuracy regarding students’ competence levels and their
specific misconceptions? b) Is content-related scaffolding more effective than
strategic scaffolding?

Our hypothesis was that scaffolding positively influences participants’ diagnostic
process while they work with the simulation, which is reflected in a higher accu-
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racy compared to using the simulation without scaffolding. Moreover, we expected
content-related scaffolding to be more effective than strategic scaffolding.

2 Methods

2.1 The Simulation

The simulation was implemented by using the CASUS e-learning software by
the non-profit company INSTRUCT gGmbH as a platform. The software provides
a framework for building authentic diagnostic cases and has been created in cooper-
ation with researchers in medical education and learning science. An initial version
of the simulation is described in Wildgans-Lang et al. (2022) and was used in the
study of Wildgans-Lang et al. (2020). In the simulation, the learners assess virtual
students’ mathematical competencies by selecting tasks and viewing the virtual stu-
dents’ written task solutions. The assessment of virtual students’ competencies in the
simulation includes assigning them to a competence level and detecting a possible
mathematical misconception. To obtain information about a virtual student’s com-
petencies, participants can select blank tasks from a given portfolio. After deciding
on a task, the virtual student’s solution appears. The order of task selection depends
on the participants’ individual choices. The participants can stop the process of task
selection anytime in order to finish an assessment. After selecting a task, it is possi-
ble to take notes while the student’s solution is presented. The notes can be viewed
anytime until the final assessment.

The virtual students’ task portfolios contain 23 to 29 different task solutions.
An important feature of the simulation is that the tasks and the task solutions were
taken from a pilot run of national large-scale assessment among third-graders in
Germany (VERA-3; “Vergleichsarbeiten”). This means that the tasks can be assigned
to one of five competence levels according to a competence model, which has been
validated from a theoretical and empirical perspective (Reiss and Winkelmann 2009;
Reiss et al. 2012). Moreover, the task solutions stem from real students that have
participated in the VERA-3 pilot study, and are therefore authentic. The students’
competence levels can be assigned to one of the five competence levels of the
model. Specifically, the empirical scales used in VERA-3 were designed such that
students could be assigned to a certain competence level based on their performances.
Students in the VERA-3 study solved more than 50% of the tasks that are below or
at the same level as their competence level correctly, and less than 50% of the tasks
above this level (Stanat et al. 2012). Similar to this empirical data from VERA-3, and
to reduce complexity, the simulation was constructed such that virtual students who
are on a certain competence level would correctly solve most (on average: 74%) of
the tasks below or at the same level as their competence level, and would correctly
solve only few (on average: 11%) of the tasks above this level. To further reduce
the complexity of the simulation, we only implemented tasks that belong to the
mathematical content areas “numbers and operations” and “patterns and structures”.

To construct the virtual students’ portfolios, we carefully selected written task
solutions from the VERA-3 item pool such that the solutions revealed specific com-
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Fig. 2 Example of an original
VERA-3 task solution showing
a misconception about the use of
the number zero

petencies and misconceptions that were relevant for the assessments. In particular,
each virtual student was assigned one major misconception (e.g., systematic mis-
takes when subtracting with carrying or when calculating with the number zero;
see Fig. 1 and 2), based on typical misconceptions as described in the mathematics
education literature (Padberg and Benz 2011).

In the simulation, the tasks that can be selected are grouped by the two content
areas (numbers and operations or patterns and structures) and by their broad difficulty
(“rather easy” or “rather difficult”). The “rather easy” category included tasks at
the first two competence levels, and the “rather difficult” category included tasks
at competence levels three to five. Only the broad categories but not the specific
competence levels of tasks were visible for participants.

2.2 Sample

This study is based on data from a total of 258 prospective primary school teachers
(227 female, 30 male, 1 did not specify) who were students at two German univer-
sities. Their average age was 22.72 (SD= 3.43) and their median university semester
was the fourth, ranging from the second to the eighth semester (IQR= 4–3). From
the original sample of 334 participants, 76 dropped out during the study. Presum-
ably, this large dropout was mostly due to the fact that all assessments had to be
conducted online, due to the global Covid-19-pandemic.

Data were collected separately in two waves. First, we collected data from 62 par-
ticipants who formed the intervention group. These participants received the inter-
vention with the simulation. The participants of this group either took part in the
study as part of online courses within their curriculum or voluntarily for com-
pensation of C 10 per hour. These participants were randomly assigned to three
conditions. One subgroup worked with the simulation that included content-related
scaffolding (content intervention group, n= 24), another subgroup worked with the
simulation with strategic scaffolding (strategy intervention group, n= 18). The third
subgroup worked with the simulation without scaffolding (no-scaffold intervention
group, n= 20). Before excluding dropouts, each group consisted of 30 participants.
Although in absolute terms, the number of dropouts in the strategy intervention
group (12) was larger than the number of dropouts in the content intervention
group (6), this difference was not significant (X2(1)= 2.00, p= 0.16), so that we
assume that the dropouts were not systematic.

Second, we collected data from a larger group of 196 students who participated
in pre- and post-testing but who did not receive any intervention. The participants of
this group took part in the study as part of an online course within their curriculum.
We recruited a larger sample in order to conduct further process data analyses (not
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reported here). In the current study, this group serves as a general control group
that allows evaluating the effect of the simulation regardless of scaffolding. Before
excluding dropouts, this group consisted of 244 participants.

The non-randomized allocation between control and intervention groups and the
small sizes of the intervention groups limit the conclusions that can be drawn from
significance tests of group differences. Therefore, and considering current debates
in the literature, we based some interpretations not solely on significance thresholds
but also discuss the descriptive data (Bakker et al. 2019), while being aware of the
general limitations in generalizing our results.

2.3 Instruments

2.3.1 Presence

The participants’ perceived presence was assessed with an adapted scale based on
Frank (2015), Seidel et al. (2011), and Vorderer et al. (2004). The scale was intro-
duced by the stimulus “Please assess the following statements” and was measured
on a 5-point Likert scale (i.e. 1= “I totally disagree” to 5= “I totally agree”). The
scale consisted of three items, for example, “While assessing in the simulation I con-
centrated fully on the situation”. The reliability of this scale was high (Cronbach’s
α= 0.81).

2.3.2 Authenticity

Authenticity was measured with an adapted scale based on Seidel et al. (2010) and
Schubert et al. (2001). Like Presence, the scale was introduced by the stimulus
“Please assess the following statements” and was measured on the same 5-point
Likert scale. The scale consisted of three items, such as “Working in the simulation
seemed like a real professional challenge”. Reliability was also high (Cronbach’s
α= 0.79).

2.3.3 Perceived Cognitive Load

Regarding the participants’ perceived cognitive load, we used a scale by Eysink et al.
(2009) which measures extreneous cognitive load in digital learning environments.
Participants were asked to rate their perceived cognitive load on a 5-point-Likert-
scale (i.e., 1= “very easy” to 5= “very difficult”). The scale consisted of three items,
such as “How easy or difficult is it for you to distinguish between important and
unimportant information in the learning environment?”. The reliability of this scale
was sufficiently high (Cronbach’s α= 0.71).

2.3.4 Diagnostic Accuracy

We assessed two facets of accuracy: 1) accuracy in determining a virtual student’s
mathematical competence level, and 2) accuracy in determining a virtual student’s
misconception. Participants were asked to choose the correct competence level for
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each virtual student in a single-choice item (with the five competence levels as
possible answers, without any content-related description of the levels). The item was
introduced by the stimulus “Please select the correct competence level”. Participants
were also asked to choose each virtual student’s misconception in a single-choice
item (with 13 possible answers). This item was introduced by the stimulus “Please
select the statement that you think most likely fits the student” and an exemplary
answer was “The student has difficulties regarding the place-value system”. The
answers for each facet of accuracy (competence level and misconception) were
coded as 1 if the choice was correct, and 0 otherwise.

2.3.5 Pretest and Posttest

The pretest and posttest each consisted of assessing one specific virtual student
within the simulation. The virtual student in the pretest was at competence level
three and the virtual student in the posttest was at level four. Accuracy for the pre-
and posttest was assessed. During pretest and posttest, none of the groups received
any scaffolding.

2.4 Procedure

Before the testing, all participants were introduced to the competence model of
Reiss and Winkelmann (2009), which shows the hierarchy of the different compe-
tence levels (without specific descriptions of content areas such as “numbers and
operations”; for details, see Reiss and Winkelmann, 2009). The participants were
also informed about the aim of their assessments, that is, to assign virtual students to
a competence level and to identify their mathematical misconceptions. Furthermore,
participants were instructed to proceed as long with a virtual student until they were
sure about their assessment and to take notes about their thoughts while they were
assessing.

After the introduction, participants completed a pretest (30min) and then received
the intervention with the simulation (60min; for the three intervention groups only).
After that, they completed the posttest (30min). Finally, participants filled in a ques-
tionnaire that included questions about their perceived presence, authenticity, and
perceived cognitive load (5min). The control group only took part in pre- and post-
testing (with a time interval of 60min in between) but did not receive any interven-
tion. All assessments were conducted online due to the global Covid-19-pandemic.

2.4.1 Interventions

The three intervention groups received a 60-minute intervention between the pretest
and the posttest. The intervention consisted of the assessment of up to seven virtual
students in the simulation, who varied in their competence levels and misconcep-
tions. Virtual students were presented in an ordered list, and participants were asked
to assess these virtual students in the given order. The three intervention groups used
different versions of the simulation. The content intervention group used a version
that contained content-related scaffolding (see 2.4.3), the strategy intervention group
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Table 1 The content-related scaffold in the area “patterns and structures” contained the following
information about the competence levels

Competence
level

1 Understanding easy patterns (e.g., doubling); Understanding and continuing very easy
geometric patterns

2 Continuing easy number sequences; Detecting incorrect entries in number sequences;
Understanding the structure of patterns in easy graphical or numerical sequences

3 Understanding of structures in more complex patterns; Continuing more complex pat-
terns; Understanding and interpreting proportional mappings

4 Analyzing and continuing complex patterns; Understanding connections between differ-
ent representations (e.g., graphical, numerical); Using proportional mappings to model
and solve word problems

5 Proficient in dealing with complex number sequences; Understanding patterns even
when different operations are combined; Constructing arithmetic patterns based on
given criteria; Developing their own solving strategies

used a version that contained strategic scaffolding (see 2.4.3), and the no-scaffold
intervention group used a version without any additional support. In all versions,
the correct assessment was shown after a participant had completed the assessment
of a virtual student.

2.4.2 Scaffolding

The content-related scaffolding contained detailed information about the underlying
competence model. When participants in the content intervention group decided
to select a task from one of the two available areas “patterns and structures” or
“numbers and operations”, descriptions of the competence levels for the selected
area were shown during the task selection. The description remained visible until
the participant completed evaluating the solution of the selected task. Table 1 shows
the content that was presented after participants decided to select a task from the
area “patterns and structures”.

The strategic scaffolding contained information about important diagnostic activ-
ities (see 1.3). The support that was presented to the strategy intervention group is
shown in Table 2. The strategic scaffolding was implemented at the same location
on the screen as the content-related scaffolding.

Both kinds of scaffolding were introduced by the stimulus: “The following hints
could be helpful for the assessment.”

Table 2 The strategic scaffold contained the following information

1. Problem identification and questioning: If you detect a mistake in the student’s solution, think about
possible reasons that could have caused this error

2. Hypothesis generation: State hypotheses about possible misconceptions and competence levels

3. Choosing tasks and evaluating solutions: Try to choose tasks based on your hypotheses that can sup-
port or falsify your hypotheses

4. Drawing conclusions: Based on your evaluations, make a decision about the student’s competence
level and misconception
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Table 3 Contrast matrix

Control! Intervention
(RQ2)

No-Scaffold! Scaf-
fold (RQ3a)

Strategy! Content
(RQ3b)

Control Group –1 0 0

No-Scaffold Intervention Group 1/3 –1 0

Strategy Intervention Group 1/3 1/2 –1

Content Intervention Group 1/3 1/2 1

2.5 Data and Statistical Analysis

All data transformations and statistical analyses were conducted in R (R Core Team,
2008).

For the first research question (potential differences in participants’ perceptions
of the different versions of the simulation), we compared the scores for presence, au-
thenticity and perceived cognitive load between the intervention groups that worked
with the simulation by using ANOVAs with group (no-scaffold intervention group/
strategy intervention group/content intervention group) as a factor.

For the second and third research questions (effects of the intervention and of
different kinds of scaffolding on accuracy), we conducted two logistic regression
analyses (one analysis for accuracy in determining a virtual student’s mathematical
competence level, and another analysis for accuracy in determining a virtual student’s
misconception). In each analysis, accuracy in the posttest was the dependent variable
and contrasts between specific groups were the independent variables (see Table 3
for the underlying contrast matrix). We included accuracy in the pretest as a control
variable in each analysis. The reported odds ratios represent the change in the odds
for a correct answer in the posttest depending on the contrasts. The first contrast
compares the control group to the intervention group (addressing RQ2). The second
contrast compares the no-scaffold intervention group to the two scaffold intervention
groups (addressing RQ3a), and the third contrast compares the strategy intervention
group to the content intervention group (addressing RQ3b).

3 Results

3.1 Participants’ Perception of the Simulation

The scores for presence, authenticity, and perceived cognitive load for each of the
intervention groups are shown in Table 4. All groups rated presence and authenticity
as relatively high and their perceived cognitive load as relatively low, which means
that the simulation was suitable for providing realistic diagnostic situations and that
operating with the simulation did not result in cognitive overload.

Differences between the groups were relatively small. The strategy intervention
group reported a slightly lower presence than the other groups. However, the differ-
ences between the groups were small and not statistically significant (F(2,55)= 1.62,
p= 0.21, η2= 0.06). The no-scaffold intervention group perceived the simulation as
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Table 4 Presence, authenticity, and perceived cognitive load of the intervention groups (all scales ranging
from 1 to 5)

Presence Authenticity Perceived cognitive
load

M SD M SD M SD

No-Scaffold Intervention Group 4.11 0.70 3.48 0.66 2.73 0.87

Strategy Intervention Group 3.77 0.75 3.90 0.69 2.88 0.83

Content Intervention Group 4.14 0.59 3.70 0.47 2.84 0.58

slightly less authentic compared to the other groups. Again, the group differences
were not significant (F(2,56)= 2.11, p= 0.13, η2= 0.07). In terms of perceived cog-
nitive load, the scores differed very little between the groups, and these differences
were, again, small and not significant (F(2,56)= 0.18, p= 0.84, η2= 0.01).

Together, these results suggest that the implementation of scaffolding did not
make the simulation significantly less authentic or reduced participants’ presence.
Participants’ perceived cognitive load did also not substantially differ between the
three intervention groups.

3.2 Effects of the Intervention

The descriptive results for all groups are displayed in Table 5. The solution rates
suggest that the difficulty level of pretest and posttest was appropriate. Because the
pretest solution rates differed between the groups, we included the pretest value as
a control variable in further analyses. The odds ratios reported in Table 6 inform
about the effects of the pretest accuracy and between the contrasted groups—an
odds ratio below one indicates a negative effect of the predictor and an odds ratio
above one indicates a positive effect.

We expected that the three intervention groups together would make better as-
sessments than the control group without intervention. Indeed, this was true with
regard to the accuracy in terms of the competence level. The contrast analysis with
pretest as a control variable and posttest as the dependent variable resulted in 62%
higher odds for the intervention group participants of choosing the correct compe-
tence level in the posttest compared to the control group, p= 0.036 (see Table 6, first
contrast).

Regarding accuracy in assessing students’ misconceptions, the intervention group
was 19% less likely to answer the posttest item correctly compared to the control

Table 5 Solution rates for the diagnostic accuracy items in pretest and posttest per group

Competence level Misconception

Pretest Posttest Pretest Posttest

Control Group 0.53 0.51 0.47 0.52

No-Scaffold Intervention Group 0.65 0.60 0.45 0.40

Strategy Intervention Group 0.56 0.67 0.33 0.33

Content Intervention Group 0.38 0.71 0.33 0.63
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Table 6 Parameter estimates for the logistic regression analysis predicting the odds of choosing the
correct competence level in the posttest

Predictor OR CI p

Pretest Accuracy 1.31 0.79–2.16 0.294

Control! Interventiona 1.62 1.04–2.57 0.036

No-Scaffold! Scaffold 1.34 0.63–2.82 0.444

Strategy! Content 1.13 0.58–2.20 0.719
aThis is the contrast comparing the three intervention groups to the control group as shown in Table 3
(analogously for the other predictors)

Table 7 Parameter estimates for the logistic regression analysis predicting the odds of choosing the
correct misconception in the posttest

Predictor OR CI p

Pretest accuracy 1.30 0.79–2.15 0.304

Control! Interventiona 0.81 0.52–1.27 0.367

No-Scaffold! Scaffold 1.26 0.61–2.68 0.539

Strategy! Content 1.83 0.98–3.58 0.065

aThis is the contrast comparing the three intervention groups to the control group as shown in Table 3
(analogously for the other predictors)

group while controlling for pretest accuracy (see Table 7, first contrast). This was
unexpected. However, the difference was not statistically significant, p= 0.367.

3.3 Effects of Scaffolding

The third research question was whether scaffolding can enhance the learning effect
with the simulation. We expected that scaffolding, in general, would have a pos-
itive impact on the learning outcome. Moreover, we expected that content-related
scaffolding would be more effective than strategic scaffolding. The results in Ta-
ble 6 and 7 support our hypotheses only on the descriptive level. Participants in
the intervention groups with scaffolding (together) were 34% more likely to choose
the appropriate competence level in the posttest than participants in the no-scaffold
intervention group (after controlling for the pretest; see Table 6, second contrast),
but the difference was not significant, p= 0.444. In terms of the misconception, they
were 26% more likely to answer the posttest item correctly compared to the no-
scaffold intervention group (see Table 7, second contrast). However, this difference
was again not significant, p= 0.539. These results mean that participants in both
scaffold intervention groups (strategy intervention group and content intervention
group) showed a tendency of increased assessment accuracy compared to partici-
pants in the no-scaffold intervention group, but all differences were not statistically
significant.

When contrasting the strategy intervention group and the content intervention
group, the descriptive data suggest that a participant in the content intervention
group was 13% more likely to choose the correct competence level, p= 0.719, and
83% more likely to choose the appropriate misconception in the posttest compared
to a participant in the strategy intervention group, p= 0.065 (see Tables 6 and 7, third
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contrast). However, these differences did, again, not reach statistical significance.
This result suggests that the intervention with content-related scaffolding tended
to have a stronger effect on the accuracy when detecting students’ misconceptions
compared to the intervention with strategic scaffolding.

4 Discussion

Our research aims at developing a simulation to foster prospective mathematics
teachers’ diagnostic competencies. In the simulation, participants can assess virtual
students’ mathematical competencies based on written task solutions. In this study,
we evaluated different versions of our simulation with different types of scaffolding
to identify promising types of instructional support. We evaluated the effects of
these simulations on participants’ perception of the simulation and their diagnostic
accuracy.

4.1 Participants’ Perception of the Simulation

Three different versions of the simulation were first evaluated in terms of partici-
pants’ overall perception. Participants’ ratings in terms of their perceived presence,
authenticity and cognitive load appeared to be in the desired range, and did not
differ greatly between the different versions of the simulation. This result suggests
that these versions can be regarded as comparably well suited for simulating real
diagnostic situations.

It should be noted that the items for measuring authenticity relate primarily to the
similarity of the simulation to a real professional challenge. Since the participants
in this study did not yet have much professional experience, the absolute ratings
of authenticity may reflect their subjectively perceived authenticity, rather than the
objective authenticity with which our digital tool simulated a professional situation.
It would be interesting to find out if experienced teachers would rate authenticity in
a similar range. In any case, the material we used to design the simulation can be
regarded as authentic since the task solutions stem from real students (see Method
section).

4.2 Effects of the Interventions

Our second research question was whether interventions with the simulation can
enhance participants’ diagnostic processes and outcomes. Participants who received
a 60-minute intervention with the simulation (with or without scaffolding) improved
their performance in matching virtual students’ competencies to the appropriate
competence level compared to a control group that did not receive any interven-
tion. This result suggests using the simulation can be effective with respect to the
assessment of students’ overall mathematical competencies.

Yet, the descriptive results indicated that only the groups that received scaffold-
ing during the intervention, especially the group with content-related scaffolding,
contributed to this effect, and that using the simulation without scaffolding did
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not improve participants’ diagnostic accuracy. Although the latter finding was not
as expected, it is actually in line with findings from a meta-study comparing the
effects of instructional support on learning outcomes during discovery learning (Al-
fieri et al. 2011)—and simulation-based learning can be seen as a special case of
discovery learning. One finding of Alfieri et al. (2011) was that discovery learn-
ing without instructional support was less effective than direct instruction whereas
discovery learning with instructional support was more effective than direct instruc-
tion. However, in view of evidence that simulation-based learning is highly effective
(Chernikova et al. 2020b), we had expected notable learning effects from the simu-
lation even in the version without scaffolding. Apparently, participants were able to
benefit from our simulation only when provided with additional instructional sup-
port, particularly on the content level. Several reasons may have contributed to this
result. Perhaps, participants had too little pedagogical content knowledge regarding
the specific content area (numbers and operations, patterns and structures) so that
they were not able to activate their knowledge in the simulation. Moreover, the in-
tervention time was maybe too short (60min) to expect large learning gains. We do
not consider the lack of a learning effect of the simulation without scaffolding in
our study as a strong indicator against the use of simulations in general, in view
of current evidence supporting the effectiveness of simulations (Chernikova et al.
2020b). Nevertheless, we need to critically rethink the support elements that need
to be implemented in the simulation to actually make it effective for learning.

4.3 Effects of Scaffolding

The simulations with scaffolding tended to have stronger effects on diagnostic ac-
curacy than the simulation without scaffolding. The results also hint to differences
in the effects between the two kinds of scaffolding we used in this study. Previous
research has already established that the effects of scaffolding can depend on several
characteristics of the sample and the particular kind of scaffolding (Belland et al.
2017; Chernikova et al. 2020a; Hmelo-Silver et al. 2007). For example, unexperi-
enced learners, such as prospective teachers, may profit more from scaffolding that
provides higher levels of guidance, whereas more experienced learners can benefit
more from types of scaffolding that require a higher level of self-regulation.

Our results suggest that content-related scaffolding has more potential to support
participants’ diagnostic accuracy than strategic scaffolding, especially regarding the
detection of misconceptions. This finding is in line with previous research, as our
content-related scaffolding is closely related to the tasks in the simulation and there-
fore a stronger form of support than strategic scaffolding. Pre-service teachers may
have too little previous experience in making assessments to benefit from strategic
scaffolding without direct relation to the content of the simulation. In a qualitative
analysis of teachers’ diagnostic competencies, Philipp and Leuders (2014) found
that teachers mostly refer to their pedagogical content knowledge, such as knowl-
edge about typical misconceptions, during the process of assessing task difficulties
and evaluating solutions. The results of our study are in line with this finding:
Providing participants with descriptions of students’ competence levels may have
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helped them to apply their knowledge about students’ mathematical competencies
and misconceptions during the diagnostic process in the simulation.

Although we did not find large effects for strategic scaffolding on participants’
competency to assess competence levels or misconceptions, we do not know if
strategic scaffolding did have an effect on the occurrence of relevant diagnostic
activities. Further analysis of these activities could contribute to our better under-
standing of factors influencing diagnostic processes. There is initial evidence that
the pure quantity of specific diagnostic activities is not significantly correlated with
accuracy (Codreanu et al. 2021; Wildgans-Lang et al. 2020), but that the quality
of diagnostic activities is more relevant. Reliably assessing this quality is, however,
more challenging from a research perspective.

4.4 Limitations and Future Directions

In this initial approach of implementing scaffolding in our simulation, we assessed
the effects of content-related and strategic scaffolding separately, the first coming
from a mathematics educational perspective and the second one from an educational
psychological perspective. To make the support most effective, a combination of both
types of scaffolding could be promising because the two kinds of scaffolding could
complement each other. On the other hand, implementing both kinds of scaffolding
simultaneously could also cause cognitive overload because of too much textual
information.

In further development of the simulation, we aim at adapting the scaffolding to
individual learners’ needs. One of the open questions is on which learner character-
istics the adaptation should be based (e.g., prior knowledge, motivational variables).
To address this question, it would be interesting to compare the use of the simulation
and its effectiveness between a larger sample of pre-service teachers and a sample of
in-service teachers. Such a study would also allow analyzing how prior knowledge
is related to specific diagnostic processes during the simulations.

On a more general note, one benefit of using digital simulations in studying diag-
nostic processes is the possibility of recording log data. Such data have the potential
to describe the diagnostic process in high resolution, although analyzing (complex)
log data is another challenge. Learning analytics methods seem promising for that
purpose, and first studies show that these methods allow predicting judgement ac-
curacy to a large extent and helps to identify process indicators of promising and
problematic sequences of diagnostic activities (Brandl et al. 2021). Analyzing these
log data systematically may improve our understanding of the effects of scaffolding
and thus ultimately contribute to an evidence-based use of adaptive digital tools in
teacher education.

Funding This project is part of the COSIMAResearch Group with funding from the Deutsche Forschungs-
gemeinschaft (DFG)—German Research Foundation (FOR 2385) awarded to Kristina Reiss, Andreas
Obersteiner and Frank Fischer (DFG-GZ: RE 1247/12-2).

Funding Open Access funding enabled and organized by Projekt DEAL.

Conflict of interest C. Schons, A. Obersteiner, F. Reinhold, F. Fischer and K. Reiss declare that they have
no competing interests.

K



78 C. Schons et al.

Open Access This article is licensed under a Creative Commons Attribution 4.0 International License,
which permits use, sharing, adaptation, distribution and reproduction in any medium or format, as long as
you give appropriate credit to the original author(s) and the source, provide a link to the Creative Com-
mons licence, and indicate if changes were made. The images or other third party material in this article
are included in the article’s Creative Commons licence, unless indicated otherwise in a credit line to the
material. If material is not included in the article’s Creative Commons licence and your intended use is not
permitted by statutory regulation or exceeds the permitted use, you will need to obtain permission directly
from the copyright holder. To view a copy of this licence, visit http://creativecommons.org/licenses/by/4.
0/.

References

Alfieri, L., Brooks, P. J., Aldrich, N. J., & Tenenbaum, H.R. (2011). Does discovery-based instruction en-
hance learning? Journal of Educational Psychology, 103(1), 1–18. https://doi.org/10.1037/a0021017.

Anders, Y., Kunter, M., Brunner, M., Krauss, S., & Baumert, J. (2010). Diagnostische Fähigkeiten von
Mathematiklehrkräften und ihre Auswirkungen auf die Leistungen ihrer Schülerinnen und Schüler.
Psychologie in Erziehung Und Unterricht, 57(3), 175–193. https://doi.org/10.2378/peu2010.art13d.

Artelt, C., & Gräsel, C. (2009). Diagnostische Kompetenz von Lehrkräften. Zeitschrift Für Pädagogische
Psychologie, 23(34), 157–160. https://doi.org/10.1024/1010-0652.23.34.157.

Artelt, C., & Rausch, T. (2014). Accuracy of teacher judgments. When and for what reasons? In S. Krolak-
Schwerdt, S. Glock & M. Böhmer (Eds.), Teachers’ professional development (pp. 27–43). Sense
Publishers.

von Aufschnaiter, C., Cappell, J., Dübbelde, G., Ennemoser, M., Mayer, J., Stiensmeier-Pelster, J., et
al. (2015). Diagnostische Kompetenz. Theoretische Überlegungen zu einem zentralen Konstrukt der
Lehrerbildung. Zeitschrift für Pädagogik, 61(5), 738–758.

Bakker, A., Cai, J., English, L., Kaiser, G., Mesa, V., & van Dooren, W. (2019). Beyond small, medium,
or large: points of consideration when interpreting effect sizes. Educational Studies in Mathematics,
102(1), 1–8. https://doi.org/10.1007/s10649-019-09908-4.

Ball, D.L., Thames, M.H., & Phelbs, G. (2008). Content knowledge for teaching: what makes it special?
Journal of Teacher Education, 59, 389–407.

Belland, B.R., Walker, A.E., Kim, N. J., & Lefler, M. (2017). Synthesizing results from empirical research
on computer-based scaffolding in STEM education. Review of Educational Research, 87(2), 309–344.
https://doi.org/10.3102/0034654316670999.

Brandl, L., Richters, C., Radkowitsch, A., Obersteiner, A., Fischer, M.R., Schmidmaier, R., et al. (2021).
Simulation-based learning of complex skills: predicting performance with theoretically derived pro-
cess features. Psychological Test and Assessment Modeling, 63, 542–560.

Brunner, M., Anders, Y., Hachfeld, A., & Krauss, S. (2011). Diagnostische Fähigkeiten von Mathe-
matiklehrkräften. In M. Kunter, J. Baumert, W. Blum, U. Klusmann, S. Krauss & M. Neubrand
(Eds.), Professionelle Kompetenz von Lehrkräften: Ergebnisse des Forschungsprogramms COACTIV
(pp. 215–234). Waxmann.

Bulu, S.T., & Pedersen, S. (2010). Scaffolding middle school students’ content knowledge and ill-struc-
tured problem solving in a problem-based hypermedia learning environment. Educational Technology
Research and Development, 58(5), 507–529. https://doi.org/10.1007/s11423-010-9150-9.

Chernikova, O., Heitzmann, N., Fink, M.C., Timothy, V., Seidel, T., & Fischer, F. (2020a). Facilitating
diagnostic competences in higher education—a meta-analysis in medical and teacher education. Ed-
ucational Psychology Review, 32(1), 157–196. https://doi.org/10.1007/s10648-019-09492-2.

Chernikova, O., Heitzmann, N., Stadler, M., Holzberger, D., Seidel, T., & Fischer, F. (2020b). Simulation-
based learning in higher education: a meta-analysis. Review of Educational Research, 90(4), 499–541.
https://doi.org/10.3102/0034654320933544.

Codreanu, E., Sommerhoff, D., Huber, S., Ufer, S., & Seidel, T. (2020). Between authenticity and cogni-
tive demand: finding a balance in designing a video-based simulation in the context of mathematics
teacher education. Teaching and Teacher Education, 95, 103146. https://doi.org/10.1016/j.tate.2020.
103146.

Codreanu, E., Sommerhoff, D., Huber, S., Ufer, S., & Seidel, T. (2021). Exploring the process of preservice
teachers’ diagnostic activities in a video-based simulation. Frontiers in Education, 6(133), 626666.
https://doi.org/10.3389/feduc.2021.626666.

K

http://creativecommons.org/licenses/by/4.0/
http://creativecommons.org/licenses/by/4.0/
https://doi.org/10.1037/a0021017
https://doi.org/10.2378/peu2010.art13d
https://doi.org/10.1024/1010-0652.23.34.157
https://doi.org/10.1007/s10649-019-09908-4
https://doi.org/10.3102/0034654316670999
https://doi.org/10.1007/s11423-010-9150-9
https://doi.org/10.1007/s10648-019-09492-2
https://doi.org/10.3102/0034654320933544
https://doi.org/10.1016/j.tate.2020.103146
https://doi.org/10.1016/j.tate.2020.103146
https://doi.org/10.3389/feduc.2021.626666


Developing a Simulation to Foster Prospective Mathematics Teachers’ Diagnostic... 79

Cook, D.A., Hatala, R., Brydges, R., Zendejas, B., Szostek, J.H., Wang, A.T., et al. (2011). Technology-
enhanced simulation for health professions education: a systematic review and meta-analysis. JAMA,
306(9), 978–988. https://doi.org/10.1001/jama.2011.1234.

Dieker, L.A., Rodriguez, J.A., Lignugaris-Kraft, B., Hynes, M.C., & Hughes, C.E. (2014). The potential
of simulated environments in teacher education: current and future possibilities. Teacher Education
and Special Education, 37(1), 21–33. https://doi.org/10.1177/0888406413512683.

Eysink, T.H.S., de Jong, T., Berthold, K., Kolloffel, B., Opfermann, M., & Wouters, P. (2009). Learner
performance in multimedia learning arrangements: an analysis across instructional approaches. Amer-
ican Educational Research Journal, 46(4), 1107–1149. https://doi.org/10.3102/0002831209340235.

Fischer, F., Kollar, I., Ufer, S., Sodian, B., Hussmann, H., Pekrun, R., et al. (2014). Scientific reasoning
and argumentation: advancing an interdisciplinary research agenda in education. Frontline Learning
Research, 2(3), 28–45.

Frank, B. (2015). Presence messen in laborbasierter Forschung mit Mikrowelten: Entwicklung und
erste Validierung eines Fragebogens zur Messung von Presence (2015th edn.). Zugl.: Duisburg,
Univ. Duisburg-Essen, Masterarbeit, 2013. Wiesbaden: Springer. https://doi.org/10.1007/978-3-658-
08148-5.

Funke, J. (1988). Using simulation to study complex problem solving. Simulation & Games, 19(3),
277–303. https://doi.org/10.1177/0037550088193003.

Grossman, P., Compton, C., Igra, D., Ronfeldt, M., Shahan, E., & Williamson, P.W. (2009). Teaching
practice: a cross-professional perspective. Teachers College Record, 111(9), 2055–2100.

Heinrichs, H. (2015). Diagnostische Kompetenz von Mathematik-Lehramtsstudierenden: Messung und
Förderung. Wiesbaden: Springer. https://doi.org/10.1007/978-3-658-09890-2.

Heinrichs, H., & Kaiser, G. (2018). Diagnostic competence for dealing with student’s errors: fostering
diagnostic competence in error situations. In T. Leuders, K. Philipp & J. Leuders (Eds.), Diagnostic
competence of mathematics teachers (Vol. 11, pp. 79–94). Springer.

Heitzmann, N., Seidel, T., Hetmanek, A., Wecker, C., Fischer, M.R., Ufer, S., et al. (2019). Facilitat-
ing diagnostic competences in simulations in higher education: a framework and a research agenda.
Frontline Learning Research, 7(4), 1–24. https://doi.org/10.14786/flr.v7i4.384.

Helmke, A. (2017). Unterrichtsqualität und Lehrerprofessionalität: Diagnose, Evaluation und Verbesserung
des Unterrichts (7th edn.). Unterricht verbessern – Schule entwickeln. Klett.

Helmke, A., & Schrader, F.-W. (1987). Interactional effects of instructional quality and teacher judge-
ment accuracy on achievement. Teaching and Teacher Education, 3(2), 91–98. https://doi.org/10.
1016/0742-051X(87)90010-2.

Helmke, A., Hosenfeld, I., & Schrader, F.-W. (2004). Vergleichsarbeiten als Werkzeug für die Verbesserung
der diagnostischen Kompetenz von Lehrkräften. In R. Arnold & C. Griese (Eds.), Schulleitung
und Schulentwicklung: Voraussetzungen, Bedingungen, Erfahrungen (1st edn., pp. 119–144). Ho-
hengehren: Schneider.

Herppich, S., Praetorius, A.-K., Förster, N., Glogger-Frey, I., Karst, K., Leutner, D., et al. (2018). Teach-
ers’ assessment competence: Integrating knowledge-, process-, and product-oriented approaches into
a competence-oriented conceptual model. Teaching and Teacher Education, 76, 181–193. https://doi.
org/10.1016/j.tate.2017.12.001.

Hmelo-Silver, C.E., Duncan, R.G., & Chinn, C.A. (2007). Scaffolding and achievement in problem-based
and inquiry learning: a response to Kirschner, Sweller, and Clark (2006). Educational Psychologist,
42, 99–107. https://doi.org/10.1080/00461520701263368.

Hoge, R.D., & Coladarci, T. (1989). Teacher-based judgments of academic achievement: a review of litera-
ture. Review of Educational Research, 59(3), 297–313. https://doi.org/10.3102/00346543059003297.

Issenberg, S.B., Mcgaghie, W.C., Petrusa, E.R., Gordon, L.D., & Scalese, R. J. (2005). Features and
uses of high-fidelity medical simulations that lead to effective learning: a BEME systematic review.
Medical Teacher, 27(1), 10–28. https://doi.org/10.1080/01421590500046924.

de Jong, T., & van Joolingen, W.R. (1998). Scientific discovery learning with computer simulations
of conceptual domains. Review of Educational Research, 68(2), 179–201. https://doi.org/10.3102/
00346543068002179.

Karst, K. (2012). Kompetenzmodellierung des diagnostischen Urteils von Grundschullehrern. Empirische
Erziehungswissenschaft, Vol. 35. Waxmann. Zugl.: Kassel, Univ., Diss., 2009

Klug, J., Bruder, S., Kelava, A., Spiel, C., & Schmitz, B. (2013). Diagnostic competence of teachers:
a process model that accounts for diagnosing learning behaviour tested by means of a case scenario.
Teacher and Teacher Education, 30, 38–46. https://doi.org/10.1016/j.tate.2012.10.004.

Kron, S., Sommerhoff, D., Achtner, M., & Ufer, S. (2021). Selecting mathematical tasks for assessing
student’s understanding: pre-service teachers’ sensitivity to and adaptive use of diagnostic task po-

K

https://doi.org/10.1001/jama.2011.1234
https://doi.org/10.1177/0888406413512683
https://doi.org/10.3102/0002831209340235
https://doi.org/10.1007/978-3-658-08148-5
https://doi.org/10.1007/978-3-658-08148-5
https://doi.org/10.1177/0037550088193003
https://doi.org/10.1007/978-3-658-09890-2
https://doi.org/10.14786/flr.v7i4.384
https://doi.org/10.1016/0742-051X(87)90010-2
https://doi.org/10.1016/0742-051X(87)90010-2
https://doi.org/10.1016/j.tate.2017.12.001
https://doi.org/10.1016/j.tate.2017.12.001
https://doi.org/10.1080/00461520701263368
https://doi.org/10.3102/00346543059003297
https://doi.org/10.1080/01421590500046924
https://doi.org/10.3102/00346543068002179
https://doi.org/10.3102/00346543068002179
https://doi.org/10.1016/j.tate.2012.10.004


80 C. Schons et al.

tential in simulated diagnostic one-to-one interviews. Frontiers in Education, 6, 738. https://doi.org/
10.3389/feduc.2021.604568.

Leuders, T., Dörfler, T., Leuders, J., & Philipp, K. (2018). Diagnostic competence of mathematics teach-
ers: unpacking a complex construct. In T. Leuders, K. Philipp & J. Leuders (Eds.), Diagnostic Com-
petence of Mathematics Teachers (Vol. 11, pp. 3–31). Springer. https://doi.org/10.1007/978-3-319-
66327-2_1.

Leuders, T., Loibl, K., Sommerhoff, D., Herppich, S., & Praetorius, A.-K. (2022). Toward an overarching
framework for systematizing research perspectives on diagnostic thinking and practice. Journal für
Mathematik-Didaktik, 43(1), 13–38. https://doi.org/10.1007/s13138-022-00199-6.

Loibl, K., Leuders, T., & Dörfler, T. (2020). A framework for explaining teachers’ diagnostic judgments
by cognitive modeling (DiaCoM). Teaching and Teacher Education, 91, 103059. https://doi.org/10.
1016/j.tate.2020.103059.

Lorenz, C. (2011). Diagnostische Kompetenz von Grundschullehrkräften: Strukturelle Aspekte und Bedin-
gungen. Schriften aus der Fakultät Humanwissenschaften der Otto-Friedrich-Universität Bamberg,
Vol. 9. Univ. of Bamberg Press. Zugl.: Bamberg, Univ., Diss., 2011

van Merriënboer, J. J.G., & Paas, F. (2003). Powerful learning and the many faces of instructional design:
toward a framework for the design of powerful learning environments. In E. de Corte, L. Verschaffel,
N. Entwistle & J. Van Merriënboer (Eds.), Advances in learning and instruction series. Powerful
learning environments: Unravelling basic components and dimensions (pp. 3–20).

van Merriënboer, J. J.G., Jelsma, O., & Paas, F.G.W.C. (1992). Training for reflective expertise: a four-
component instructional design model for complex cognitive skills. Educational Technology Re-
search and Development, 40(2), 23–43. https://doi.org/10.1007/BF02297047.

Ostermann, A., Leuders, T., & Nückles, M. (2015). Wissen, was Schülerinnen und Schülern schwer fällt.
Welche Faktoren beeinflussen die Schwierigkeitseinschätzung vonMathematikaufgaben? Journal für
Mathematik-Didaktik, 36(1), 45–76. https://doi.org/10.1007/s13138-015-0073-1.

Ostermann, A., Leuders, T., & Nückles, M. (2018). Improving the judgment of task difficulties: prospective
teachers’ diagnostic competence in the area of functions and graphs. Journal of Mathematics Teacher
Education, 21(6), 579–605. https://doi.org/10.1007/s10857-017-9369-z.

Padberg, F. (1996). Aus Fehlern lernen: Den Mathematikunterricht durch Fehleranalysen verbessern.
Friedrich-Jahresheft: Prüfen und beurteilen, XIV. (pp. 56–59).

Padberg, F., & Benz, C. (2011). Didaktik der Arithmetik: Für Lehrerausbildung und Lehrerfortbildung
(4th edn.). Mathematik Primarstufe und Sekundarstufe I + II.. Spektrum.

Philipp, K. (2018). Diagnostic competences of mathematics teachers with a view to processes and knowl-
edge resources. In T. Leuders, K. Philipp & J. Leuders (Eds.),Diagnostic competence of mathematics
teachers (Vol. 11, pp. 109–128). Springer. https://doi.org/10.1007/978-3-319-66327-2_6.

Philipp, K., & Leuders, T. (2014). Diagnostic competences of mathematics teachers –processes and re-
sources. In P. Liljedahl, S. Oesterle, C. Nicol & D. Allan (Eds.), Proceedings of the 38th confer-
ence of the international group for the psychology of mathematics education and the 36th confer-
ence of the North American chapter of the psychology of mathematics education. Vancouver. (Vol. 4,
pp. 425–432). PME.

van de Pol, J., Volman, M., & Beishuizen, J. (2010). Scaffolding in teacher–student interaction: a decade
of research. Educational Psychology Review, 22(3), 271–296. https://doi.org/10.1007/s10648-010-
9127-6.

Praetorius, A.-K., Lipowsky, F., & Karst, K. (2012). Diagnostische Kompetenz von Lehrkräften: Aktueller
Forschungsstand, unterrichtspraktische Umsetzbarkeit und Bedeutung für den Unterricht. In A. Ittel
& R. Lazarides (Eds.), Differenzierung im mathematisch-naturwissenschaftlichen Unterricht – Imp-
likationen für Theorie und Praxis (pp. 115–146). Klinkhardt.

R Core Team (2008). R: a language and environment for statistical computing. https://www.R-project.org.
Accessed 15.11.2020

Radatz, H. (1980). Fehleranalysen im Mathematikunterricht (pp. 34–57). Vieweg.
Reinhold, S. (2018). Revealing and promoting pre-service teachers’ diagnostic strategies in mathematical

interviews with first-graders. In T. Leuders, K. Philipp & J. Leuders (Eds.), Diagnostic competence
of mathematics teachers (Vol. 11, pp. 129–148). Springer. https://doi.org/10.1007/978-3-319-66327-
2_7.

Reiss, K., & Obersteiner, A. (2019). Competence models as a basis for defining, understanding, and diag-
nosing students’ mathematical competences. In A. Fritz, V.G. Haase & P. Räsänen (Eds.), Interna-
tional handbook of mathematics learning difficulties (pp. 43–56). Springer.

K

https://doi.org/10.3389/feduc.2021.604568
https://doi.org/10.3389/feduc.2021.604568
https://doi.org/10.1007/978-3-319-66327-2_1
https://doi.org/10.1007/978-3-319-66327-2_1
https://doi.org/10.1007/s13138-022-00199-6
https://doi.org/10.1016/j.tate.2020.103059
https://doi.org/10.1016/j.tate.2020.103059
https://doi.org/10.1007/BF02297047
https://doi.org/10.1007/s13138-015-0073-1
https://doi.org/10.1007/s10857-017-9369-z
https://doi.org/10.1007/978-3-319-66327-2_6
https://doi.org/10.1007/s10648-010-9127-6
https://doi.org/10.1007/s10648-010-9127-6
https://www.R-project.org
https://doi.org/10.1007/978-3-319-66327-2_7
https://doi.org/10.1007/978-3-319-66327-2_7


Developing a Simulation to Foster Prospective Mathematics Teachers’ Diagnostic... 81

Reiss, K., & Winkelmann, H. (2009). Kompetenzstufenmodelle für das Fach Mathematik im Primarbere-
ich. In D. Granzer (Ed.), Pädagogik. Bildungsstandards Deutsch und Mathematik: Leistungsmessung
in der Grundschule (pp. 120–141). Beltz.

Reiss, K., Roppelt, A., Haag, N., Pant, H.A., & Köller, O. (2012). Kompetenzstufenmodelle im Fach Math-
ematik. In P. Stanat, H.A. Pant, K. Böhme & D. Richter (Eds.), Kompetenzen von Schülerinnen und
Schülern am Ende der vierten Jahrgangsstufe in den Fächern Deutsch und Mathematik: Ergebnisse
des IQB-Ländervergleichs 2011 (pp. 72–83). Waxmann.

Renkl, A., & Atkinson, R.K. (2003). Structuring the transition from example study to problem solving
in cognitive skill acquisition: a cognitive load perspective. Educational Psychologist, 38(1), 15–22.
https://doi.org/10.1207/S15326985EP3801_3.

Rieber, L.P., Tzeng, S.-C., & Tribble, K. (2004). Discovery learning, representation, and explanation
within a computer-based simulation: finding the right mix. Learning and Instruction, 14(3), 307–323.
https://doi.org/10.1016/j.learninstruc.2004.06.008.

Rieu, A., Leuders, T., & Loibl, K. (2022). Teachers’ diagnostic judgments on tasks as information process-
ing—the role of pedagogical content knowledge for task diagnosis. Teaching and Teacher Education,
111, 103621. https://doi.org/10.1016/j.tate.2021.103621.

Sandoval, W.A. (2003). Conceptual and epistemic aspects of students’ scientific explanations. Journal of
the Learning Sciences, 12(1), 5–51. https://doi.org/10.1207/S15327809JLS1201_2.

Sauter, M., Uttal, D.H., Rapp, D.N., Downing, M., & Jona, K. (2013). Getting real: the authenticity of
remote labs and simulations for science learning. Distance Education, 34(1), 37–47. https://doi.org/
10.1080/01587919.2013.770431.

Schauble, L., Glaser, R., Raghavan, K., & Reiner, M. (1991). Causal models and experimentation strate-
gies in scientific reasoning. Journal of the Learning Sciences, 1(2), 201–238. https://doi.org/10.1207/
s15327809jls0102_3.

Schrader, F.-W. (2008). Diagnoseleistungen und diagnostische Kompetenz von Lehrkräften. In W. Schnei-
der, M. Hasselhorn & J. Bengel (Eds.), Handbuch der Pädagogischen Psychologie (Handbuch der
Psychologie). Handbuch der Psychologie: / hrsg. von J. Bengel, (Vol. 10, pp. 168–177). Hogrefe.

Schrader, F.-W. (2009). Anmerkungen zum Themenschwerpunkt Diagnostische Kompetenz von Lehrkräf-
ten. Zeitschrift Für Pädagogische Psychologie, 23(34), 237–245. https://doi.org/10.1024/1010-0652.
23.34.237.

Schrader, F.-W. (2014). Lehrer als Diagnostiker. In E. Terhart (Ed.), Ciando library. Handbuch der
Forschung zum Lehrerberuf (2nd edn., pp. 683–698). Waxmann.

Schreiter, S., Vogel, M., Rehm, M., & Dörfler, T. (2022). Die Rolle des Wissens angehender Mathe-
matiklehrkräfte beim Diagnostizieren schwierigkeitsgenerierender Aufgabenmerkmale. Erkenntnisse
aus Eye-Tracking Stimulated Recall Interviews. Journal für Mathematik-Didaktik, 43(1), 101–133.
https://doi.org/10.1007/s13138-022-00203-z.

Schubert, T., Friedmann, F., & Regenbrecht, H. (2001). The experience of presence: factor analytic in-
sights. Presence: Teleoperators and Virtual Environments, 10(3), 266–281. https://doi.org/10.1162/
105474601300343603.

Seidel, T., Blomberg, G., & Stürmer, K. (2010). „Observer“ – Validierung eines videobasierten Instru-
ments zur Erfassung der professionellen Wahrnehmung von Unterricht. Projekt OBSERVE. In
Kompetenzmodellierung. Zwischenbilanz des DFG-Schwerpunktprogramms und Perspektiven des
Forschungsansatzes.

Seidel, T., Stürmer, K., Blomberg, G., Kobarg, M., & Schwindt, K. (2011). Teacher learning from analysis
of videotaped classroom situations: Does it make a difference whether teachers observe their own
teaching or that of others? Teaching and Teacher Education, 27(2), 259–267. https://doi.org/10.1016/
j.tate.2010.08.009.

Shaughnessy, M., & Boerst, T.A. (2018). Uncovering the skills that preservice teachers bring to teacher
education: the practice of eliciting a students’ thinking. Journal of Teacher Education, 69(1), 40–55.
https://doi.org/10.1177/0022487117702574.

Shulman, L. (1987). Knowledge and teaching: foundations of the new reform. Harvard Educational Re-
view, 57(1), 1–23. https://doi.org/10.17763/haer.57.1.j463w79r56455411.

Smetana, L.K., & Bell, R.L. (2012). Computer simulations to support science instruction and learning:
a critical review of the literature. International Journal of Science Education, 34(9), 1337–1370.
https://doi.org/10.1080/09500693.2011.605182.

Stanat, P., Pant, H.A., Böhme, K., & Richter, D. (2012). Kompetenzen von Schülerinnen und Schülern
am Ende der vierten Jahrgangsstufe in den Fächern Deutsch und Mathematik: Ergebnisse des IQB-
Ländervergleichs 2011. Waxmann.

K

https://doi.org/10.1207/S15326985EP3801_3
https://doi.org/10.1016/j.learninstruc.2004.06.008
https://doi.org/10.1016/j.tate.2021.103621
https://doi.org/10.1207/S15327809JLS1201_2
https://doi.org/10.1080/01587919.2013.770431
https://doi.org/10.1080/01587919.2013.770431
https://doi.org/10.1207/s15327809jls0102_3
https://doi.org/10.1207/s15327809jls0102_3
https://doi.org/10.1024/1010-0652.23.34.237
https://doi.org/10.1024/1010-0652.23.34.237
https://doi.org/10.1007/s13138-022-00203-z
https://doi.org/10.1162/105474601300343603
https://doi.org/10.1162/105474601300343603
https://doi.org/10.1016/j.tate.2010.08.009
https://doi.org/10.1016/j.tate.2010.08.009
https://doi.org/10.1177/0022487117702574
https://doi.org/10.17763/haer.57.1.j463w79r56455411
https://doi.org/10.1080/09500693.2011.605182


82 C. Schons et al.

Stürmer, K., Seidel, T., & Schäfer, S. (2013). Changes in professional vision in the context of practice.
Gruppendynamik und Organisationsberatung, 44(3), 339–355. https://doi.org/10.1007/s11612-013-
0216-0.

Südkamp, A., Kaiser, J., & Möller, J. (2012). Accuracy of teachers’ judgments of students’ academic
achievement: a meta-analysis. Journal of Educational Psychology, 104(3), 743–762. https://doi.org/
10.1037/a0027627.

Sweller, J. (1989). Cognitive technology: some procedures for facilitating learning and problem solving
in mathematics and science. Journal of Educational Psychology, 81(4), 457–466. https://doi.org/10.
1037/0022-0663.81.4.457.

Sweller, J. (2005). Implications of cognitive load theory for multimedia learning. In R.E. Mayer (Ed.),
Cambridge handbooks in psychology. The Cambridge handbook of multimedia learning (1st edn.,
pp. 19–30). Cambridge University Press.

Vorderer, P., Wirth, W., Gouveia, F., Biocca, F., Saari, T., Jäncke, L., et al. (2004). MEC spatial pres-
ence questionnaire (MEC-SPQ): short documentation and instructions for application. Report to the
European Community, Project Presence: MEC (IST-2001-37661).

Vygotsky, L.S. (1978). Interaction between learning and development. In L.S. Vygotskĭı &M. Cole (Eds.),
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