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The equivalence problem for context-free grammars is “given two arbitrary grammars, do
they generate the same language?” Since this is undecidable in general attention has been
restricted to decidable subclasses of the context-free grammars. For example, the classes of
LL(k) grammars and real-time strict deterministic grammars. In this paper it is shown that
the equivalence problem for LL-regular grammars is decidable by reducing it to the
equivalence problem for real-time strict deterministic grammars. Moreover, we show that the
LL-regular equivalence problem is a special case of a more general equivalence problem
which is also decidable. Our techniques can also be used to show that the equivalence
problem for LR-regular grammars is decidable if and only if the equivalence problem for
LR(0) grammars is decidable.

1. INTRODUCTION

Questions of whether or not two grammars belonging to a family of grammars
generate the same language have been extensively studied in the literature. These
problems are called equivalence problems, and if there exists an algorithm which
gives an answer to this question for each pair of grammars of this family then the
equivalence problem for this family of grammars is said to be decidable. Otherwise
the problem is said to be undecidable. For example, the equivalence problem for the
family of regular grammars is decidable. On the other hand, the equivalence problem
for the family of context-free grammars is known to be undecidable.

The equivalence problem is open for various classes of grammars which generate
deterministic languages. For simple deterministic and LL(k) grammars the problem
has been solved. In this paper we study the equivalence problem for the class of LL-
regular grammars and languages. The class of LL-regular grammars is obtained from
the class of LL(k) grammars by allowing regular look-ahead instead of finite look-
ahead, cf. Jarzabek and Krawczyk [9], Nijholt [11-13] and Poplawski [17] for
results on LL-regular grammars and languages. The class of LL(k) grammars is
properly included in the class of LL-regular grammars and the class of LL(k)
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languages is properly included in the class of LL-regular languages. The class of LL-
regular languages contains languages which are not deterministic.

It will be shown that the equivalence problem for LL-regular grammars is
decidable. Apart from extending the known result for LL(k) grammar equivalence to
LL-regular grammar equivalence we obtain an alternative proof of the decidability of
LL(k) equivalence. From [22] we understand that the equivalence problem for LL-
regular grammars has been studied before, but not solved. Our proof that this
equivalence problem is decidable is simple. However, this is mainly because we can
reduce the problem to the equivalence problem for real-time strict deterministic
grammars, which is decidable, see Oyamaguchi et al. [16] and Ukkonen [19].

The method which we use can also be used for more general classes of grammars.
In this way we are able to show that the equivalence problem for real-time strict
deterministic grammars with regular look-ahead is also decidable. Moreover, we
obtain the result that the equivalence problem for LR-regular grammars (cf. Culik
and Cohen {2|) is decidable if and only if the equivalence problem for LR(0)
grammars is decidable.

Preliminaries

We assume that the reader is familiar with Aho and Ullman [1] or Harrison [4].
.For notational reasons we review some concepts.

A context-free grammar (CFG for short) is denoted by the quadruple
G=(N,X,P,S), where N consists of the nonterminal symbols, £ consists of the
terminal symbols, N X = ¢ (the empty set); NU X is denoted by V (elements of V'
will be denoted by X, Y and Z; elements of V'* will be denoted by a, §, 7, ¢ and w).
We use ¢ to denote the empty word. The elements of X* will be denoted by x, y, z
and w. The set P of productions is a subset of N X V* (notation 4 — a if (4, @) is in
P) and S € N is called the start symbol of the grammar.

We have the usual notation =, =, and =, for derivations, leftmost derivations and
rightmost derivations, respectively. The superscripts + and * will be used to denote
the transitive and the reflexive-transitive closures of these relations

For any string ¢ € V* define

L(a)={wE Z*|a== w}.

The language L(G) of a CFG is the set L(S). Two grammars G, and G, are said
to be equivalent if L(G,) = L(G,).

For any string a € V* we use a® to denote the reverse of a. If L is a set of strings
then LR = {(w®|w € L}. If @ € V* then |a| denotes the length of a. For any o € V*
and nonnegative integer k we use k: a to denote the prefix of a with length k if
|a] > k and otherwise k: a denotes a. A production A4 — € is called an e-production; a
CFG without e-productions is called an e-free grammar.

A CFG G=(N,Z,P,S) is said to be right linear if each rule is of the form
A—-uBor A—u, with 4, BEN and u € 2'*. A subset L of Z* is said to be regular
if there exists a right linear grammar G such that L(G) = L.
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For any set Q, a partition = of Q is a finite set of mutually disjoint subsets of Q
such that each element of Q is in one of these subsets. The elements of a partition are
called blocks or equivalence classes. If two elements x and y belong to the same block
B € 7 then we write x =y (mod 7).

DEeFINITION 1.1. Let 7= {B,, B,,..., B,} denote a partition of Z*, where X is a
finite set, into n blocks. Partition 7 is said to be a regular partition of Z* if all the
sets B, are regular. Partition 7 is a left congruence (right congruence) if for any
strings x, y and z in Z*, x =y (mod ) implies zx = zy (mod 7) (xz = yz (mod 7)).

A partition n’ = {B!, B},..,B,,} is a refinement of a regular partition 7=
{B,,B,,.., B,} of £* if each B, of x is the union of some of the blocks of n’. It is
well known that every regular partition of a set Z* has a refinement of finite index
which is both a left and a right congruence (which we call a congruence for short)
(see Hopcroft and Ullman [8]).

In the forthcoming sections it is assumed that the grammars under consideration
are reduced, that is, for each X € V there exists a derivation

S5 aXBE w

for some a, € V* and w € X'*, There exists an algorithm (cf. Aho and Ullman [1]
or Harrison [4]) which produces for each context-free grammar an equivalent
context-free grammar which is reduced.

We recall the definitions of strict deterministic and real-time strict deterministic
grammars (cf. Harrison and Havel [5, 6)).

DEfFINITION 1.2. Let G=(N, X, P, S) be a CFG and let y be a partition of V.
Partition y is called strict if

() ZEwy,and

(ii) For any 4, A’EN a, , '€ V* if A>af and A’ —» aff’ are in P and
A=A" (mod y), then either:

(a) both 8,8 #¢and 1:=1: (mody), or
(b) f=f' =cand 4=4".

Now a grammar G = (N, %, P, S) is called strict deterministic if there exists a strict
partition of V.,

In general, a strict deterministic grammar can have more than one strict partition
of V. Let y, and y, be two partitions of V" with induced equivalence relations =, and
=,, respectively, then y, <y, if and only if =, © =,. The partitions form a semi-
lattice with this ordering and under the meet-operation. In Harrison and Havel [5] an
algorithm is given which computes the minimal strict partition of a strict deter-
ministic grammar.

A strict deterministic grammar G = (N, Z, P, S) with minimal strict partition y is
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called a real-time strict deterministic grammar if it is ¢-free and for all 4, 4’, B,
B'E€N;a,fEV* if A>aB and A’ > aB'f are in P, then 4 =A4' (mod y) implies
f=e

2. THE EQUIVALENCE PROBLEM FOR GRAMMARS WITH LOOK-AHEAD

One way to generalize definitions of classes of deterministically parsable grammars
is to let the decisions in the parsing process of these grammars be determined by
look-ahead. This look-ahead may be finite or regular. Finite look-ahead is for
instance used in the definitions of LL(k) and LR(k) grammars. Moreover, in Friede
[3] finite look-ahead has been used in connection with strict deterministic grammars.
Regular look-ahead is used in the definitions of LL-regular and LR-regular
grammars. In Culik and Cohen {2] it has been shown how to convert an LR-regular
grammar into an LR(0) grammar. In this section we will introduce regular look-
ahead for strict deterministic and real-time deterministic grammars. Then it will be
shown how the equivalence problems for these grammars with look-ahead can be
reduced to the equivalence problems for strict deterministic and real-time strict deter-
ministic grammars. In the following section we will study LL-regular grammars as a
special case of the (reai-time) strict deterministic grammars with regular look-ahead.

The generalization which we give here for (real-time) strict deterministic grammars
conforms the generalizations in {14] for finite look-ahead. We use the following
notation. Let G=(N,Z,P,S) be a CFG and let 7= {B,,B,,...,B,} be a regular
partition of Z*. For any a € V'*,

BLOCK(a) = {B, € n|L(a) N B, # ¢}.
DeFINTION 2.1. A CFG G=(N, X, P, S) is strong SD(n), where 7 is a regular
partition of Z'*, if there exists a partition y of V= N\ X such that
(i) Zew.
(ii) For any w,,w,€EX* 4, A’EN; o, f, ', w,, w, EV* with A =4’
(mod y) and derivations
(@) S=wdw, =, wafw,,
(b) S=fwAd'w,=>, w,af'w,,
the condition

BLOCK (8w,) NBLOCK (8'w,) # ¢

always implies that either

(1) both 5,8’ #¢and 1:f=1:6" (mody), or
(2) B=p =cand 4=4".
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A strong SD(n) grammar G = (N, X, P, §) with a minimal partition y is now
called strong real-time SD(r) if G is ¢-free and the following condition is satisfied:

For all 4, B, A’, B'€N and o, € V*, if A >aB and A’ —» aB'f are in P with
A=A' (mod y) then if

%
S— w,Adw,= w,aBw,,
L L

*
! ’
S=—L—> w,A W, == w,aB'fw,,

and
BLOCK(Bw,) N BLOCK(B'fw,) # ¢, (*)

then f=e.

Clearly, the real-time strict deterministic grammars are a special case (no look-
ahead) of this definition. Notice that because of () B =B’ (mod y).

We now show that the equivalence problem for strong real-time SD(7) grammars
is decidable. We start with a strong real-time SD(z) grammar and convert it into a
real-time strict deterministic grammar. The conversion will be done in such a way
that two strong real-time SD(n) grammars are equivalent if and only if their
associated real-time strict deterministic grammars are equivalent. It is known that this
latter problem is decidable (cf. [16, 19]).

Let G= (N, X, P, S) be any CFG without ¢-productions and let = = {B,, B, ..., B,,}
be a regular partition of Z*, Without loss of generality we may assume that 7 is a left
congruence and that B,={e}. It follows that »* = {Bf, Bf...,BX} is a right
congruence. Then 7* defines the states and the transitions of a (deterministic) finite
automaton M, = (Q, Z, 4, q,), where

Q is the set of states, @ = 144, @, ees 91}
g, € Q is the initial state,

Z is the input alphabet,

0: @ X X — Qs the transition function

and ¢ satisfies
B} = {w| (g, w) = q;}

for 0ign.
Now let p, be a symbol not in Q and let L be a special symbol. Define a grammar
G,=(N', 2", P, S") as follows:
N' ={S'"}U(@XNXQ),
Z=(QU{p )X (ZU{LhxQ,
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and P’ contains productions

(i) S"-[po LpllpSg,] forall pe Q.

(i) If A—>X, X, X, is in P then [pAq]— [pX,p\|[p\ X2 p,] --- | P,-1X,q]
is in P’, for any p, ¢, py,....p,_, in Q such that if X; € X, then &(p;, X;)=p,_,, for
l<j<rif X, €Z then é(p,,X,)=p and if X, € X, then d(q, X,)=p,_,.

We can reduce grammar G, . Throughout this paper, whenever we use the subscript
7 then we refer to the grammar which is obtained with this construction.
Let G and G, be as above. Define a homomorphism p: V'* - V* by
p([poLp]=c¢ for every p € Q,
o({pXq)=X foreachp,g€ Q and X € V.

The proofs of the following three claims are straightforward and therefore omitted.

Claim 2.1. For any [rXs]| € V' and y € Z'*, if [rXs]|=* y, then (s, p()*)) =r.
Clearly, this claim can easily be extended to an arbitrary string a = [rX,s,]
[, X;8;,] -+ [sp-1X,$,] in V'* If a=*y, where y € Z'*, then (s, p(y*)) =r.

Claim 2.2. For any [pXq|€ V', if
| pXq)==> arYs,][s,2¢] B

for some string a[rYs,|[s,Zt] B in V'*, then 5, =5,.

Claim 2.3. For any [pXq|€ V' and w' € V'* if [pXg]j=Fw' in G_ then
X=Fp(w') in G.

From Claim 2.3 it is immediately clear that L(G) = p(L(G,)), where we have
extended the definition of p to sets of strings.

Claim 24, For any w,xEX'*, [pXg]| €V’ and w E V'*, if

S’:—t-> w| pXq] w:t> wx

in G,, then p(x) E B,, where B, is a block of partition = = {B,, B,,..., B,}.
Proof. From Claim 2.1 it follows that d(g,, p(x*)) = p. Hence, p(x) € B,. 1

LEMMA 2.1. If G is an e-free strong SD(n) grammar then G is an ¢-free strict
deterministic grammar.

Proof. We show that if grammar G is (e-free) strong SD(x) for a strict partition
w, then G is strict deterministic for a partition y’ of ¥’ which is defined as follows:

i) ey, {S'tey'.
(iil) For any p, p’, q, rin Q and A, A’ EN, [ pAq|=[p’A’r] (mod y') if and
only if p=p’ and 4 =4’ (mod y).
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By definition, 2’ € y'. Notice that for every pair of productions with left-hand side
S' condition (ii) of Definition 1.4 is satisfied. Now consider nonterminals [ pAq| and
[pA’r] in N’ with A =A' (mod y). We may assume that G, is reduced. Therefore
there exist a, 8, B/ € V'*; w,, w,, x,y EX'* and w,, w, € ¥'* such that

S’ :t:’ w,| pAq} @, ——? w,afw,,
S’ =j> w, | pA'r] W, == wyof w,,

are derivations in G,.
From Claim 2.3 it follows that we have derivations

S ==>p(w) Ap(@,) == p(w,) ple) p(fe>,),

S == p(wy) A'ple;) == p(w,) p(@) P(B',),

in G. From Claim 2.2 and Claim 2.4 we may conclude that BLOCK(p(fw,))N
BLOCK (p(8'w,)) # ¢. Since G is SD(n) it follows that either
i) 1:p(8), 1:p(B’')+¢€ and 1:p(B)=1:p(f’) (mod ), or
(i) p@B)=p')=candAd=4".
It follows that either
(i)' 1:8,1:f'#¢cand 1:f=1:8" (mod y'), since we can write 1:8 = [sX,¢,]
and 1:8' = [sX,,] for some s, ¢, and ¢, in Q and X, = 1:p(f) and X, = 1:p(f’); or
(it)) B=p" =¢ and since we have [ pdg] > a and [pAr]— a it follows that
q=r.
This concludes the proof that v’ is a strict partition. [
LEMMA 2.2. If G is a strong real-time SD(n) grammar then G, is a real-time
deterministic grammar.

Progf: From Lemma 2.1 it follows that G, is a strict deterministic grammar for
partition y’. Obviously, G, is e-free. Now consider productions | pAg| - a[rBq] and
[pA’q']| > alrB’s] B in P’ with A=A4' (mody). We have to show that f=e¢.
Consider derivations

S’ =>t w [ PAq] w, :L> w,alrBq) w,,

s’ —_j_i> wy[pA'q’] Wy = wya[rB's] fw,
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in G,. It follows that for CFG G we have derivations

S=j> p(w) Ap(w,) == p(w, @) Bp(w,),

S == p(w;) A'p(@,) == p(w0) B'p(fe,).

Since G is strong real-time SD(n) and since BLOCK(Bp(w,))BLOCK
(B'p(Bw,)) #+ ¢ (notice that block B, is in the intersection), we must conelude that
B =B’ (mod y) and p(B) = ¢. It follows that § = ¢, which had to be proved. §

Now consider two ¢-free grammars G, and G, which are strong (real-time) SD(=n,)
and strong (real-time) SD(xn,), respectively. Here n, and n, are regular partitions of
the same set T*. Then G, and G, are both strong (real-time) SD(n) with respect to
the regular partition

n={B|B,NB,=B,B+#¢,B,En,BEm)

For m we can construct the sequential machine M, and the (real-time) strict deter-
ministic grammars G! and G2. Clearly, if L(G,) = L(G,) then L(G!) = L(G2) and if
L(G,) # L(G,) then L(G})# L(G?). It follows that we have reduced the equivalence
problem for strong (real-time) SD-regular grammars to the problem for (real-time)
strict deterministic grammars.

Any real-time strict deterministic grammar can be converted into an equivalent
real-time deterministic pushdown automaton (cf. Harrison [4]) which accepts with
empty stack. In Oyamaguchi, Honda and Inagaki [16]| the decidability of the
equivalence problem for these automata has been shown.

COROLLARY 2.1. The equivalence problem for strong real-time SD(n) grammars
is decidable.

In the following section it will be shown that each strong LL-regular grammar is a
strong real-time SD-regular grammar. It is well-known that strong LL-regular
grammars can generate nondeterministic languages. The language L = |{a"b*a",
a*b"c"|n> 1, k> 1} is an example of a language which is not real-time strict deter-
ministic but it is deterministic. Moreover, L is a strong real-time SD-regular
language.

Culik and Cohen {2] use a slightly different method than is presented here to
convert an LR-regular grammar into an LR(0) grammar. Clearly, the argument
which we have above holds for LR-regular grammars as well. That is, we have the
following proposition:

ProposITION 2.1. The equivalence problem for LR-regular grammars is
decidable if and only if the equivalence problem for LR(0) grammars is decidable.
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3. THE EQUIVALENCE PROBLEM FOR LL-REGULAR GRAMMARS

We start this section with the definition of LL-regular grammars (Nijholt [12],
Poplawski [17]).

DEFINITION 3.1. Let G=(N,Z,P,S5) be a CFG and let n={B,, B,,..,B,} be
a regular partition of Z*. Grammar G is an LL(n) grammar if, for each w, x,
yEZX* a,y, € V* and 4 € N, the conditions
(i) S=Fwda=, wya=>}wx,
(i) S=}Fwda=, woa =} wy,
(ili) BLOCK(ya) N BLOCK(da) # ¢
always imply that y = 4.

Notice that if BLOCK(ya) "BLOCK(da) # ¢ then there exist strings x € L(ya)
and y € L(da) such that x =y (mod n).

A CFG G is called LL-regular if it is LL(rn) for some regular partition 7 of Z'*,
Notice that a grammar G is LL(k) if G is LL(zn,) for the regular partition

7= {{u}|u € X* and|u| < k}
U
Huw|we ¥} |u € LX),

where Z* is the set of all words over X with length .
As in the case of LL(k) grammars it is possible to define strong LL-regular
grammars.

DEefINITION 3.2. Let G=(N, X, P, S) be a CFG and let = {B|, B,,...B,} be a
regular partition of X*. Grammar G is a strong LL(n) grammar if, for each w,, w,,
X VEX* a,, a,, y, € V* and 4 € N, the conditions

1) S=Ffwda, =, wya, =>Fwux,

(i) S=Fwda, =, wda, =/} w,,
(iii) x=y (mod 7),
always imply that y = 4.

The class of LL-regular grammars properly includes the class of strong LL-regular
grammars. However, the language families coincide. In Poplawski [17] a transfor-
mation can be found which converts any LL-regular grammar into an equivalent
strong LL-regular grammar. Hence, without loss of generality we may assume that
the LL-regular grammars which are considered here are strong.

The language

L = {aa"ba*"b, ba"ba*", aa"ba"a, ba"ba"b | n > 0}
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is an example of a nondeterministic language which is LL-regular (cf. [12]).
Language

L = {a"b*a", a*b"c" |n> 1,k > 1}

is an example of an LL-regular language which is not a real-time deterministic
language.

The equivalence problem for LL(k) grammars is decidable (cf. Rosenkrantz and
Stearns [18], Aho and Ullman [1] and Olshansky and Pnueli [15]). From [22] we
understand that the equivalence problem for special subclasses of the LL-regular
grammars has been considered. Here we show that the equivalence problem for LL-
regular grammars is decidable.

Let G be an LL-regular grammar. The method which is given in [1] for eliminating
g-productions from an LL(k) grammar can easily be modified in order to obtain the
result that for every LL-regular grammar we can find an equivalent ¢-free LL-regular
grammar. This method for the elimination of e-productions may require a change in
partitions. It transforms an LL(x) grammar into an LL(n’) grammar where 7’ is
defined by

n'={{e}} U {aB|a € X and B € n}.

As mentioned above we my assume that the LL-regular grammars under
consideration are strong.

THeOREM 3.1. If G is an e-free strong LL-regular grammar, then G is a strong
real-time SD-regular grammar.

Proof. Let G=(N,Z,P,S) be an efree strong LL(x) grammar, where 7 is a
regular partition of Z*. We show that G is a strong real-time SD(n) grammar for
partition y = {Z'} U {{4}| A € N}. Without loss of generality we may assume that 7
is a left congruence. Now consider two derivations

*
S=w,Adw, = w,afw,,
L L

*
S=>L sz’wzﬂL w,af'w,

with 4 = 4’ (mod y) and BLOCK (fw,) " BLOCK('w,) # ¢. From the definition of
v it follows that 4 =A4'. Clearly, if BLOCK(fw,) "BLOCK(f'w,)+ ¢ then
BLOCK(afw,) "BLOCK(af'w,)# ¢ and since G is strong LL(m) we have that
afi=af’ and the conditions (1) and (2) of Definition 2.1 are trivially satisfied. It
remains to verify that the real-time condition is satisfied. Therefore consider A, B, A’,
B'€N and a, f€V* with A »aB and A’ > aB'f in P, A=A’ (mod y) and
derivations
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*
S== wAdw, => w,aBw,,
L L

*
S = w,A'w, == w,aB'fw,
L L

with BLOCK (Bw,) " BLOCK(B'w,) # ¢. However, since 7 is a left congruence we
obtain that BLOCK (aBw,) " BLOCK (aB'fw,) # ¢. Since G is strong LL(7) and
since A =A' it follows that aB = aB'f, that is B=B’ and f=¢. Hence, G is a
strong real-time SD-regular grammar. [

From Corollary 2.1 and Theorem 3.1 we may now conclude:

CoROLLARY 3.1. The equivalence problem for LL-regular grammars is decidable.

It is natural to ask whether it is possible to convert LL-regular grammar G to an
LL(1) grammar G, . The conversion which is given in Culik and Cohen [2] yields for
each LR-regular grammar G an LR(0) grammar G . Therefore it is not necessary to
develop a parsing method for LR-regular grammars since the methods for LR(0)
grammar can be used.

Unfortunately the conversion which we use here does not necessarily yield an
LL(1) grammar. This has been one of the reasons to introduce a direct parsing
algorithm for LL-regular grammars (cf. [12]). In [13] a method has been given
which converts an LL(n) grammar G into an LL(1) grammar G’ such that
L(G,)< L(G'). Here G, is the grammar which is obtained from LL(xn) grammar G
with the method described above. If we were able to obtain from LL(z) grammar G
an LL(1) grammar G’, with L(G')=L(G,) then we should have reduced the
equivalence problem for LL-regular grammars to the (decidable) equivalence problem
for LL(1) grammars. In the following example we show that our method does not
necessarily produce an LL(1) grammar.

ExaMPLE 3.1. Consider CFG G with production set
S - A4D,
A—ad|b,
D-alb.

Grammar G is LL(n) for partition n= {{¢},aZ*, bX*}. Partition 7 is a left
congruence. For #n* = {{¢}, Z*a, £*b} we have the sequential machine which is
displayed in the following table. The numbers in this table denote the states of the
machine.

o R
N —
NI —
N —
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With our method we obtain the following grammar G_:

[150]~ [141]{1D0]  |1A1]- [1a1][141]
[150]~ [142][2D0]  [142] - [1a1][142]
[280] - [241][1D0]  [141]- [1a2][241]
[250) - [242][2D0]  [142] - [1a2][242]
[1D0] - [1a0) [241] - [2b1]
|2D0] - [ 260} [242) ~ [2b2]

It is easily verified that G, is not LL(k), k > 0. Another example for which it can be
shown that the method does not produce an LL(k) grammar is the class of grammars
which generate the languages in the well-known Kurki-Suonio hierarchy of LL(k)
languages. That is, for each k>0, when the method is applied to the LL(k + 1)
grammar G

S —aSA|ad,
A - b*d|blc,

then for each left congruence = such that G is LL(n) we have that the resulting
grammar G is not an LL-grammar.

It is an open problem whether a conversion can be given, based on LL(n) grammar
G and sequential machine M, such that G, is an LL(1) grammar. It should be
mentioned that the example grammars which are given above yield LL(1) languages.

CONCLUDING REMARKS

The class of LL(k) grammars is a proper subclass of the class of LL-regular
grammars. Therefore we have obtained a new method for deciding LL(k) grammar
equivalence. Our method is completely different from other methods. However, we
have to use a very strong result on the equivalence of real-time deterministic
pushdown automata. Since the class of LL(k) languages is properly included in the
class of LL-regular languages our result is more general than the results on LL(k)
language equivalence.

The results in Section 2 have merely been given to provide the framework in which
the equivalence problem for LL-regular grammars fits. Therefore we have not
discussed properties of languages which can be generated by strong reai-time SD-
regular grammars. Looking at the results from the point of view of the equivalence
problem of strict deterministic grammars then we see that, contrary to the situation
for real-time strict deterministic grammars, we can allow productions of the form
A—->oaB and A’ > aB'f with A =4’ and f+# e. However, in these cases we have
restrictions on the strings which can be generated by B and B’ respectively.
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