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Quantifying Human Engagement 
into Playful Activities
David Reguera1,2, Pol Colomer-de-Simón1, Iván Encinas3, Manel Sort3, Jan Wedekind3 & 

Marián Boguñá1,2*

Engaging in playful activities, such as playing a musical instrument, learning a language, or performing 
sports, is a fundamental aspect of human life. We present a quantitative empirical analysis of the 
engagement dynamics into playful activities. We do so by analyzing the behavior of millions of players 
of casual video games and discover a scaling law governing the engagement dynamics. This power-
law behavior is indicative of a multiplicative (i.e., “happy- get-happier”) mechanism of engagement 
characterized by a set of critical exponents. We also find, depending on the critical exponents, that 
there is a phase transition between the standard case where all individuals eventually quit the activity 
and another phase where a finite fraction of individuals never abandon the activity. The behavior that 
we have uncovered in this work might not be restricted only to human interaction with videogames. 
Instead, we believe it reflects a more general and profound behavior of how humans become engaged in 
challenging activities with intrinsic rewards.

Humans are deeply captivated to try new experiences that eventually become pleasant daily routines. �e enjoy-
ment of playing a musical instrument, speaking foreign languages, sports or hobbies, are all activities that for 
full enjoyment require some time investment and training experience that eventually pay o�. One interesting 
question is how humans get engaged and come to love these activities, which o�er both a challenge as well as an 
intrinsic reward. What is the training or learning process and how does it a�ect their level of enjoyment? How can 
we measure and quantify fun?

Before the new era of modern technology, answering this type of question relied on the accumulated knowl-
edge obtained from qualitative observations of single individuals made in di�erent conditions by di�erent observ-
ers. �is makes it very di�cult to extract general laws of human behavior. �e widespread use of the Internet 
and the world-wide connectivity that it provides is changing this picture radically and fast. For the �rst time in 
human history, it is possible to monitor human actions on an unprecedented large-scale, allowing us to uncover 
precise and quantitative laws of human behavior1–3. Nowadays, we have the ability to measure, with impressive 
precision, our mobility patterns4,5, our musical tastes6,7, or the way in which ideas spread and crystallize across 
populations8,9, providing us with a very accurate picture of some of the key aspects of human behavior at the large 
scale10–13.

Fostered by the widespread outburst of smart phones and tablets, one of the most popular current amuse-
ments are casual video games. �ese are games with simple rules and game dynamics that can be played in brief 
bursts in a casual way, e.g. during breaks or daily commuting. Some of these games, like Candy Crush Saga (the 
�agship game of King Digital Entertainment), have reached outstanding popularity. As of the fourth quarter of 
2018, King’s games were played by 268 millions monthly active players, with millions of players playing many mil-
lions of levels every day in Candy Crush Saga alone14. Hence, they are an ideal platform for studying how humans 
become engaged in a rewarding activity.

�ere is a vast literature on measuring video game engagement and enjoyment. However, most of these stud-
ies are based on (1) surveys with a moderate number of individuals15–18, (2) physical measures of physiological 
metrics on players while they are playing19, or (3) studies of psychological motivations18,20–22. In this paper, it is 
not our intention to enter into the psychological, motivational, behavioral, or social aspects of video game playing 
nor criticize the standard psychometric, behavioral or physiological metrics, or questionnaire-based evaluation 
of engagement performed on a limited number of individuals (typically aware to be subject of study) and short 
time span. Our work is radically di�erent as it approaches the problem from a data-driven point of view by ana-
lyzing the real behavior of a large population of individuals as they play the game. In some of the games we have 
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analyzed, we follow the individual behavior of a cohort of 10 million players during a period of two years. �is 
astonishing amount of data allows us to quantify empirically users’ engagement vs progression in a way that has 
not been possible before the big data era. Besides, our analysis reveals a scaling law that is universal –across many 
di�erent games, player segmentation, or countries– with profound theoretical implications.

Speci�cally, we show that the progression, engagement, and quitting of players in casual games can be ana-
lyzed and simulated using a simple stochastic model. �e level of enjoyment and engagement of a fun activity, like 
a video game, can be measured and shows a common scaling behavior described by a power-law as a function 
of the progression in the game. �is result suggests that enjoyment, like popularity, wealth, and many other phe-
nomena, is a multiplicative process23–26: the more you are into it, the more engaged you become. Our empirical 
�ndings have interesting implications not only for casual games but also for generic engagement dynamics into a 
variety of di�erent activities, re�ecting a global trend of human behavior.

Results
Casual games. Many typical casual games, like Candy Crush Saga, pose a linear sequence of levels that a 
player can access one by one as the previous level is successfully completed (see Fig. 1). Players start the game at 
level 1 and progress level by level in an increasing manner. At each level, the player must achieve a prede�ned 
goal to pass it (e.g. collect a speci�c number of candies or reach a certain score) using a limited number of moves, 
resources, or time. Each attempt to pass a level can be successful, meaning that the player passes that level and 
can play the next one, or unsuccessful. Alternatively, the player can become tired or frustrated at some point 
and decides to quit the game. Each level always involves randomness, either in the initial con�guration or in the 
dynamics. �is makes it natural to model game dynamics as a stochastic process27,28.

To model player progression and experience in the game, we use two general indicators: one to quantify 
the total time spent in the game and another one to measure the progression within the game. In casual games, 
the real-time activity (i.e. how o�en and for how long the person plays the game) is not a good measure of the 
actual time spent in the game. �is is so because these games are very o�en played in short breaks or free time, 
which is unpredictable and not controlled by the player. Instead, we use the accumulated number of attempts as 
activity-independent measure of the total “time” spent in the game. �e maximum level achieved a�er a given 
number of attempts is an indicator of game progression, i.e., on how far a player is in the game (see Fig. 1b). With 
this strategy, we monitor the actual progression of players in the game decoupled from their real-world activity.

For these games, the dynamics of game progression can be modeled in a very simple way using Continuous 
Time Random Walks (CTRW)29,30, as described in detail in the Supplementary Information (SI). In our model, 
we assume that all players can be considered as identical and independent. When a player reaches a new level, 
there are two competing random processes taking place simultaneously: (1) the random number of attempts 
required to pass that level, τp, and (2) the random time, measured in number of attempts, that the player takes to 
get bored or frustrated and decides to abandon the game, τa. For a given level, the �nal fate of the player depends 
on which of these random times is shorter. If τp < τa, the player passes the level and jumps to the next one; other-
wise the player quits the game. �ese two times are assumed to be statistically independent random variables with 
probability density functions t( )n

pψ  and t( )n
aψ . In short, ψ t( )n

p  controls the time that the player would take to pass 
level n if he/she were not allowed to abandon the game. Similarly, ψ t( )n

a  de�nes the time the player would take to 
abandon the game if level n were impossible to pass (without the player knowing it). In the simplest version of the 
model, pass and abandon times at level n are taken to be Poisson point processes and, therefore, their probability 
density functions are31

Figure 1. (le�) Map of the linear sequence of levels of a saga game. Players start at level 1 and take a di�erent 
number of attempts to pass each level, progressing until eventually they decide to abandon the game. (right) 
Typical trace of the progression of a player measured as the highest level achieved a�er a total number of 
accumulated attempts.
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where t n( )p  and t n( )a  are the average time to pass or abandon at level n, respectively. In the SI �le, we show that 
although this assumption is not totally correct, deviations from the exponential hypothesis only occur in around 
0.1% of the observed abandon and pass times. With this choice, t n( )p  and t n( )a  are the main ingredients of the 
model. Speci�cally, t n( )p  is a measure of the relative di�culty (or relative cost) of that particular level, whereas t n( )a  
is a measure of the engagement of a player at that particular level. Both times can be easily measured for an arbi-
trary dataset as (see Methods) 

=
−

=t n
t n

p n
t n

t n

p n
( )

( )

1 ( )
and ( )

( )

( )
,

(2)
p

p
emp

c

a
p
emp

c

where t n( )p
emp  is the empiric mean time to pass level n, and pc(n) the probability to churn at that level. �e empiric 

time to pass t n( )p
emp  is just the average number of attempts needed by players that passed level n to pass it. �e 

churn probability pc(n) is the total number of players that abandoned at level n divided by the total number of 
players that played level n. We consider that a player has abandoned the game when the player shows no activity 
during the remaining of the observation time window. Consequently, the estimation of pc, and so of ta, depends on 
the observation time window of the dataset. In the SI �le, we report estimations of ta for the same cohort of players 
by increasing the total observation window from 60 to 600 days. �e abandon time nicely collapses into a clean 
power law as we increase the size of the window.

Measuring engagement.  Figure 2 shows an example of the average abandon and pass times of the di�erent 
levels of a game, along with the behavior of the survival probability of players in the game as a function of the 
level and attempts, respectively. �e data corresponds to a week cohort of 11,836,502 players of Candy Crush Saga 
game playing on the Facebook platform starting on 2014 and followed for 2 years.

�e empirical data reveal a very interesting behavior for the abandon time, t n( )a . A�er an initial number of 
levels, typically 10–20, where the player is discovering the game (or the activity) and deciding whether he/she likes 
it or not, the engagement follows a power-law behavior of the form t n n( )a ~ α, with an exponent α around 1.1 (�e 
value of the exponent for most analyzed games is in the range [1.0, 1.5]. In short datasets there is small plateau for 
high levels, consequence of the �nite time window of observation and the end of content e�ect (see Fig. S5)). As a 
consequence of such fast growth rate, players behave very di�erently depending on their progression throughout 
the game, suggesting a “happy-get-happier” mechanism as a �nal explanation. �e average pass time, on the other 
hand, is an indicator of the relative di�culty of the level as perceived by a player that has reached level n by his/her 
own means. �erefore, t n( )p  is a combination of the intrinsic di�culty of the level and the learning curve of play-
ers32 and, in general, we expect it to show a convex dependency on the progression level n. Consider, for instance, 
the case of learning a musical instrument. It is clear that the Minuet in G (BWV 114) from the Notebook of Anna 
Magdalena Bach is objectively simpler than the Bach-Brahms Chaconne in D minor BWV 1004 (for the le� hand 
alone). Yet, the e�ort to learn the former (and so to advance in the progression) is perceived by a �rst-year piano 
student as higher than the e�ort to learn the latter as perceived by, for instance, the great piano player Daniil 
Trifonov. We thus expect t n( )p  to grow with n in a convex way. Our empirical analysis indicates that, indeed, this is 
the case. As a matter of fact, in the studied datasets, the average pass time a�er the �rst 10–20 tutorial levels can be 
reasonably �tted by a power law t n n( )p ~ β, with an exponent β in the range [0.1, 0.5].

Figure 2. Average abandon (in blue) and pass (in orange) times measured at each level of the game Candy 
Crush Saga from a week cohort of 11,836,502 players with install dates corresponding to the �rst week of the 
year 2014 playing on Facebook platform and followed for 2 years. �e data has been binned, plotted in double 
logarithmic scale, and �tted to power laws ~ αt n n( )a  and β~t n n( )p , obtaining the values of the exponents α 
and β indicated in the legend. (b) Simulations of the model (orange) reproduce the actual survival of players 
(blue in levels, green in accumulated attempts) within the statistical uncertainty.
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�ese scaling laws have important consequences for the global dynamics of the game. Indeed, as we show in 
the SI, there is an (in�nite order) phase transition as a function of the parameters α and β between a standard 
phase, where all players eventually quit the game, and an “enthusiastic” phase, where a �nite fraction of players 
never abandon the game. For α − β < 1, the probability of a player quitting the game at level n or higher follows 

a Weibull distribution of parameter β − α + 1, that is, S n e( ) n( 1)1

≈ µ− −β α− +
. In this standard phase, the probabil-

ity of a player to never abandon the game is zero. Instead, when α − β > 1 there is a �nite probability that players 
never abandon the game, provided that the game has in�nite content. �is probability can be computed as 
≈∞

∑ =
∞

S e t n t n( )/ ( )n p a1  (see SI for a formal proof). In this “enthusiastic” phase, the survival probability for those 
players that eventually do abandon the game follows a power law of the form Sf(n) ~ n1+β−α. �is implies that the 
higher the value of α − β the fastest Sf(n) decays, so that either players abandon the game at the beginning of the 
progression, or they keep playing forever. Interestingly, all the analyzed casual games seem to be below but very 
close to the critical point α = 1 + β so that the survival probability is well described by a Weibull distribution. 
Figure 3a shows simulation results of this phase transition as compared to the theoretical approximation for 
t n bn( )p = β, = αt n an( )a  with β = 0.4, a = 1.5, and b = 1. �e critical point αc = 1.4 and the behavior of S∞ close 
to the critical point are both very well reproduced by the theoretical approximation. Figure 3b shows the survival 
probability for �nite realizations Sf(n) below, at, and above the critical point αc. �e agreement with the theoreti-
cal predictions is remarkable.

Mimicking player progression by simulation. In our model, we make three main assumptions: (i) the 
independence of the average pass and abandon times; (ii) both times are exponentially distributed; and (iii) all 
players can be considered as statistically identical. To verify the validity of these assumptions, (i) we performed 
a detrended �uctuation analysis that veri�es that both times are truly independent (see Fig. S2); (ii) we have also 
veri�ed that the distribution of abandon and pass times of all levels are exponential to a very good approximation 
(see Fig. S3); (iii) we also show that considering all players as identical reproduces their progression and survival 
accurately. To contrast the validity of this last assumption and of the model, we simulated the progression and 
churn of a cohort of identical players using the simple stochastic algorithm described in the Methods section with 
the abandon and pass times measured for the real dataset as input. Figure 2b compares the real data with the results 
of the simulations for the survival probability in levels and attempts (i.e. the fraction of initial players still active 
a�er playing a given number of attempts or levels). �e simulations nicely reproduce the real survival (except for 
the small �nite size e�ects of the tail), showing impressively the validity of the model and of the assumption that all 
players can be considered as identical. Accordingly, the abandon time is indeed an intrinsic, di�culty-independent 
measure of the average engagement of players at that level. Hence, a remarkable aspect of the model is that it can 
measure quantitatively human engagement and how it evolves as players progress in the game.

Universal behavior. �e data for the abandon time shown in Fig. 2 for a speci�c game (Candy Crush Saga), 
clearly shows that the engagement increase as a power-law as the player gets more into the game. We repeated the 
analysis for di�erent Saga games: Farm Heroes, Papa Pear, Candy Crush Soda and Pyramid Solitaire (see Fig. 4). 
�ese games are very di�erent in terms of genre (e.g. Candy Crush is a match-three swapping tile game; Papa Pear 
is a physics based bouncing game; Pyramid is a card solitaire), targeted audience, graphics, mechanics and design. 
Astonishingly, all of them exhibit a common power law behavior of engagement, showing that this evolution of 
the engagement into a fun activity may be universal. �e same happens when we analyzed data corresponding to 
players from di�erent continents, platforms and periods of time (see Fig. S4).
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Figure 3. Numerical simulations of the phase transition. Le�, red squares are results of numerical simulations 
of the probability of a realization to never end as a function of α for a �xed value of β. We use the algorithm 
described in the methods section with = βt n bn( )p , = αt n an( )a  with β = 0.4, a = 1.5, and b = 1. Solid line is the 
approximate analytic solution derived in the SI. Notice the smooth approach to the critical point coming from 
the right, as a consequence of the transition being of in�nite order. Right, survival probability of �nite 
realizations below (α = 1), above (α = 3.4), and at the critical point (α = 1.4). Finite realizations are de�ned as 
those ending at n < nmax with nmax = 107. Other values of nmax do not change the results signi�cantly. Dashed 
lines are the analytic predictions.
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Discussion
We have seen that it is possible to quantify and model progression and churn of a playful activity or habit, like a 
videogame, as a competition between two ingredients: relative di�culty and engagement. Our big data analysis 
of the system allowed us to �nd a very precise measure of engagement, which shows a power-law trend indica-
tive of a happy-get-happier mechanism. In this work, we have focused on the particular case of engagement in 
videogames since, to the best of our knowledge, it is the only system where the amount of available data allows 
us to elucidate sound statistical laws. However, we believe the process can be generalized to describe engagement 
in other activities: di�culty is a measure of the training cost and engagement is a measure of the reward or toler-
ance. Our model shows that a delicate balance between these two ingredients is needed to avoid early churn and 
that having a very di�cult/traumatic experience at the initial stages would lead to massive churn. In addition, 
there is an interesting phase transition controlled by the ratio of progression between di�culty and engagement 
that leads to a �nite probability that the person never abandons the activity. An interesting example is learning 
to play a musical instrument and, in general, any rewarding intellectual activity, like doing scienti�c research or 
artistic creation. Our model predicts a phase where the probability of individuals to never abandon the activity is 
non-zero. �is may seem as obvious in these cases. Indeed, a�er many years of intense training, it is very unlikely 
that a person who had reached an advanced level would stop playing the piano or doing research33. Certainly, the 
amount of content in such disciplines is, basically, unlimited and the intellectual reward of keeping doing them is 
so high that it would be highly improbable that anyone at an advanced level would quit the activity. �e impor-
tance of our framework relies precisely in its ability to explain when this behavior is possible and under what 
precise conditions. �e model could be helpful to perform a similar analysis in other �elds, to quantify tolerance 
and enjoyment and to design smooth learning procedures to facilitate for instance healthy habits (like sports) or 
to minimize early school leaving.

Methods
Empirical estimation of average abandon and pass times of individual levels. In our model, we 
assume that pass and abandon times are statistically independent random variables exponentially distributed 
according to Eq. (1). For mathematical tractability we take t as a continuous variable. �is assumption does not 
a�ect any of the conclusions of this work. �e corresponding survival probabilities, representing the probability 
that the time required to pass or abandon at level n is larger than t are: 
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�e average abandon, t n( )a , and pass, t n( )p , times cannot be measured directly from the data. �e reason is that 
abandon and pass times are unconditioned random processes, that is, t( )n

pψ , for instance, accounts for the distri-
bution of pass times at level n if players were not allowed to quit the game, which is a condition that is not meet in 

Figure 4. Comparison of mean abandon times measured in attempts of di�erent popular Saga games from 
King: Candy Crush, Candy Crush Soda, Farm Heroes, Papa Pear, and Pyramid Solitaire. In all of them, the 
abandon time, and thus the engagement, increases as a power-law a�er the initial 10–20 levels, once players 
have learnt the dynamics of the game. All data corresponds to a week cohort of installs followed for 2 years. Data 
from Candy Crush and Pyramid Solitaire are from players on Facebook in the �rst week of 2014 and the week 
from 11-10-2013 to 17-10-2013, respectively; the remaining games are from all platforms and the �rst week of 
installs in 2017.
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a real dataset. Instead, the empirical observables are: the churn probability at level n, pc(n), de�ned as the number 
of players that churned at level n divided by the total number of players that reached that level; and the empirical 
pass time, t n( )p

emp , de�ned as the average time to pass level n for those players that actually passed the level (and, 
therefore, did not churn).

In the model, churn probability can be evaluated as the probability that the time to abandon level n –whatever 
value it takes– is smaller than the time to pass it. In mathematical terms this is simply expressed as 

∫ ψ τ τ τ= Ψ =
+

.
∞

p n d
t n

t n t n
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Similarly, t n( )p
emp  can be evaluated mathematically in the model as 
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By inverting the last two equations, we obtain 
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relating the parameters of the model t n( )p  and t n( )a  with two quantities that can be directly measured in empirical 
datasets, namely t n( )p

emp  and pc(n).

Stochastic simulations of player progression and churn. To simulate the model, we only need as 
input information about t n( )p  and t n( )a , i.e. the average time to pass or abandon at level n, respectively. In the sim-
ulations, for each player starting at t = 1 at level n = 1, we perform the following steps34: 

 1. Being at level n at time t, generate two random numbers r1 and r2, uniformly distributed between (0, 1).
 2. Use these random numbers to calculate the time to pass that level as t n r( )lnp p 1τ = −  and the time to 

abandon that level as t n r( )lna a 2τ = − .
 3. If τp ≤ τa the player jumps to level n + 1, time is advanced to t + τp, and go to step 1.
 4. If τp > τa the player churns at time t + τa at level n.

�e whole procedure is then repeated for another player up to a total of N1 players that are used to evaluate the 
survival curves. �e survival curves are calculated as the fraction of the initial number of players that survived 
up to a given total number of attempts or levels. �e validation of the model was performed using the average 
abandon and pass time measured from the real dataset and represented in Fig. 2a. An excellent agreement was 
also obtained using the power-law �t as input for the abandon times.

Received: 4 November 2019; Accepted: 11 February 2020;

Published: xx xx xxxx

References
 1. Lazer, D. et al. Computational social science. Science 323, 721–723 (2009).
 2. Conte, R. et al. Manifesto of computational social science. Eur. Phys. J. Spec. Top. 214, 325–346 (2012).
 3. Chang, R. M., Kau�man, R. J. & Kwon, Y. Understanding the paradigm shi� to computational social science in the presence of big 

data. Decis. Support Syst. 63, 67–80 (2014).
 4. González, M. C., Hidalgo, C. A. & Barabási, A.-L. Understanding individual human mobility patterns. Nature 453, 779–782 (2008).
 5. Song, C., Qu, Z., Blumm, N. & Barabási, A.-L. Limits of predictability in human mobility. Science 327, 1018–1021 (2010).
 6. Buldú, J. M., Cano, P., Koppenberger, M., Almendral, J. A. & Boccaletti, S. �e complex network of musical tastes. New J. Phys. 9, 172 

(2007).
 7. Celma, Ò. Music Recommendation. In Music Recommendation and Discovery: �e Long Tail, Long Fail, and Long Play in the Digital 

Music Space, 43–85 (Springer Berlin Heidelberg, Berlin, Heidelberg, 2010).
 8. Centola, D. �e spread of behavior in an online social network experiment. Science 329, 1194–1197 (2010).
 9. Bakshy, E., Hofman, J. M., Mason, W. A. & Watts, D. J. Everyone’s an in�uencer: Quantifying in�uence on Twitter. In Proceedings of 

the Fourth ACM International Conference on Web Search and Data Mining, WSDM ’11, 65–74 (ACM, New York, NY, USA, 2011).
 10. Barabási, A.-L. �e origin of bursts and heavy tails in human dynamics. Nature 435, 207–211 (2005).
 11. Rybski, D., Buldyrev, S. V., Havlin, S., Liljeros, F. & Makse, H. A. Scaling laws of human interaction activity. Proc. Natl. Acad. Sci. 106, 

12640–12645 (2009).
 12. Brockmann, D., Hufnagel, L. & Geisel, T. �e scaling laws of human travel. Nature 439, 462–465 (2006).
 13. Liljeros, F., Edling, C. R., Amaral, L. A. N., Stanley, H. E. & Åberg, Y. �e web of human sexual contacts. Nature 411, 907–908 (2001).
 14.  Activision Blizzard Announces Fourth-Quarter 2018 and Financial Results. Available at: https://investor.activision.com/news-

releases/news-release-details/activision-blizzard-announces-fourth-quarter-and-2018-�nancial.
 15. O’Brien, H. L. & Toms, E. G. What is user engagement? A conceptual framework for de�ning user engagement with technology. 

Journal of the American Society for Information Science and Technology 59, 938–955 (2008).
 16. O’Brien, H. L. & Toms, E. G. �e development and evaluation of a survey to measure user engagement. Journal of the American 

Society for Information Science and Technology 61, 50–69 (2010).
 17. Ho�man, B. & Nadelson, L. Motivational engagement and video gaming: a mixed methods study. Educational Technology Research 

and Development 58, 245–270 (2010).
 18. Olson, C. K. Children’s motivations for video game play in the context of normal development. Review of General Psychology 14, 

180–187 (2010).

https://doi.org/10.1038/s41598-020-60742-8
https://investor.activision.com/news-releases/news-release-details/activision-blizzard-announces-fourth-quarter-and-2018-financial
https://investor.activision.com/news-releases/news-release-details/activision-blizzard-announces-fourth-quarter-and-2018-financial


7SCIENTIFIC REPORTS |         (2020) 10:4145  | https://doi.org/10.1038/s41598-020-60742-8

www.nature.com/scientificreportswww.nature.com/scientificreports/

 19. Wiebe, E. N., Lamb, A., Hardy, M. & Sharek, D. Measuring engagement in video game-based environments: Investigation of the user 
engagement scale. Computers in Human Behavior 32, 123–132 (2014).

 20. Yee, N. Motivations for play in online games. CyberPsychology & Behavior 9, 772–775 (2006).
 21. Przybylski, A. K., Rigby, C. S. & Ryan, R. M. A motivational model of video game engagement. Review of General Psychology 14, 

154–166 (2010).
 22. Ferguson, C. J. & Olson, C. K. Friends, fun, frustration and fantasy: Child motivations for video game play. Motivation and Emotion 

37, 154–164 (2013).
 23. Yule, G. U. A mathematical theory of evolution, based on the conclusions of Dr. J. C. Willis, F.R.S. Philos. Trans. R. Soc. B Biol. Sci. 

213, 21–87 (1925).
 24. Simon, H. A. On a class of skew distribution functions. Biometrika 42, 425 (1955).
 25. Price, D. D. S. A general theory of bibliometric and other cumulative advantage processes. J. Am. Soc. Inf. Sci. 27, 292–306 (1976).
 26. Barabási, A. Emergence of scaling in random networks. Science 286, 509–512 (1999).
 27. Gardiner, C. W. Handbook of stochastic methods, 2nd edn. (Springer, Berlin, 1985).
 28. van Kampen, N. G. Stochastic processes in chemistry and physics (North Holland, Amsterdam, 1981).
 29. Montroll, E. W. & Weiss, G. H. Random walks on lattices. II. J. Math. Phys. 6, 167–181 (1965).
 30. Weiss, G. H. & Rubin, R. J. Random Walks: �eory and Selected Applications. Adv. Chem. Phys. 52, 363–505 (1982).
 31. Cox, D. R. Renewal �eory (Methuen, London, 1967).
 32. Ritter, F. & Schooler, L. �e learning curve. In International Encyclopedia of the Social & Behavioral Sciences, 8602–8605 (Elsevier, 

2001).
 33. Arkes, H. R. & Blumer, C. �e psychology of sunk cost. Organizational Behavior and Human Decision Processes 35, 124–140 (1985).
 34. Erban, R., Chapman, S. J. & Maini, P. K. A practical guide to stochastic simulations of reaction-di�usion processes. arXiv:0704.1908.

Author contributions
D.R., P.C., J.W. and M.B. designed the research. P.C. and I.E. acquired and analyzed data. D.R., P.C. and M.B. 
performed research. All authors discussed the results. D.R., P.C. and M.B. wrote the paper and all authors checked 
the writing of the manuscript.

Competing interests
�e authors declare no competing interests.

Additional information
Supplementary information is available for this paper at https://doi.org/10.1038/s41598-020-60742-8.

Correspondence and requests for materials should be addressed to M.B.

Reprints and permissions information is available at www.nature.com/reprints.

Publisher’s note Springer Nature remains neutral with regard to jurisdictional claims in published maps and 
institutional a�liations.

Open Access This article is licensed under a Creative Commons Attribution 4.0 International 
License, which permits use, sharing, adaptation, distribution and reproduction in any medium or 

format, as long as you give appropriate credit to the original author(s) and the source, provide a link to the Cre-
ative Commons license, and indicate if changes were made. �e images or other third party material in this 
article are included in the article’s Creative Commons license, unless indicated otherwise in a credit line to the 
material. If material is not included in the article’s Creative Commons license and your intended use is not per-
mitted by statutory regulation or exceeds the permitted use, you will need to obtain permission directly from the 
copyright holder. To view a copy of this license, visit http://creativecommons.org/licenses/by/4.0/.
 
© �e Author(s) 2020

https://doi.org/10.1038/s41598-020-60742-8
https://doi.org/10.1038/s41598-020-60742-8
http://www.nature.com/reprints
http://creativecommons.org/licenses/by/4.0/

	Quantifying Human Engagement into Playful Activities

	Results

	Casual games. 
	Measuring engagement. 
	Mimicking player progression by simulation. 
	Universal behavior. 

	Discussion

	Methods

	Empirical estimation of average abandon and pass times of individual levels. 
	Stochastic simulations of player progression and churn. 

	Figure 1 (left) Map of the linear sequence of levels of a saga game.
	Figure 2 Average abandon (in blue) and pass (in orange) times measured at each level of the game Candy Crush Saga from a week cohort of 11,836,502 players with install dates corresponding to the first week of the year 2014 playing on Facebook platform and
	Figure 3 Numerical simulations of the phase transition.
	Figure 4 Comparison of mean abandon times measured in attempts of different popular Saga games from King: Candy Crush, Candy Crush Soda, Farm Heroes, Papa Pear, and Pyramid Solitaire.


