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The corresponding author of the above paper regrets that in the expressions of the first kind Piola—Kirchhoff
surface stress Sy and the Lagrangian description of the Young—Laplace equations some terms associated with
the “out-plane term” of surface gradient F; and “out-plane term” of S; were missing. In fact, Fg and S, are
“two-point” tensors, with base vectors both on the tangent planes J OY and Jy, and are not tensors in the
two-dimensional tangent plane J{{) only. The correct forms of F;, Sy and the Lagrangian description of the
Young—Laplace equations are given as follows.

(i) If the displacement on the surface u is decomposed into ug; = ujA, in the tangent plane j{{) and

Uy, = u8A3 along the normal direction of J$ , then the surface gradient can be written as
F, =a, @ AY = ip + uVp; + dog Az @ A” (cl)
where iy is the second-order identity tensor on j{{), uVy;, is defined as
uVy, = ug, Vos — ugho = u6‘|aAA ® A% — ugho (c2)

and dyy = uébom +ugla, bo = bora A* @ AY is the curvature tensor of the surface in the reference configu-
ration.
(in)
Equation (cl) can be expressed as the sum of an “in-plane term” F; = iy + uVj, and an “out-plane
(ou)
term” Fy = doy A3 ® A“. Hence the first kind Piola—Kirchhoff surface stress can also be decomposed into an
(in) (in) (1) (ou) (ou) (1)
“in-plane term” Sy = Fy - Ty, and an “out-plane term” Sy = Fy - Tj.
(ii) The “out-plane term” S(W) in the above paper is missing. In Eq. (4), this missing term is S =
OM

Jr 0y /01 + 20y /02 + ) FS, and in Eqs (12) and (15), this missing term is y;;° F, and the discussion
on Eq. (16) is inappropriate due to this missing term.

ou) (ou)

In Eq. (6), the missing term is (dy /0J1 + J20y /dJ> + v) ( Fs;+ F ) and therefore, the missing term

ou) (ou)

(ou)  (ow)T
in Eq.(13) is y; ( Fs+ F ) It should be mentioned that, for small deformation, iy + ((i:“ls + UE‘ S) is
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equal to the second-order identity tensor i in the tangent plane Jy, and the Cauchy surface stress is a tensor in
tangent plane Jy of the deformed surface.
Equation (7) should be written as

N[N == (S¢) :bo — [N- ()] - Vs,

‘ (c3)
P[] N=- (S§ln)) - Vos + [N' (Sgom) 'bo]
and accordingly Eq. (8) should be
N-[aS N = — (a8(™) 1 by — [N (as) ] - Vay,
) (c4)
Py [[AS]] N = — (a8(™) - Vo, + [N (a8) - by
Equation (27) should be
1 N N dug
o Dly—a = — (vo + 271 + 1) \ 2ur + ug cot6 + —
a 00 )|, —,
1, (3%, dug u,
- = —_— = — to — to ,
2 ( 962 9o | g O Tmecotl))
1 du 3%u ()
0 0
lorelll;=a = 2 |:(2V6k + Vl*) ug + (Vl* + Vl) (Me cot? 6 — WCOW - W)} -
1 du
— — | yd +2yf — )
) [( Yo + 2 + 1) 39 } -
Equation (34) should be
Li+ L,
— - = 6
s = 1 + L+t La (c6)
where
Lo =2y5> —vi (v +27") — v5 (5v1 +2¥), L1 =10(7 = 10v) Lo,
1
Ly = ~Toa Qvg =T —2y) Ls, Lz =4(=T+10v) a (13y5 + Ty + 129]),
Ls = 10a%[4 (=7 + 10v)) wo — (7 + 5v1) 1]
Based on (c6), Eq. (36) should be written as
= o+ 150 f (1 —vo) [—=L1 — Lo 4 (L3 + L4) (o — f11)] )
Ls+ Lg
where
Ls =2(1— f)(=4+5v0) (L1 + L2),
Lo = (L3 + L4) [(—7 + 5vo) o + 2 (=4 + Svo) (fro + 1 — frl.
Therefore, Eq. (38) should be
_ Lo+ M|+ M,
id = po + 15 1—vy) —— c8
Mvoid = MO o f ( 0) No+ N1 + N, (c8)

where
My =2 (3y5 +2v]) moa, My =4uga®, No=2(1— f) (4 —5v9) Lo,
Ni = 2[3Ny§ +21(=1+w) y1 +2(N =5+ 5v) y1' ] o,
Ny =4a* (N =2+ 2v) ud, N = —=5+3vg+2f (=4 + 51p).

From (c7) with y; = y;* = 0, Eq. (40) can be corrected easily.

It is noted that the basic idea, theoretical framework and main results presented in the paper are not affected
by these missing terms.

The author acknowledges Dr. ZQ Wang for checking over the corrections.
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