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Abstract

Infectious diseases are one of the leading causes of morbidity and mortality around the

world; thus, forecasting their impact is crucial for planning an effective response strategy.

According to the Centers for Disease Control and Prevention (CDC), seasonal influenza af-

fects 5% to 20% of the U.S. population and causes major economic impacts resulting from

hospitalization and absenteeism. Understanding influenza dynamics and forecasting its im-

pact is fundamental for developing prevention and mitigation strategies. We combine mod-

ern data assimilation methods with Wikipedia access logs and CDC influenza-like illness

(ILI) reports to create a weekly forecast for seasonal influenza. The methods are applied to

the 2013-2014 influenza season but are sufficiently general to forecast any disease out-

break, given incidence or case count data. We adjust the initialization and parametrization

of a disease model and show that this allows us to determine systematic model bias. In ad-

dition, we provide a way to determine where the model diverges from observation and eval-

uate forecast accuracy. Wikipedia article access logs are shown to be highly correlated with

historical ILI records and allow for accurate prediction of ILI data several weeks before it be-

comes available. The results show that prior to the peak of the flu season, our forecasting

method produced 50% and 95% credible intervals for the 2013-2014 ILI observations that

contained the actual observations for most weeks in the forecast. However, since our model

does not account for re-infection or multiple strains of influenza, the tail of the epidemic is

not predicted well after the peak of flu season has passed.

Author Summary

We use modern methods for injecting current data into epidemiological models in order

to offer a probabilistic evaluation of the future influenza state in the U.S. population. This

type of disease forecasting is still in its infancy, but as these methods become more devel-

oped it will allow for increasingly robust control measures to react to and prevent large dis-

ease outbreaks. While weather forecasting has steadily improved over the last half century
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and become ubiquitous in modern life, there is surprisingly little work on infectious dis-

ease forecasting. Although there has been a great deal of work in modeling disease dynam-

ics, these have seldom been used to generate a probabilistic description of expected future

dynamics, given current public health data. Moreover, the mechanism to update expected

disease outcomes as new data becomes available is just beginning to receive attention from

the public health community. Using CDC influenza-like illness reports and digital moni-

toring sources, such as observations of Wikipedia article access logs, we are now at a point

where forecasting for the influenza season can begin to offer useful information for disease

monitoring and mitigation.

Introduction

Despite preventive efforts and educational activities for seasonal influenza in the United States

(U.S.), on average 5%–20% of the population gets influenza [1], more than 200,000 people [1]

are hospitalized from seasonal influenza complications, and 3,000–49,000 people die each year

[2]. The result is a significant public health and economic burden for the U.S. population

[3–5].

The Centers for Disease Control and Prevention (CDC) monitor influenza burden by col-

lecting information from volunteer public health departments at the state and local level [6–9].

Data are then used for planning and mitigation activities based on what is believed to be the

current state of influenza throughout the U.S. [6, 7, 10]. These rough estimates could possibly

lead to significant over- or under-preparation for any given flu season.

In November of 2013, the CDC launched the Predict the Influenza Season Challenge compe-

tition to evaluate the growing capabilities in disease forecasting models that use digital surveil-

lance data [11]. The competition asked entrants to forecast the timing, peak, and disease

incidence of the 2013–2014 influenza season using Twitter or other Internet data to supple-

ment ILI weekly reported data. The work described in this paper was conducted as an entry for

this competition. The CDC challenge concluded on March 27th, 2014. Though individual en-

tries’ scores were not announced, the winner was. Officials conducting the contest found each

entry informative as to the capabilities of disease modeling to inform public policy but the gen-

eral consensus was that the current state of influenza forecasting still has too much uncertainty

to base public health policy on. Details of the contest will be announced in a forthcoming paper

by the CDC [12]. Based on our entry to this contest, we present a novel method to provide a

probabilistic forecast of the influenza season based on a mathematical model for seasonal influ-

enza dynamics and historical U.S. influenza observations. The forecast is dynamically adjusted

using a statistical filter as current influenza data is observed.

Reliable forecasts of influenza dynamics in the U.S. cannot be obtained without consistently

updated public health observations pertaining to flu [13]. It is necessary to have a historical re-

cord of these observations in order to asses the relation between the forecasting model and the

data source. Our primary data source, ILINet, is the CDC’s outpatient influenza-like illness

(ILI) surveillance system [6, 14]. ILINet data represent the collection of outpatient data from

over 3,000 hospitals and doctors’ offices across the U.S. Each week, these locations report the

total number of patient visits and the number of those visits that were seen for ILI, defined as

fever (temperature� 100°F) and a cough or sore throat without a known cause other than in-

fluenza. Since 2003, these data have been collected weekly, year-round. ILINet data make up

one portion of the CDC’s complete influenza surveillance efforts. For example, U.S. influenza-

related mortality and virological strain data are also collected, but they are not used in this
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study. For a complete overview of the CDC’s influenza surveillance programs we refer the read-

er to [6, 7, 14].

Due to the ILINet dataset’s use by the CDC and other public health agencies in the U.S. to-

gether with ILINet’s availability and archived collection of historical influenza data, we develop

our influenza forecast to predict ILINet. However, ILI represents a limited syndromic observa-

tion of people who seek medical attention each week [7, 10]. Furthermore, the distribution and

specific reporting practices of the approximately 3,000 healthcare providers involved in ILINet,

the lack of care-seeking for many individuals infected with influenza, and the possibility of ILI

symptoms without infection from the influenza virus complicates the understanding of the re-

lation between a reported level of ILI and actual U.S. influenza prevalence. An additional draw-

back is related to the bureaucratic hierarchy of the ILI system; there is a 1–2 week lag present in

data availability.

We used Wikipedia article access logs to supplement the ILINet data and broaden the range

and depth of information. The addition of new data sources that estimate influenza incidence

can increase the robustness of the ILI data stream [15–19]. Wikipedia access logs for articles

highly correlated with influenza prevalence, as measured by ILI, improve our knowledge of the

current influenza incidence in the U.S. The rationale for using the Wikipedia access logs was

thoroughly explored in reference [15].

Influenza forecasting must provide two things in order to inform public health policy: 1) the

expected future influenza dynamics and 2) the likelihood of observing dynamics deviating

from this expectation. These two properties are informed by both the inherent model dynamics

and current observations of flu. Fortunately for epidemiologists, the methodology for generat-

ing probabilistic forecasts with a deterministic mathematical model based on observed data has

been well developed in climatology, meteorology, and oceanography [20–22]. We demonstrate

how the ensemble Kalman smoother, can be used to iteratively update a distribution of the in-

fluenza model’s initial conditions and parameterizations. An advantage of our technique is that

it retains information about when the model dynamics systematically diverge from the dynam-

ics of observations. The systematic model divergence from observed influenza dynamics will be

used as a basis for future research in model discrepancy to improve forecasts.

The capability for real-time forecasting of events, such as influenza dynamics, with quanti-

fied uncertainty, has been crucial for major advances across the spectrum of science [20–22].

However, this capability is still in its infancy in the field of public health. For more complete lit-

erature reviews on the field, we refer the reader to [23, 24]. Briefly, we present the literature on

epidemic forecasting influencing this work, all of which rely on a Bayesian viewpoint to adjust

an underlying disease model given incoming observations [25]. First, disease forecasting meth-

ods that use data to parameterize an underlying causal model of disease can use either sequen-

tial Monte Carlo type methods [14, 26–31] or ensemble methods [32–35]. Some work has been

done on comparing the two methods [36, 37]. There are also several works of a more statistical

nature [38–43], one that relies on a pure Kalman filter [44], and one that uses variational as-

similation methods [45]. Of these works, the majority tune a differential equation-based com-

partmental disease model [26, 28–30, 32, 33, 36, 37, 45]. However, some forecasts have been

formed using agent based simulations [27, 31, 41] or spatial models [34, 35].

Each of these examples rely on defining a prior distribution for the parameterization and

initialization of the underlying model. However, the methods to arrive at this prior are usually

ad hoc and based on beliefs about the ranges for the parameters. It is therefore difficult to see

how these methods may be applied to a general disease model given historic observations in

the presence of model error. Our method for defining a prior parameterization/initialization

can be generalized to any dataset pertaining to disease spread and disease model.

Forecasting the Influenza Season
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After outlining the general forecast methodology, we describe the details of our data sources

and model, the technique used to estimate a prior forecast, our data assimilation technique,

and our measure of forecast accuracy. We then present an application of our methods to fore-

casting the 2013–2014 influenza season in the results section, and conclude with a summary of

our approach and suggestions for future improvements.

Methods

Wikipedia data

We identify correlations between CDC ILI data and Wikipedia access log data to improve our

forecasts. There is a time delay in reporting of ILINet data. Wikipedia data, on the other hand,

is available almost immediately and has the potential to provide information about the current

state of influenza.

As mentioned above, there is a 1–2 week lag between a patient seeing a doctor and the case

appearing in the ILI database. Therefore, there is a need for the use of digital surveillance data

available in near real-time that can complement ILINet data. We turn to publicly available

Wikipedia access log data to achieve this.

Wikipedia provides summary article access logs to anyone who wishes to use them. These

summaries contain, for each hour from December 9, 2007 to present (and updated in real-

time), a compressed text file listing the number of requests served for every article in every lan-

guage, for articles with at least one request. Using the MapReduce programming paradigm

[46], we aggregate these hourly requests into weekly access counts and normalize the total

number of accesses per article using the total requests for all articles across the entire English

Wikipedia in each week. Wikipedia access logs have been studied extensively in [15, 16], and

we refer the reader to these sources for thorough analyses of the data. In short, it was shown

that for a range of infectious diseases across many countries, some articles have access rates

that are highly correlated with public health infectious disease records. Simple statistical mod-

els trained using only these article access rates were capable of nowcasting and even forecasting

public health data, achieving r2 � 0.9 in certain cases.

Five articles from the English language edition of Wikipedia were selected for estimation of

present national ILI using the methods outlined in [15]. These articles were Human Flu, Influ-

enza, Influenza A virus, Influenza B virus, and Oseltamivir. To select these articles, we used the

simple article selection procedure described in [15]: we first gathered access log time series for

relevant articles linked to from the main influenza Wikipedia article [47], including the main

influenza article itself. This totaled approximately 50 articles. The correlation between each of

the 50 article access log time series and U.S. ILI data was computed. It was found that access

log time series from the five articles mentioned above were much more highly correlated with

the ILI data than the remaining articles, so it was decided that only these five articles would be

used. It is important to note that only examining this restricted set of 50 Wikipedia access logs

will inevitably leave the potential for the existence of an un-investigated article that is highly

correlated with ILI data. However, barring an exhaustive search of Wikipedia articles focusing

on the articles linked from the main English influenza article seemed like a reasonable choice.

The weekly article request data for each article can be written as the independent variables

x1, x2, . . ., x5. Current ILI data are estimated using a linear regression from these variables. We

combine the article request data with the previous week’s ILI data, which we’ll denote by ILI
−1,

and a constant offset term. This forms our regression vector X = (1, x1, x2, . . ., x5, ILI−1). Our

linear model used to estimate the current week’s ILI data is then given by

ILI0 ¼ b � X ¼ b0 þ b1x1 þ b2x2 þ � � � þ b5x5 þ b6ILI�1: ð1Þ

Forecasting the Influenza Season
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The regression coefficients b = (b0, b1, b2, . . ., b6) were then determined from historical ILI data

andWikipedia data. Fig 1 shows the regression from the 5 Wikipedia access logs and the previ-

ous week ILI to historical ILI data. The regression coefficients were b0 = 0.0063, b1 = 17517.3,

b2 = 3206.1, b3 = 41258.9, b4 = −71428.7, b5 = −17410.9, b6 = 0.955. It is important to note here

that the access logs and historical ILI observations used as regressors do not exist on the same

scale and therefore it is not correct to use these coefficients to infer importance of the various

terms as predictors of ILI. This issue is further complicated by the fact that the individual Wiki-

pedia access logs are not independent or uncorrelated with each other.

Model description

We only model the U.S. ILI data during the part of the year that we designate as the influenza

season. Our forecasts are ordered by epidemiological week (also called CDC week or MMWR

week) since this is how ILI data are reported by the CDC [48]. Epidemiological weeks are used

throughout public health reporting in the U.S. (and many other regions of the world). Their

widespread acceptance makes them a natural temporal scale to use in disease forecasting.

The mathematical model we use for influenza spread does not include re-infection of indi-

viduals or loss of immunity and therefore can only hope to model one season’s influenza

Fig 1. Regression of Wikipedia access logs to ILI data. Here we show the linear regression of one weeks prior ILI observation, a constant term, and the
access logs of five Wikipedia articles related to influenza to the current ILI observation. The regression is highly correlated to the true ILI outcome. However,
due to the simple form of this linear regression it is difficult to quantify which of the six regressors used was most influential in predicting ILI.

doi:10.1371/journal.pcbi.1004239.g001
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course. For this reason, it was necessary to define a fixed maximum possible length influenza

season that would include the earliest possible ramp up of the flu season and the latest possible

tapering off. By examining the ILI data for the entire U.S. from the 2002–2003 season to the

2012–2013 season, it was found that influenza incidence does not start to noticeably increase

until at least epidemiological week 32 (mid-August). Moreover, once the influenza peak has

passed, the incidence decreases to non-epidemic levels by at least epidemiological week 20

(mid-May). To illustrate our maximal flu season’s relation to historical ILI data we have includ-

ed Fig 2 with our flu season highlighted. The exception to our maximal influenza season range

is the the 2009 H1N1 pandemic, which emerged in the late 2008–2009 season causing this sea-

son to be prolonged and an early start in 2009–2010 season. With the flu season defined to be

between epidemiological week 32 and epidemiological week 20, even the 2009 H1N1 emer-

gence is mostly accounted for. We emphasize that our definition of a fixed maximal influenza

season allows us to avoid modeling influenza prevalence during the dormant summer months,

a task which would require some re-introduction of susceptible individuals into the population.

It is possible that, through modeling the increase of the susceptible population over the sum-

mer months or the change in distinct influenza strains the definition of an influenza season

could be made unnecessary.

The U.S. ILI data between mid-August and mid-May are then modeled using a Susceptible-

Exposed-Infected-Recovered (SEIR) differential equation model [49–51]. The standard SEIR

Fig 2. Defining a maximal influenza season.We highlight the weeks corresponding to our maximal influenza season over which we parameterize our
forecast. Since our model does not include re-infection or loss of immunity we can only hope to forecast one pre-defined season at a time.

doi:10.1371/journal.pcbi.1004239.g002
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model is then modified to allow seasonal variation in the transmission rate [52] and to account

for heterogeneity in the contact structure [53–55]. We will refer to the model as the seasonal

SνEIR model. This model does not account for several factors that could possibly be important

for forecasting influenza dynamics such as spatial disease spread, behavior change due to dis-

ease, multiple viral strains, vaccination rates, or more detailed contact structure [56–59].

In our model, the U.S. population is divided into epidemiological categories for each time

t> 0 as follows: the proportion susceptible to flu S(t), the proportion exposed (and noninfec-

tious, asymptomatic) E(t), the proportion infectious and symptomatic I(t), and the proportion

recovered and immune R(t). Since there is usually a single dominant strain each flu season, we

assumed that recovered individuals are then immune to the disease for the remainder of the

season. In practice, this assumption is not entirely accurate since an individual that contracted

and recovered from one strain can get infected from a different strain in the same season [56].

Indeed, in the 2013–2014 influenza season, an elevated level of ILI was maintained well after

the primary peak. Upon investigation of World Health Organization and the National Respira-

tory and Enteric Virus Surveillance System (WHO/NREVSS) strain subtyping data this elevat-

ed level correlated with the emergence of influenza B as a secondary dominant strain. We still

believe the presentation of our results using a single strain model to be informative especially

since one will always have to weigh the cost of model parameter explosion, which can confound

identifiability of the model from data with model complexity. After all, an influenza model

with no spatial heterogeneity and n strains would consist of 2n−1(n+2) independent equations

[60] compared to the three independent equations we must identify in (2).

The seasonal SνEIRmodel is defined by the following system of ordinary differential equa-

tions:

dS

dt
¼ �bðt; b0; a; c;wÞIS

n

dE

dt
¼ bðt; b0; a; c;wÞIS

n � yE

dI

dt
¼ yE � gI

dR

dt
¼ gI

Sð0Þ ¼ S0 Eð0Þ ¼ E0 Ið0Þ ¼ I0 Rð0Þ ¼ 1� ðS0 þ E0 þ I0Þ:

ð2Þ

S(t), E(t), I(t), and R(t) are the proportions of the U.S. population at time t> 0 defined above.

Individuals transition from exposed to infectious with constant incubation rate θ, and they re-

cover at constant rate γ. The transmission coefficient, β(t;β0, α, c, w) is allowed to vary over the

course of the flu season. The specific variation is controlled by the parameters (β0, α, c, w), as

shown in Fig 3. Algebraically, the transmission rate is defined by β(t;β0, α, c, w) = β0(1+αf(t;c,

w)) where the smooth bump function, f, is defined as

f ðt; c;wÞ ¼
2 1�

�

�
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The parameters c and w control the center (peak of elevated flu transmission) and width

(length of elevated flu transmission). The max transmission and minimum transmission levels

attained are then controlled by β0 and α.
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To model some aspects of heterogeneity in the influenza contact network, we use a power-

law scaling, ν, on the susceptible proportion of the population in the term Sν. Including this fac-

tor has been demonstrated to be an effective approach for this simple model to better fit large-

scale detailed agent based models with a heterogeneous contact network [54]. Though, in [54],

it was shown that an individual cities’ contact network causes the scaling power ν to vary city

by city the findings were driven by fitting the power to data. Therefore, we proceed under the

hypothesis that there will be a ν that provides a best fit to data for the entire U.S. ILI dataset.

After optimization of the model to U.S. ILI data this was indeed verified to be the case.

Prior distribution estimation

We start by specifying a distribution of model parameterizations that we will consider before

any observations from the 2013–2014 season are available. This prior distribution specifies

what we think is possible to observe in the new influenza season. Therefore, it is based on the

previously observed ILI data and is broad enough to assign a high likelihood to any of the past

Fig 3. The transmission rate function β(t;β0, α, c,w). The transmission function is chosen to be a smooth, five times differentiable, bump function ranging
between β0(1+α) at the peak of flu transmission and β0(1−α) at the low point. This is done to account for seasonality in our model. The parameters c andw

control the center (peak of elevated flu transmission) and width (duration of elevated flu transmission).

doi:10.1371/journal.pcbi.1004239.g003

Forecasting the Influenza Season

PLOS Computational Biology | DOI:10.1371/journal.pcbi.1004239 May 14, 2015 8 / 29



influenza seasons. Though our method of specifying a prior is reasonable enough to meet this

criterion, it does not rely on more rigorous approaches, such as full Markov chain Monte Carlo

exploration of the observation’s influence on an uninformative prior distribution. This will be

left to future work.

Let us assume that we have ILI observations fromM different influenza seasons. The obser-

vations for each season are made at regular intervals, Δt = 1week, from the end of epidemiolog-

ical week 32 to the end of epidemiological week 20 of the following year. With the seasons

indexed by i we denote these data by

di
1:K ¼ ðdi

Dt; d
i
2Dt; � � � ; d

i
KDtÞ

T
; ð4Þ

with K being the number of weeks in each season and i = 1, 2, . . .,M.

A solution of our model is determined by the parameterization vector

p ¼ ðS0; E0; I0; b0; a; c;w; y; gÞ
T
; ð5Þ

and each choice of p yields a discretely sampled solution vector

C1:K ¼ ðcT

Dt;c
T

2Dt; � � � ;c
T

KDt;p
TÞ

T
: ð6Þ

The state of our SνEIRmodel is denoted by

ct ¼ ðSðtÞ; EðtÞ; IðtÞÞ
T
: ð7Þ

The link between our epidemiological model and the data is obtained from the infected propor-

tion at the discrete time points. Specifically, it is the model-to-data map defined by

M
p
½C1:K � ¼ ð100 � IðDtÞ; 100 � Ið2DtÞ; � � � ; 100 � IðKDtÞÞ

T
; ð8Þ

with the multiplication changing the proportion into a percentage, which is what ILI is mea-

sured in. Our goal now is to determine a prior distribution for p, π0(p), so that samples drawn

from the prior, makeMp[C1:K] close to at least one prior season’s dataset, d
i
1:K .

For each season’s data, i = 1, 2, . . .,M, we can determine an allowable pi by approximately

solving the non-linear optimization problem

p
i ¼ arg min

p

k di
1:K �M

p
½C1:K � k

2
; ð9Þ

where k�k denotes the root sum of squares discrepancy over the discrete time points. The ap-

proximate solution to (9) is reached by applying a stochastic optimization algorithm [61, 62]

and this process is repeated L times for each season. Variation in these optimal p for a single

season are considered to represent variation that we should allow in the prior distribution of

our model. This process then yieldsM�L approximate solutions pi
l , which are then treated as

samples from a prior distribution for the model’s parameterization.

A log-normal distribution, fit to these samples, is chosen for π0(p). We have chosen a log-

normal distribution for π0(p) since physically all terms in pmust be positive and the relation of

the log-normal to a Gaussian distribution makes it a convenient choice when implementing

our ensemble Kalman filtering method.

Data assimilation

An iterative data assimilation process is implemented to continually adjust the parameters and

initial state of the seasonal SνEIRmodel, which incorporates new ILI and Wikipedia observa-

tions. The model can then be propagated through the end of flu season to create an informed

Forecasting the Influenza Season
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forecast. Data assimilation has been successful in a diverse array of fields, from meteorology

[20, 21] to economics [22] but has only recently begun to be applied to disease spread [28–30,

32, 33, 35–37]. One of the most common schemes for data assimilation is based on the Kalman

filter in which both the model error and observation error are assumed to be Gaussian and all

mathematical models are assumed to be linear. Updating the model using observations is then

accomplished by conditioning a joint Gaussian distribution. In particular, the ensemble Kal-

man filtering methods we use here, explained in detail below, have been successfully applied to

non-linear systems of ordinary differential equations with a much higher degree of non-lineari-

ty and a much higher dimension than our SνEIRmodel [63–65]. Our approach to using Kal-

man filtering to estimate the underlying parameters of our model is more difficult than an

estimation of the state of the system. However, parameter estimation too has had success with

much larger and more non-linear systems of differential equations [66].

We use an ensemble Kalman smoother (enKS) [21, 67], with propagation always performed

from the start of the influenza season, to assimilate the ILI/Wikipedia data into the transmis-

sion model. Our implementation of the enKS directly adjusts only the parameterization of our

system. However, the adjustment is determined using information about the model’s dynamics

throughout the season.

With the exception of reference [45], the previous disease forecasting methods only use the

most recent observation to update the epidemic model. This can lead to problems in determi-

nation of the underlying model parameters since the dynamic trends of the data are not consid-

ered during the model adjustment. The enKS method we use is more sensitive to the

underlying dynamics of the data timeseries.

When performing data assimilation to adjust the current model state, conditions such as the

population in each epidemic category summing to the total population are often disrupted.

Moreover, if the model state is adjusted directly each time an observation is made, the forecast

epidemic curve may not represent any single realization of the epidemic model. This makes it

difficult to judge systematic model error and thus identify specific areas where the model may

be improved. In our assimilation scheme only the model’s parameterization and initialization

are adjusted. Therefore, each forecast represents a realization of the model.

For a more precise description of the ensemble Kalman smoother implemented for this

work we refer the reader to [21]. The main idea is to view the time series of our epidemiological

model together with its parameters and the ILI/Wikipedia data as a large Gaussian random

vector. We can then use standard formulas to condition our SνEIR time series and parameters

on the ILI/Wikipedia observations. Draws from this conditional Gaussian give an updated

parameterization of the system from which we can re-propagate to form an updated forecast.

The enKS is similar to a standard ensemble Kalman filter except that instead of just using

the most recent data to inform the forecast it uses a number of the most recent observations.

The three most current observations, including Wikipedia observations, are used to inform our

forecasts. The advantages of using the enKS is that more of the current trends/dynamics of the

observations are used in each assimilation step. This helps in estimating the underlying param-

eterizations of the system by propagating the observation’s information backward into the

model ensemble’s history [21, 67].

For each week in the simulation, we receive the ILI data and a Wikipedia estimate of the ILI

data the following week. These data become available at regular time intervals of Δt = 1week

and we denote the data corresponding to the first K weeks by d1:K as in (4). Note that now the

index K corresponds to the most current week instead of the last week in the season. During

the data assimilation step, d1:K is compared with simulations of our SνEIRmodel and its param-

eterization, sampled at weekly intervals, denoted byC1:K as in (6) above.
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The link between our epidemiological model and the data is again obtained from the simu-

lated infected proportion at the time the most recent data are collected, KΔt. This is similar to

(8) except that we only use the infected proportions corresponding to recent data. Specifically,

themodel-to-data map is

M½C1:K � ¼ ð100 � IððK � 2ÞDtÞ; 100 � IððK � 1ÞDtÞ; 100 � IðKDtÞÞ
T
: ð10Þ

Using this model-to-data map implies that we are only attempting to model and forecast the

dynamics of ILI as opposed to the actual proportion of the U.S. population infected with influ-

enza. The last three sampled values of the infected proportion are used, corresponding to the

Wikipedia estimated ILI, the most current ILI, and the previous week’s ILI observations.

In the ensemble Kalman filtering framework, the simulation and data, ðCT

1:K ; d
T
ðK�2Þ:KÞ

T
, are

assumed to be jointly Gaussian distributed. Therefore, the conditional random vectorC1:Kjd(K

−2):K is also Gaussian, which we can sample from. We only sample the marginal distribution,

which is also Gaussian, of our SνEIR parameterization, pjd(K−2):K. Samples of pjd(K−2):K are then

used to re-propagate our SνEIRmodel from an adjusted initial state to form an updated fore-

cast. When new data are collected on the (K+1)th week, the process is repeated.

The remaining details of the enKS implementation deal with the choice of the mean and co-

variance structure of the joint Gaussian distribution for ðCT

1:K ; d
T
ðK�2Þ:KÞ

T
. Our implementation

followed Evensen’s explanation [21]. In short, the mean is determined by sampling our SνEIR

model at different parameterizations, while the covariance structure is determined by assump-

tions on the observational error for ILI, the Wikipedia estimate, and our

epidemiological model.

Evaluating forecast accuracy

To evaluate the accuracy of a forecast, we compare the distribution determined by the ensemble

with the actual observed disease data. We can, of course, only perform this evaluation retro-

spectively since we require data to evaluate our forecasts against. Since the enKS method as-

sumes that the forecast distributions are Gaussian, we can evaluate the forecast’s precision by

scaling the distance of our forecast mean from the observation using the ensemble covariance.

Such a distance has been widely used in statistics and is commonly referred to as theMahala-

nobis distance (M-distance) [68]. The M-distance gives a description of the quality of the fore-

cast that accounts for both precision in the mean prediction and precision in the dispersion

about the mean. Other methods of evaluating forecast accuracy such as the root mean square

error only consider how close the mean of the forecast is to the observations. Thus, a distribu-

tion with a great deal of uncertainty, or dispersion, can have a small root mean square error

compared to observations.

A forecast is made up of an analysis ensemble of parameterizations fpi
Kg

N

i¼1
, K is the index

corresponding to the most recently assimilated observation and N is the size of the ensemble.

Each pi
K is drawn from a Gaussian distribution conditioned on the most recent observations as

described above. We can form a forecast of ILI data for the entire season by propagating the pi
K

through our SνEIRmodel. We will denote the discretely sampled time series of these realiza-

tions by ci

K . The M-distance will then be evaluated using the ensemble of forecast observations,

fMf ½c
i

K �g
N

i¼1
, corresponding to the infected proportion time series, after the time index K, with

each c
i

K scaled to a percentage.

The M-distance is then calculated from theMf ½c
i

K � using their sample mean and covariance

denoted μobs and Cobs, respectively. Letting ~dK correspond to un-assimilated observations (i.e.,
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observations with time indices greater than K), the M-distance we evaluate is

rð~dK ; fMf ½c
i

K �gÞ ¼
ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi

ð~dK � mobsÞ
T
C�1

obsð
~dK � mobsÞ

q

: ð11Þ

In order to judge the quality of our forecasting methods and ultimately to justify the com-

plexity of our data assimilation procedure, we generate a simplistic straw manmodel for com-

parison. We first collect all historical time series of disease outbreaks and then determine a

correspondence time between each of the time points for each of the outbreak datasets. This

gives a common time frame for each of the historical data sets. Then, at each of these common

time points, the average and standard deviation of the historical observations can be computed.

Thus, the straw man forecast consists of a normal distribution at each corresponding time

point in the forecast with an averaged mean and standard deviation. We can then evaluate the

straw man’s accuracy using the metric given in Eq (11). Given the simple construction of the

straw man forecast, this provides a good baseline to necessarily beat, in terms of smaller M-dis-

tance, for any compartmental data assimilation-derived forecast. To illustrate the improvement

in the M-distance metric of our data assimilative forecast over the straw man forecast, we will

calculate the percent of growth (or decline) of the M-distance for the data assimilative forecast

in the straw man forecast for each week of the forecast.

Besides using a strictly quantitative measure of forecast accuracy, we also suggest computing

more qualitative measures of accuracy. With the ensemble forecast, the samples ci

K can be used

to estimate quantiles of the forecast distribution such as the standard 5-number summary of

the distribution given by the 5%, 25%, 50%, 75%, and 95% quantiles for the seasonal SνEIR real-

izations. Moreover, if we are interested in the forecast of some other quantity of interest derived

from the time series of observations, such as the epidemic’s peak time, peak level, duration, or

start time, we may also derive 5-number summaries for these quantities by computing the ap-

propriate quantity of interest. Analyzing where the actual observations fall compared to the

5-number summary provides a qualitative way to understand the accuracy of the forecast.

For our data assimilative forecast, we calculate weekly 5-number summaries for four quanti-

ties of interest: the start of elevated ILI data, the duration that the ILI data will remain elevated,

the timing of the peak of ILI data, and the height of the ILI peak. Here, the start of the influenza

season is defined to be the first week that ILI goes above 2% and remains elevated for at least 3

consecutive weeks. The end of the influenza season, used to calculate the duration, is when ILI

goes below the 2% national baseline and remains there.

Results

We present the results of our prior estimation techniques and our evaluation of forecast accu-

racy for the 2013–2014 influenza season. Again, to restrict our forecast to only one seasonal

outbreak and avoid modeling influenza dynamics during the dormant summer months, our

maximal influenza season is defined to be between the 32nd and 20th epidemiological weeks, or

from mid-August to mid-May, for successive years. Our forecasts are only valid during this

time period.

Prior forecast

Historical ILI data from the 2003–2004 U.S. influenza season through the 2012–2013 influenza

season were used to generate our prior distribution of the seasonal SνEIRmodel’s parameteriza-

tion. This was done following the methods described above. An example fit using a stochastic

optimization algorithm to find 10 approximate solutions to (9) for the 2006–2007 ILI data is

shown in Fig 4. Two things can be noticed from this fit of our epidemiological model. First,
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there is often a small early peak in the ILI data before the primary peak and our model does a

poor job of capturing this. In several conversations we’ve had with experts, the hypothesis has

been put forward that the double peak in U.S. ILI data is due to under reporting during the hol-

iday season in the U.S. However, from our observations the first peak can vary in its timing

substantially and does not seem to be always present or strongly correlated with the holidays or

emergence of separate influenza strains. Second, the ILI data usually remain elevated longer

than our model’s realizations can support. Under retrospective examination of the tail for the

2013–2014 season, the extended elevated ILI level appears to be due to the emergence of a sec-

ondary dominant strain. Further examination of this phenomenon using historical ILI data is

necessary but beyond the scope of this study. Both of these areas point to systematic divergence

of the model from data. It is always possible that our model fit is representative of influenza

prevalence but, due to bias in the ILI reporting, diverges from the historical data. However,

without a stronger ground truth dataset to support this, such hypotheses are difficult to test.

From the joint prior, π0(p), we can examine samples from the marginal priors to examine

our method’s forecast for traits of the average influenza season. In Figs 5, 6, 7, 8 and 9 we show

histograms of samples from a few of these marginal priors. We see that our methods have de-

termined that the average base time of transmission is 2–5 days, the average incubation time is

3–7 days, and the average recovery time is 6–8 days. This automatically lets us know that the

recovery rate is tightly specified by our prior whereas the base transmission and incubation

rates are not. Since our SνEIRmodel includes a variable transmission rate, we also include the

Fig 4. Seasonal Sν
EIR fit to 2006–2007 U.S. ILI data. Ten seasonal heterogeneous SνEIRmodel parameterizations for the U.S. ILI 2006–2007 data. These

are approximate solutions to (9). For each of the influenza seasons, from 2003–2004 through 2012–2013, fits similar to the above were generated. These
parameterizations formed the basis for our prior, π0(p). This is a good example of the seasonal SνEIRmodel’s two areas of systematic divergence. In the
weeks 50–1 there is a first peak that the model does not catch. However, the fitted model does envelop the secondary peak around the 8th epidemiological
week. During the tail weeks 15–20 our SνEIRmodel tapers too quickly.

doi:10.1371/journal.pcbi.1004239.g004
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Fig 5. Histogram of the marginal distribution for the average transmission time, measured in days. The rate parameter, β0, is then the inverse of this
average time. We see that this distribution is concentrated over 2–4.5 days. All histograms were generated from 300 samples of π0(p).

doi:10.1371/journal.pcbi.1004239.g005

Fig 6. Histogram of the marginal distribution for the average incubation time, measured in days. The rate parameter in our SνEIRmodel, θ, is then the
inverse of this average time. We see that this distribution is concentrated over 3–6 days and skewed toward longer incubation times.

doi:10.1371/journal.pcbi.1004239.g006
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Fig 7. Histogram of the marginal distribution for the average recovery time, measured in days. The rate parameter in our SνEIRmodel, γ, is the inverse
of this average time. We see that this distribution is concentrated over 6–7 days and skewed toward longer incubation times. The prior distribution for γ is
more concentrated than the distributions for θ and β0 which means that the ILI data determine this parameter more exactly.

doi:10.1371/journal.pcbi.1004239.g007

Fig 8. Histogram of the marginal distribution for the peak of the transmissibility function, β(t;β0, α, c,w). The parameter c here is represented in
weeks since the beginning of simulation. Thus, a value c = 16 corresponds to the peak transmissibility during the 48th epidemiological week. We see that this
distribution is concentrated over 20–30 weeks into the simulation and skewed toward late in the simulation.

doi:10.1371/journal.pcbi.1004239.g008
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marginals for the week of peak transmissibility, c, and the duration the transmission rate is ele-

vated, w. For our prior, the duration w is centered over 14–20 weeks into our simulation, while

the center c is between 20–30 weeks into our simulation. This corresponds to the center of our

elevated transmission being between epidemiological week 52 of 2013 and epidemiological

week 10 of 2014, between the last week of December and the first week of March.

Sampling 300 parameterizations from the log-normal prior π0(p) leads to the prior forecast

for the 2013–2014 influenza season shown in Fig 10. One can notice that our prior forecast al-

lows for a wide range of peak times and sizes. In general, the earlier the peak, the smaller its

forecast height. It is also apparent that our forecast tapers off quickly after the peak occurs. Un-

fortunately, in carrying out this process of model fitting and estimation of a log-normal prior,

it becomes apparent that there is a strong negative bias in our prior forecasts. Our hypothesis

for this outcome is that in a typical influenza season, there are many more low ILI observations

than there are high ILI observations. Since, in our fitting of the SνEIRmodel, all the ILI data

was given equal weight a good fit can be obtained from a model solution that stays below the

peak. The effect of this negative bias can be seen in our data assimilative forecasts as a strong

negative bias.

Forecast analysis

In Fig 11, we show the results of our forecasting process for two different weeks during the

2013–2014 influenza season. Note, the performance of the seasonal SνEIRmodel is drastically

reduced once the peak of the influenza season has passed. However, before the peak, the model

Fig 9. Histogram of the marginal distribution for the duration of heightened transmissibility. The parameterw is represented in weeks. A valuew = 14
corresponds to 16 weeks of elevated transmission. We see that this distribution is concentrated over 14–20 weeks and skewed toward longer periods of
elevated transmission.

doi:10.1371/journal.pcbi.1004239.g009
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Fig 10. U.S. ILI prior forecast for 2013–2014 flu season. This figure shows the prior forecast along with the 2013–2014 ILI data. Note the potential for an
early and late peaking influenza season. The red line represents the median forecast from 300 samples of the prior. The dark blue and light blue regions
represent the 50% and 90% credible regions centered around this median, respectively. Credible intervals were also generated from 300 samples of
the prior.

doi:10.1371/journal.pcbi.1004239.g010

Fig 11. U.S. ILI forecast for the 2013–2014 flu seasonmade during the 43rd (left) and 2nd (right) epidemiological weeks. In each plot the dark blue
region represents the region centered about the median in which 50% of forecasts fall, the light blue region represents where 90% of forecasts fall, and the
red line represents the median forecast. The diamonds represent the 2013–2014 ILI data with the current data point marked by a red circle.

doi:10.1371/journal.pcbi.1004239.g011
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forecasts a range of possible influenza scenarios that include the 2013–2014 season. In Fig 12,

we show the forecast resulting from the straw man approach for the 2013–2014 influenza sea-

son. In this section, we analyze both of these forecasts’ performance using the measures

described above.

Forecast results illustrated in Fig 11 may seem disappointing at first glance. The variance in

the forecast at epidemiological week 43 is quite large and the mean forecast underestimates the

peak. For the forecast made on epidemiological week 2, even the 90% credible region of the

forecast diverges from the tail of the epidemic despite the addition of many more ILI observa-

tions. As discussed above, the underestimation of the forecast is most likely due to a bias to-

ward low ILI seasons in the prior forecast we have used. In this way, the use of the enKS

actually is a success since by our week 43 forecast the projected ILI peak is much higher than

the median peak predicted in our prior distribution. In other words, the data assimilation

method is performing well, but the prior and possibly the model itself has significant bias that

needs to be corrected in future work. Model bias (i.e., systematic divergence of the model from

ILI observations) is also responsible for the degradation of performance in our forecast once

the ILI peak has past. Our SνEIRmodel has a difficult time simulating an elevated tail. Thus,

there are fewer model parameterizations that are close to ILI observations by the 2nd epidemio-

logical week, so the variance in our forecast ensemble is reduced even though accuracy

is decreased.

Judging accuracy for forecasts is difficult to do from figure such as those in Figs 11 and 12.

For instance, in Fig 12, the 2013–2014 season is mostly included in the 50% credible interval.

Fig 12. U.S. ILI strawman forecast. This figure shows the results of our strawman prediction based on averaging past flu seasons. Since this forecast of
the 2013–2014 influenza season was made using only the statistics of the sample mean and sample standard deviation from previous season’s ILI
observations it’s credible intervals (left) do a good job of containing the current influenza season. This forecast does not include any causal model of influenza
spread. There is, therefore, no correlation between the forecast at successive time points. This is seen when sampling time series from this forecast (right).
The lack of correlation in forecasts for successive weeks severely limits the usefulness of such a forecast for public health decision making. For instance,
after the 2013–2014 ILI peak was observed a further ILI peak is forecast to be just as likely six weeks later.

doi:10.1371/journal.pcbi.1004239.g012
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However, individual forecasts made from the straw man method look different, as time series,

from an ILI season since little of the dynamics of ILI are present in the straw man model. On

the other hand some of the 2013–2014 ILI data falls outside the 50% credible region during the

43rd epidemiological week forecast in Fig 11. As discussed previously, this is most likely due to

error in the original model and the bias toward low influenza seasons in our prior. However,

the accuracy of a probabilistic forecast like Fig 11 should always be in terms of probability. It is

possible that the 2013–2014 ILI data given the 2013–2014 ILI data up to epidemiological week

43 should have been assigned a lower probability based on previous seasons. In particular,

based on previous ILI seasons it is not uncommon to see a much lower and later ILI peak given

the ILI level at epidemiological week 43 for 2013–2014. For this reason, probabilistic forecasts

are difficult for public health planners to rely on. However, without a forecast that predicts the

dynamics of ILI faithfully week by week, planning can not be informed from the forecast.

Quantitative accuracy. In Fig 13, we show the successive M-distances computed for our

forecast and for 300 samples from the straw man forecast. We notice that until the peak of the

2013–2014 influenza season, the data-assimilative forecasting scheme has a noticeably smaller

M-distance than that of the straw man forecast. However, after the peak of the influenza sea-

son, during week 52 for 2013–2014, the straw man shows considerably smaller M-distance.

Fig 13. Sν
EIRwith enKS vs. strawman forecast for the 2013–2014 U.S. ILI data. The M-distance between U.S. 2013–2014 ILI data and the two forecasts

is plotted. The M-distance between the forecast and ILI data is calculated for each epidemiological week until the end of the influenza season. The M-
distances at week 36 uses the forecast observations from week 36 of 2013 to week 20 of 2014 and the ILI data from week 36 of 2013 to week 20 of 2014. The
M-distances plotted for the straw man prediction use sample covariances and means calculated from 300 time series draws of the strawman forecast. Due to
the lack of causal relations included in the straw man model this measure of accuracy is significantly lower in the early season for the strawman prediction.
This figure shows that the data assimilation forecast has a noticeably smaller M-distance, and therefore is quantitatively better, than the straw man model for
the early influenza season. Once the influenza season peaks the success of the forecast breaks down due to model error. It is interesting to note that due to
the enKS data assimilation our SνEIR forecast seems to attempt self-correction, i.e. the M-distance is increasing and then decreases.

doi:10.1371/journal.pcbi.1004239.g013
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This is due to the seasonal SνEIR’s inability to taper off slowly from the peak of the flu season.

After the peak, our model has exhausted its susceptible proportion of the population, and the

infected proportion rapidly goes to zero. A possible point of confusion in this analysis is the

sharp drop off of the M-distance as the end of our forecast horizon is approached. This is due

to the decreased dimension of the data being forecasted. During week 17, the forecasts only

need to predict the ILI data for 3 more weeks and distances in this 3-dimensional space grow

much slower as a function of week-by-week error.

In the early part of the influenza season, the improvement of the data-assimilative forecast

over the straw man forecast is more apparent if we look at the percent improvement in the

straw man’s M-distance that the data assimilative M-distance represents, Fig 14. Up until a

week or two before the peak of 2013–2014 ILI the use of the SνEIRmodel together with the

enKS data assimilation scheme offers up to a 20% improvement in the M-distance of the straw

man forecast. Since the majority of public health decisions are made well before the peak of ILI

this represents a significant advantage of the data-assimilative method over the straw man

method. We are confident that with further improvements to the prior and the model this im-

provement can be increased.

Qualitative accuracy. Each week, given the 300 infected time series from the analyzed en-

semble, we gain 300 samples of the epidemic peak percent infected, the epidemic start time, the

epidemic duration, and the week of the epidemic peak. From these 300 samples of these quanti-

ties of interest, we estimate the 5%, 25%, 50%, 75%, and 95% posterior quantiles. This gives us

Fig 14. Percent improvement in M-distance using S
ν
EIRwith enKS to forecast 2013–2014 U.S. ILI data. The percent improvement in the M-distance for

the U.S. 2013–2014 ILI forecast using the data assimilative method compared to the straw man method is shown. Here we see that up to a month before the
peak of ILI the use of a mathematical influenza model with data assimilation provides up to a 20% improvement in the forecast with a minimum of a 10%
improvement. However, this improvement is quickly degraded due to model bias close to the peak. It is notable that after the peak is observed the data
assimilation attempts to correct the model but can not make up for the SνEIRmodel’s strong tendency to a zero infected state after the peak.

doi:10.1371/journal.pcbi.1004239.g014
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a convenient weekly summary of our influenza forecast with uncertainty quantified by 50%

and 90% posterior credible intervals about the median. It is important to clarify that, since we

are adjusting the underlying parameterization and initialization of the SνEIRmodel and not the

state of the model directly, the median and credible intervals for quantities such as the start

week of the elevated ILI season continue to be adjusted even after they are observed. It is im-

portant to report these adjustments as they show how later observations effect the model’s dy-

namics throughout the entire season. For example, we can observe that the enKS applied to the

SνEIRmodel in the later ILI season tries to maintain an elevated ILI level by pushing the simu-

lated peak forward in time. In practical application, the forecast of quantities such as the start

week would be fixed once they were observed.

A time series plot of the start week credible intervals for our seasonal SνEIR forecast is

shown in Fig 15. A similar plot for the start week credible intervals forecast using the straw

man model would show a constant distribution with median start week forecast at the 38th epi-

demiological week. We can see for Fig 15 that the high probability region for start week, as

forecast by our epidemiological model, is usually 1–2 weeks after the actual 2013–2014 start

week. However, the actual start week is contained within the 90% credible region until a week

or two after the peak of flu season. This region is also seen to constrict as ILI andWikipedia ob-

servations are assimilated.

Fig 15. Sν
EIR start week quantiles for 2013–2014 U.S. ILI. 50% and 90% credible interval estimates of the influenza season start week are plotted along

with the median. Each week, as new ILI data become available the forecast is revised. This causes the uncertainty in our forecast to diminish. However, due
to the model’s inability to maintain an elevated ILI level past the peak, we see that late in the flu season, the model adjusts by pushing the start week later into
the season. This causes an overestimation of the start week that worsens as the season progresses. In practice, once the start week has been observed the
forecastwould be fixed. However, adjustment of the model parameterization using the enKS would continue to affect the model simulation start date.

doi:10.1371/journal.pcbi.1004239.g015
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We calculated similar time series of credible intervals for the forecast peak week (Fig 16),

and the magnitude of the ILI peak (Fig 17). The forecast for the ILI peak was uncertain with

the 90% credible interval having width of around 6% until close to the actual peak. However,

the median forecast for the peak week was consistently within one or two weeks of the actual

observed peak. These results suggest that our model and prior were calibrated to predict the

timing of the start and peak of influenza season well but underestimate the size of the peak.

When compared to the forecast start week from the straw man model, our SνEIRmodel

seems like a favorable tool. The straw man’s forecast does not assimilate current observations

and thus its predicted start week is constant. Two things should be mentioned about calculating

these credible intervals for the straw man forecast. First, since a sample from the straw man

forecast has no week-to-week correlations, the weekly forecasts can vary greatly from week to

week. This is a problem when computing the start week for the influenza season since a given

straw man sample does not remain above 2% for consecutive weeks. Second, for similar reasons

the duration cannot even be defined for one time series sample of the straw man forecast. The

lack of correlations in week-by-week forecasts in the straw man model severely restricts its use-

fulness in influencing public health policy. For example, even after the 2013–2014 ILI data had

been observed to decrease over the course of five weeks the straw man’s median prediction was

increasing. This makes it difficult to use to interpret the dynamics of influenza progression. On

the other hand, even though the SνEIRmodel has significant errors in the forecast after the

peak the trend of decreasing ILI is in agreement.

Fig 16. Sν
EIR peak week quantiles for 2013–2014 U.S. ILI. 50% and 90% credible interval estimates of the influenza season peak week are plotted along

with the median. Due to our prior and biases in our model the forecast for the week of ILI peak is consistently later than the observed 2013–2014 peak.
However, we can see here that, as ILI observations are assimilated, early peaks are eliminated from the forecast prior to observation of the peak.

doi:10.1371/journal.pcbi.1004239.g016
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Discussion

Summary of method

We have outlined an approach to forecasting seasonal influenza that relies on modern ensem-

ble data assimilation methods for updating a prior distribution of a disease transmission

model. The method used a dynamic compartmental model of influenza spread that has been

used in previous research [51, 52, 54] but is applicable to any compartmental model of disease

with a regularly updated public health data source. Though the flu forecasting system we have

presented here is not ready to entirely base public health policy on, the methods provide a valu-

able framework. In particular, this framework provides real-time model testing, model depen-

dent prior estimation, evaluation of probabilistic disease forecasting, and transitioning from a

deterministic model to a probabilistic forecast. Moreover, if prior to the peak our model pre-

dicts an unexpected change in the future number of cases, then this is an indication to public

health decision makers that the model may be picking up on hidden events and trends that are

being missed by more traditional statistical prediction methods. In this regard, the model fore-

cast is similar to having another expert viewpoint available during the decision process that can

identify trends that might have otherwise been missed.

We evaluated the accuracy of our forecast using the M-distance, based on the Gaussian like-

lihood of observations, and the deviation of time series of quantiles for a set of quantities of in-

terest arising from flu dynamics. Both of these methods were used on our data assimilation

Fig 17. Sν
EIR peak quantiles for 2013–2014 U.S. ILI. 50% and 90% credible interval estimates of the influenza season peak are plotted along with the

median. Forecasts for the size of the ILI peak were widely varying in the 90% credible interval. This could possibly be reduced by the elimination of high peak
outliers such as the 2009 H1N1 emergence and through adjustment of low forecasts in our prior. However, even with these draw backs the 50% credible
region has a width of only 1%–2%.

doi:10.1371/journal.pcbi.1004239.g017
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approach and on a much simpler forecast using estimated normal distributions. The applica-

tion of these measures of accuracy, combined with our specific approach to data assimilation

with a dynamic model of the influenza dynamics allowed us to highlight model inaccuracies

that can then be improved in the future.

Though a statistically simple tool, the inclusion of a straw man forecast as a baseline to eval-

uate our data assimilation scheme’s usefulness is indispensable when evaluating measures of

accuracy. Especially for some measures, such as the M-distance, it is difficult to tell whether or

not a value implies the forecast performed well without a baseline. We hope that the approach

of measuring a forecast against a baseline becomes established practice in future developments

of epidemic forecasting.

The differential equation representation of influenza dynamics, modeled proportions of the

population as susceptible, exposed/non-infectious, symptomatic/infectious, and recovered/im-

mune/removed. The model did not allow for any re-infection of influenza, which is thought to

be biologically accurate for at least a single strain of flu in a single season [56]. We also modeled

the effect of heterogeneity in the influenza contact network and seasonal variation in the trans-

missibility of flu. Our method of data assimilation adjusted the allowable parameterizations

and initializations of this model as ILI data became available.

The forecast was made up of actual realizations of our SνEIRmodel used. This has the argu-

able advantage of highlighting observed sections of the ILI data stream that differ drastically

from the model’s assumptions. However, since the model state is not adjusted at each ILI data

point directly, the forecast with an incorrect model eventually diverges from the data.

To iteratively update the prior distributions of parameterizations and initializations, we

used an ensemble Kalman smoother. This was observed to significantly pull the model toward

a subset of parameterizations and initializations that agreed well with the data. Since the model

seemed to be reasonably adjusted toward observations and retained a significant amount of en-

semble variation in the forecast, there is strong evidence that the assimilation scheme works

well. The challenge now is to arrive at a model that more accurately represents influenza dy-

namics perhaps by including considerations made in [53, 55–59].

Our quantitative measure of forecast accuracy is motivated by the Gaussian likelihood func-

tion and has been used, in many instances, to assign a value to the distance from some pre-

dicted distribution with a fixed mean and covariance. This is exactly the setting we are in, when

we make the Gaussian assumptions inherent in the Kalman filter methods. The application of

the M-distance in this instance showed that our model performed better than the simple straw

man forecast in the beginning of the season but then systematically diverged from the late sea-

son ILI data.

Besides demonstrating the accuracy of our forecast at capturing overall dynamics, we also

quantified our forecating method’s ability to accurately estimate quantities of interest relating

to the impact of a given influenza season. We showed how the time series of forecast median

and posterior credible intervals for the season’s start week, peak week, duration, and peak level

changed over time. This measure in particular demonstrated the advantages of having an un-

derlying mechanistic model as compared to the purely statistical normal approximation fore-

cast as used in the straw man forecast.

Future improvements and lessons learned

This work shows the viability of using a data assimilation method to sequentially tune a model

of disease dynamics. However, it also highlights the need to use caution when adjusting the

model to match data. If balances inherent in the model are not maintained during each adjust-

ment step, it is possible to forecast data accurately with a model that is incorrect (e.g., one that
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has no single realization that will reproduce the data up to data error). The upside of this ap-

proach is that if only the model parameterization and initialization are adjusted, this type of

forecasting process allows one to identify the assumptions of the model that diverge from ob-

servations. This is an important tool, to advance models to more accurate representations of re-

ality, that could be ignored if data assimilation methods are used to adjust a model’s state and

parameterization throughout the forecast.

The method proposed here, which maintain SνEIR balances during assimilation, are not the

only possible methods of maintaining the population balances assumed in a compartmental

disease model. More research needs to be done on the best way to adjust a model to observa-

tions while maintaining an accurate representation of disease model balances. Moreover, if the

goal is to create forecasts for multiple seasons, forecasting from initial conditions will not al-

ways be viable. It remains an important open research question as to how far in the past one

should optimally start forecasts from. The farther in the past a forecast is made from, the more

dynamics of the model and data are assimilated. The downside of this is that considering too

much of the models dynamics can impose unnecessary restrictions on the prior, leading to a

divergent forecast.

A major concern for our epidemiological model is the systematic divergence from the data

at the end of the influenza season. This divergence is evident in the optimal fitting done with

our SνEIRmodel on historical ILI data. Since we did not know, before completing this work,

which factors in disease forecasting would be most important, we have only added complexity

in the model to account for some heterogeneity in the contact network of influenza spread and

seasonally-varying transmissibility of influenza. Spatial spread of influenza does have a good

data source that could be used in the future since ILI is collected in 10 different Health and

Human Services regions for the United States. However, a disease model that links spatial

spread in each of these regions would have significantly more parameters to determine in a

prior distribution. Moreover, the level of ILI error between regions seems to be highly variable

when observing historical ILI time series from different regions. The variability between re-

gional ILI reporting methods poses a challenge beyond the scope of this first approach.

Behavior change was not incorporated into this work since regularly updated observations

of human behavior changes affecting influenza spread are, to the authors knowledge, not avail-

able. Vaccination data are available but are not updated on a time scale fine enough to be com-

parable with weekly ILI. Moreover, vaccination rates would directly reduce the proportion of

the population susceptible to influenza. Unfortunately, only sparse data are available on the ac-

tual proportion of the population susceptible to a given influenza strain. Thus, incorporation

of vaccination rates into a forecast is not obvious until there exists a good method to directly

determine the proportion of susceptibles in the United States.

We did not include multiple strains in our forecasts since it was not obvious to us that a sin-

gle strain model would fail. This belief was based on the fact that a single strain model, with the

inclusion of variable transmission, has surprisingly flexible dynamics and thus may be able to

fit ILI dynamics well even without biological correctness. Secondly, the introduction of multi-

ple strains into a model adds many more parameters to the model, making it difficult to deter-

mine a prior distribution from historical data and increasing the problem of “lack of

determination” in the model. However, there are regularly updated data on prevalence of spe-

cific strains provided by the WHO/NREVSS [6] and therefore, in retrospect, inclusion of multi-

ple strains may be highly advantageous in the future. These data show that often there are one

or two outbreaks of secondary dominant influenza strains in the late season. We hypothesize

that these secondary strains are a primary cause of the heightened tail in the ILI data and we

will investigate a multi-strain influenza model [56] in future forecasting work.
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