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Stanisªaw Ja±kowskiON THE DISCUSSIVE CONJUNCTIONIN THE PROPOSITIONALCALCULUS FOR INCONSISTENTDEDUCTIVE SYSTEMS∗Two-valued disussive systems (f. [1℄) of the propositional alulus D2 anbe enlarged by means of the disussive onjuntion ∧

d
. To this end insteadof the de�nition M2 def. 1 from [1℄ we need to posit the following de�nition

M2 def 1.1 p ∧
d
q := p ∧3q .After this emendation we an simplify the de�nition of the disussiveequivalene by replaing M2 def. 2 by the following:

M2 def 2.1 p ↔
d
q := (p →

d
q) ∧

d
(q →

d
p)The metalogial theorem 1 (f. [1℄, p. 68) remains valid in the followinggeneralized form: Eah thesis A of the two-valued lassial alulus L2 on-taining no other symbols than →, ↔, ∨ or ∧ is transformed into thesis ofthe disussive alulus D2 by replaing in A funtors → by →

d
, ↔ by ↔

d
,and ∧ by ∧

d
, respetively.

∗ Editorial note. Read at the meeting of setion A, Soietatis Sientiarum Torunen-sis, 23th Marh 1949. Published in Polish under the title �O koniunkji dyskusyjnej w ra-hunku zda« dla systemów dedukyjnyh sprzeznyh�, in: Studia Soietatis SientiarumTorunensis, Setio A, Vol. I, no. 8, Toru« 1949, pp. 171�172.



58 Stanisªaw Ja±kowskiThe proof of the theorem ontains no essential hange in omparison withthe proof of the metalogial theorem 1 from my original paper [1℄. We mustonly use theorems 5�7 of M2 (f. [1℄, p. 68) plus a new thesis of M2:
M2 7.1 3(p ∧

d
q) ↔ (3p ∧3q).The law of the inonsisteny for the disussive onjuntion is the followingthesis of D2:

D2 4.1 ¬(p ∧
d
¬ p),whereas the refuted onjuntive form [i.e., Duns Sotus Law � J.P.℄ is(non D2) 3.1 (p ∧

d
¬ p) →

d
qdespite the fat that previously we had an analogous theorem for the usual[lassial � J.P.℄ onjuntion, whih in my previous paper [1℄ is denoted by

D2 5 (f. [1℄, p. 69). Referenes[1℄ Stanisªaw Ja±kowski �Rahunek zda« dla systemów dedukyjnyh sprzeznyh�,Studia Soietatis Sientiarum Torunensis, Setio A, Vol. I, No. 5, Toru«, 1948,pp. 57�77. The �rst English translation �Propositional alulus for ontraditorydedutive systems�, by O. Wojtasiewiz, appeared in Studia Logia, Vol. XXIV(1969), pp. 143�157. The seond version, with a few modi�ations, inludinghanging of notation, �A propositional alulus for inonsistent dedutive sys-tems�, is published in this volume, pp. 35�56.(translated by Jerzy Perzanowski)Comments of the translator1. The main result of this very short, but quite important, note is its mainmetatheorem that D2 in fat ontains the full positive part of the lassiallogi plus observation (M2 7.1) that with the new notion of disussive on-juntion Ja±kowski's basi transformation is remarkably simpli�ed, beominga ommon homomorphism.



On the disussive onjuntion . . . 592. Moreover, on the ground of a modi�ed D2 we have quite a lot of nie newtheorems, suh as the law of inonsisteny (D2 4.1). Indeed, on the basis of
M2 (i.e., S5) we have that:

¬(p ∧
d
¬ p) ⊣⊢ 3

(

¬(p ∧3¬ p)
)

⊣⊢ 3(p → 2p)

⊣⊢ (2p → 32p).3. It is lear that on the ground quite lose to the modi�ed D2 we an de�nequite a lot of new disussive onnetives, inluding disusive negation:(¬
d
) ¬

d
p := 3¬ p .Indeed, in S5 it is easy to verify that

¬
d
p ↔ 3¬ p

↔
(

(p → p) ∧3¬ p
)

↔
(

(p → p) ∧
d
¬ p

)

.Also reversely,
(p ∧

d
q) ↔ (p ∧3q)

↔ (p ∧3¬¬ q)

↔ (p ∧ ¬
d
¬ q).Disussive onjuntion and disussive negation are thereby interde�nable onthe ground S5, hene they are losely interonneted in the modi�ed versionof D2.4. Of ourse, we have

¬¬
d
p → p

¬ p → ¬
d
p ,

p → ¬
d
¬ p ,

¬
d
¬

d
p → p .But not reversely. For in S5 we easily obtain

3p ↔ ¬
d
¬ p ,whereas

2p ↔ ¬¬
d
p ,

↔ ¬
d
¬

d
p . J.P.


