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The corresponding author of the above paper regrets that in the expressions of the first kind Piola–Kirchhoff
surface stress Ss and the Lagrangian description of the Young–Laplace equations some terms associated with
the “out-plane term” of surface gradient Fs and “out-plane term” of Ss were missing. In fact, Fs and Ss are
“two-point” tensors, with base vectors both on the tangent planes J 0

Y and Jy, and are not tensors in the
two-dimensional tangent plane J 0

Y only. The correct forms of Fs, Ss and the Lagrangian description of the
Young–Laplace equations are given as follows.

(i) If the displacement on the surface u is decomposed into u0s = uα
0 Aα in the tangent plane J 0

Y and
u0n = un

0A3 along the normal direction of J 0
Y, then the surface gradient can be written as

Fs = aα ⊗ Aα = i0 + u∇0s + d0αA3 ⊗ Aα (c1)

where i0 is the second-order identity tensor on J 0
Y, u∇0s is defined as

u∇0s = u0s∇0s − un
0b0 = uλ

0|αAλ ⊗ Aα − un
0b0 (c2)

and d0α = uλ
0b0λα + un

0|α, b0 = b0λαAλ ⊗ Aα is the curvature tensor of the surface in the reference configu-
ration.

Equation (c1) can be expressed as the sum of an “in-plane term”
(in)

Fs = i0 + u∇0s and an “out-plane

term”
(ou)

Fs = d0αA3 ⊗ Aα . Hence the first kind Piola–Kirchhoff surface stress can also be decomposed into an

“in-plane term”
(in)

S s = (in)

Fs · (1)

Ts , and an “out-plane term”
(ou)

S s = (ou)

Fs · (1)

T s .
(ii) The “out-plane term” S(ou)

s in the above paper is missing. In Eq. (4), this missing term is S(ou)
s =

J2 (∂γ /∂ J1 + J2∂γ /∂ J2 + γ )
(ou)

F s , and in Eqs. (12) and (15), this missing term is γ ∗
0

(ou)

F s , and the discussion
on Eq. (16) is inappropriate due to this missing term.

In Eq. (6), the missing term is (∂γ /∂ J1 + J2∂γ /∂ J2 + γ )

(
(ou)

F s + (ou)T

F s

)
, and therefore, the missing term

in Eq.(13) is γ ∗
0

(
(ou)

F s + (ou)T

F s

)
. It should be mentioned that, for small deformation, i0 +

(
(ou)

F s + (ou)T

F s

)
is
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equal to the second-order identity tensor i in the tangent plane Jy, and the Cauchy surface stress is a tensor in
tangent plane Jy of the deformed surface.

Equation (7) should be written as

N · [[
S0]] · N = −

(
S(in)

s

)
: b0 −

[
N ·

(
S(ou)

s

)]
· ∇0s,

P0 · [[
S0]] · N = −

(
S(in)

s

)
· ∇0s +

[
N ·

(
S(ou)

s

)
· b0

] (c3)

and accordingly Eq. (8) should be

N · [[
�S0]] · N = −

(
�S(in)

s

)
: b0 −

[
N ·

(
�S(ou)

s

)]
· ∇0s,

P0 · [[
�S0]] · N = −

(
�S(in)

s

)
· ∇0s +

[
N ·

(
�S(ou)

s

)
· b0

] (c4)

Equation (27) should be

[[σrr ]]|r=a = 1

a2

(
γ ∗

0 + 2γ ∗
1 + γ1

) (
2ur + uθ cot θ + ∂uθ

∂θ

)∣∣∣∣
r=a

− 1

a2 γ ∗
0

(
∂2ur

∂θ2 − ∂uθ

∂θ
+ ∂ur

∂θ
cot θ − uθ cot θ

)∣∣∣∣
r=a

,

[[σrθ ]]|r=a = 1

a2

[(
2γ ∗

0 + γ ∗
1

)
uθ + (

γ ∗
1 + γ1

) (
uθ cot2 θ − ∂uθ

∂θ
cotθ − ∂2uθ

∂θ2

)]∣∣∣∣
r=a

− 1

a2

[(
2γ ∗

0 + 2γ ∗
1 + γ1

) ∂ur

∂θ

]∣∣∣∣
r=a

.

(c5)

Equation (34) should be

μ∗ = μ1 + L1 + L2

L3 + L4
(c6)

where

L0 = 2γ ∗2
0 − γ1

(
γ1 + 2γ ∗

1

) − γ ∗
0

(
5γ1 + 2γ ∗

1

)
, L1 = 10 (7 − 10ν1) L0,

L2 = − 1

10a

(
2γ ∗

0 − 7γ1 − 2γ ∗
1

)
L4, L3 = 4 (−7 + 10ν1) a

(
13γ ∗

0 + 7γ1 + 12γ ∗
1

)
,

L4 = 10a2 [4 (−7 + 10ν1) μ0 − (7 + 5ν1) μ1] .

Based on (c6), Eq. (36) should be written as

μ̄ = μ0 + 15μ0 f (1 − ν0) [−L1 − L2 + (L3 + L4) (μ0 − μ1)]

L5 + L6
(c7)

where

L5 = 2 (1 − f ) (−4 + 5ν0) (L1 + L2) ,

L6 = (L3 + L4) [(−7 + 5ν0) μ0 + 2 (−4 + 5ν0) ( f μ0 + μ1 − f μ1)] .

Therefore, Eq. (38) should be

μ̄void = μ0 + 15μ0 f (1 − ν0)
L0 + M1 + M2

N0 + N1 + N2
(c8)

where

M1 = 2
(
3γ ∗

0 + 2γ ∗
1

)
μ0a, M2 = 4μ2

0a2, N0 = 2 (1 − f ) (4 − 5ν0) L0,

N1 = 2
[
3Nγ ∗

0 + 21 (−1 + ν0) γ1 + 2 (N − 5 + 5ν0) γ ∗
1

]
μ0a,

N2 = 4a2 (N − 2 + 2ν0) μ2
0, N = −5 + 3ν0 + 2 f (−4 + 5ν0) .

From (c7) with γ1 = γ ∗
1 = 0, Eq. (40) can be corrected easily.

It is noted that the basic idea, theoretical framework and main results presented in the paper are not affected
by these missing terms.

The author acknowledges Dr. ZQ Wang for checking over the corrections.
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